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Köln, 2016

Berichterstatter:

Prof. Dr. Markus Braden
Prof. Dr. Joachim Hemberger

Vorsitzender
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25.01.2016

”La frustration fait bouger le monde.”
Fred Vargas [1, p. 17]
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Chapter

1

Motivation
In order to increase the functionality of technical devices, there is ongoing research for materials with sophisticated properties. Especially the coupling between
electric and magnetic properties in a material, known as the magnetoelectric effect,
has the potential to improve today’s technology [3]. The effect was predicted
already in the 19th century [2] but its application was hindered in the last century
by the low number of available materials and the weakness of the effect [4]. The
recent discovery of spin-induced ferroelectricity in TbMnO3 showed that frustrated
magnets are ideal systems to develop a giant coupling between magnetic and
electric order [5].
In magnetic oxides, frustration can arise due to competing magnetic exchanges
and anisotropies. Common examples are systems with geometric frustration or
competing nearest- and next-nearest neighbor exchanges [6, p. 173ff]. The frustration destabilizes the magnetic order which can subsequently be modulated even
by the intrinsically weak magnetoelectric effect [7]. As a result, these systems
show spectacular cross-coupling effects, such as magnetically induced polarization
flops [8] and giant magneto-capacitance [9].
Systems in which a complex magnetic structure directly induces a ferroelectric polarization generated great interest [10]. These multiferroic systems with coexisting
antiferromagnetic and electric order develop per definition a strong coupling of both
orders. Neutron scattering is an experimental technique which is perfectly adapted
to study antiferromagnetic materials. It has been a valuable tool to understand
the microscopic properties of these interesting materials [11, 12, 13]. The aim of
current research is to find novel multiferroic and magnetoelectric materials and
to understand the various underlying microscopic origins that can lead to such
effects [14].
In this thesis, experimental data on four different transition-metal oxides was
gathered and evaluated. Their magnetic properties were investigated by neutron

9

1. Motivation
scattering on single crystalline samples. In order to study the magnetic structure,
the critical behaviour and the dynamics of the systems, several different scattering
techniques were applied. The observations contributed to a better understanding of
the underlying physics. This work contains two introductory and four experimental
chapters which are organized as follows:
Chapter 2 introduces the recent developments concerning the magnetoelectric
effect and multiferroic materials. The focus is on multiferroics whose ferroelectric
polarization is induced by a spin-spiral structure via the inverse DzyaloshinskiiMoriya effect [15, 16], and on the first observations of electromagnons: hybridized
phonon-magnon excitations.
The experimental technique of neutron scattering is presented in Chapter 3. The
basics of nuclear and magnetic scattering are briefly summarized, followed by an
overview of the use of neutron polarization analysis. The different experimental
techniques applied in this work are introduced.
TbMnO3 , which is discussed in Chapter 4, is a prototype material for spin-induced
multiferroics. In this material, the spiral order of Mn-moments accounts for the
induced ferroelectricity [5]. The sequence of magnetic phase transitions and the
correlation of the magnetic moments were investigated. The spin dynamics in the
multiferroic phase were studied in detail and a spin-wave model was developed
which can describe the full magnon dispersion. In addition, the magnetic excitation
spectrum in the multiferroic high-field phase is analyzed and the influence of the
rare-earth ion on the excitation spectrum is discussed.
Another prototype multiferroic is MnWO4 , which is presented in Chapter 5.
A complex spin-spiral of Mn-moments induces an electric polarization in this
system [17]. The properties of the sequence of magnetic phase transitions were
investigated in detail. The use of polarized neutrons in combination with applied
magnetic fields allowed to observe ferroelectric fluctuations in the dielectric phase.
Furthermore, the excitation spectrum in the multiferroic phase is presented.
Chapter 6 presents a comprehensive study of the magnetic phase diagram of
NaFe(WO4 )2 . The double tungstate is isostructural to MnWO4 and it could be
demonstrated in this work that the system develops a similar spin-spiral structure.
In a magnetic field applied along ~b, the structure transforms into a collinear
antiferromagnetic structure.
Finally, Chapter 7 presents studies on the ilmenite Ni0.42 Mn0.58 TiO3 . In this
material, the linear magnetoelectric effect was observed in the absence of a longrange magnetic order [18]. It could be shown, that two competing orders are
coexistent in the spin-glass phase and that the antiferromagnetic domains can be
controlled by the application of crossed magnetic and electric fields. Furthermore,
the magnetic excitations in the spin-glass phase were investigated and compared
to spin-wave simulations.
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2

Magnetoelectric and multiferroic
materials

The fundamentals of electricity and magnetism, and
in particular their interaction, are stated in Maxwell’s
equations from 1865 [20]. In condensed matter, these
two phenomena are separated due to their distinct origin: electric charges on one hand, and spins on the other
hand. While there are many materials in which one of
these effects can be observed, materials with coexisting
or coupled order are rare.
Figure 2.1 sketches the distribution of electric (red) and
magnetic (green) properties in the material class of insulating oxides, indicating regions of polarizability and
ferroic order. Multiferroic materials are materials at Figure 2.1.: Classification of magthe intersection of ferromagnetism and ferroelectricity. netic and electric properties in inMaterials showing a coupling of magnetism and elec- sulating oxides. Rounded squares
tric properties, i.e. the magnetoelectric effect, which correspond to materials being elecis indicated by a white region, span over four different trically polarizable (PE), magnetically polarizable (PM), ferroelectric
intersections.
(FE)
and ferromagnetic (FM). InIn this chapter, an overview is given of the magnetospired from Ref. [19].
electric effect and the class of multiferroic materials.
The focus is on the materials investigated in this work,
which positions are indicated in Fig. 2.1 as a star (TbMnO3 and MnWO4 ) and a
triangle (Ni0.42 Mn0.58 TiO3 ).
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2.1. The magnetoelectric effect
The term ”magnetoelectric (ME) effect” denotes in general the coupling between
magnetic and electric properties in matter. In times of a booming digital industry
with increasing demand for electronic storage and computing capacity, this effect
opens possibilities for novel applications [21]. The interest in this field of research
increased enormously since the beginning of the new century [7], revitalized, among
others, by the observation of a giant ME effect in TbMnO3 in 2003 by Kimura
et al. [5]. A detailed overview of the recent revival of the ME effect is given in
Ref. [7].
The first reference of the ME effect can be traced back to Pierre Curie in 1894, who
pointed out the possibility of such an effect on the basis of symmetry considerations [2]. But the effect was not experimentally observed before 1960, when Astrov
reported a linear ME coupling in Cr2 O3 [22], which has been theoretically predicted
by Dzyaloshinskii [23]. Since then, a variety of materials has been discovered,
spanning over the complete region denoted in Fig. 2.1.
Following the phenomenological approach by Landau, the ME effect can be de~ H)
~ of a material [24]. Differentiation of F with
scribed by the free energy F (E,
~ or H
~ leads to the polarization and magnetization:
respect to E
~ H)
~ = − ∂F = Pis + 0 ij Ej + αij Hj + 1 βijk Hj Hk + γijk Hi Ej + ...
Pi (E,
∂Ei
2

(2.1)

~ H)
~ = − ∂F = Mis + µ0 µij Hj + αij Ei + βijk Ei Hj + 1 γijk Ej Ek + ... (2.2)
Mi (E,
∂Hi
2
~ s are the spontaneous polarization and magnetization, ij is the electric
P~ s and M
and µij the magnetic susceptibility and 0 and µ0 are the electric and magnetic
constants. The tensor susceptibility αij describes the linear magnetoelectric effect,
i.e. the induction of an electric polarization by a magnetic field and of a magnetization by an electric field. The linear effect is accompanied by higher order
terms, characterized by the tensors βijk (bilinear ME effect) and γijk (quadratic
ME effect). In the following, we will focus on the linear effect, omitting higher
order terms.
The linear ME effect is only observed in few materials, and its limitation can be
understood by a symmetry analysis. Electric and magnetic polarization behave
differently on time reversal and spatial inversion operations. The electric polarization, given by an electric dipole, is invariant under time reversal and changes
its sign under spatial inversion. The case for the magnetization can be visualized
when expressing the magnetic moment by small current loops. These are invariant
under spacial inversion, but change their current direction under time reversal.
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This implies, that the linear ME tensor αij can only be non-zero for a material
which simultaneously breaks both time reversal and spacial inversion.
The symmetry constraints given above limit the number of magnetic groups in
which the linear ME effect is possible. One can deduce, that the effect is excluded
for all dia- and paramagnets, as their magnetic space groups contain the time
reversal operator 10 . Furthermore, the magnetic space group cannot posses a center
of symmetry 1̄. Overall there are 58 magnetic points groups, which allow for the
linear magnetoelectric effect, summarized in Ref. [25, p. 138]. The magnetic point
group of the system determines the shape of the ME tensor, e.g. the existence of
diagonal and off-diagonal terms.
A detailed study of the microscopic origin of the magnetoelectric effect in ordered
magnetic compounds was published in Ref. [26]. These are crucial in order to
understand the strength of the effect and to be able to design materials suiting
technical applications. In general, the effect can be described as a perturbation of
an external field, modulating a microscopic exchange or anisotropy parameter. As
an example, the electric field can move ions relative to its ligands, modulating the
ions anisotropy or exchange path. The relevant interactions discussed to induce
the ME effect are (in order of strength): the single-ion anisotropy, the symmetric
superexchange, the antisymmetric superexchange, dipolar interactions and the
Zeeman effect [26]. Technical applications based on the ME effect strongly depend
on the strength of the effect. In the compounds that are known until now, the
effect is relatively weak. It could be shown that an important limitation exists for
the size of the ME tensor [27]:
2
αij
< ii µjj .

(2.3)

This upper boundary of αij is given by the geometric mean of the materials magnetic and electric susceptibilities. The chances to observe a strong ME coupling
are thus increased for materials which develop strong ferroelectric and magnetic
order.

2.2. Multiferroic materials
The limitation of the linear magnetoelectric effect, given by Eq. 2.3, shows that
materials with simultaneous ferroelectric and magnetic order are best suited to
exhibit strong ME effects. The term multiferroic used by Schmid in Ref. [28] is
now widely recognized for this group of materials (ferroelectromagnets was also
used in earlier publications [29]). In its initial formulation, this term is used to
state the coexistence of at least two types of ferroic ordering, i.e. ferroelectricity,
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ferromagnetism and ferroelasticity. In a broader context, also ferri- and antiferromagnetic order along with ferrotoroidal order are included in the term. The
multiferroic materials investigated in this work, TbMnO3 and MnWO4 , show the
coexistence of ferroelectric polarization and antiferromagnetic order.
It is indicated in Figure 2.1 that the magnetoelectric effect is not necessary a
property of a multiferroic material. This is for example the case for the widely
studied room-temperature multiferroics BiFeO3 and BiMnO3 . It can be explained
by the distinct microscopic origin of both ordering types in these materials [10].
The first multiferroic material, in which both ferroic orderings were observed
simultaneously in the absence of magnetic and electric field, was Ni3 B7 O13 I in
1966 [30]. There are two aspects that explain the difficulty of having magnetism and
ferroelectricity together in the same phase. On one hand, the system has to obey
specific symmetry restrictions, similar to the ME effect. The space group of the
system must simultaneously break time reversal and spacial inversion symmetry, in
order to allow for both ordering types (see Ref. [31] for a comprehensive discussion
of symmetry aspects for multiferroic materials).
On the other hand, magnetic order and ferroelectricity have a distinct microscopic
origin. Most ferroelectric materials are transition-metal oxides with perovskite
structure, where the metal ion is in the center of an oxygen octahedron. For metals
with an empty d-shell, a covalent bonding with an oxygen atom is often favored in
order to reduce binding energy [32]. The metal ion then shifts toward an oxygen
atom which induces an electric dipole moment. In materials with such an electron
configuration, it is not possible to develop a magnetization because all electron
shells are either full or empty and the electron spins cancel out each other .
Magnetic ordering is a common feature of perovskite transition-metal oxides and
arises in general from the intrinsic spin of localized electrons. In contrast to
ferroelectricity, it requires metal ions with partially filled shells. The outcome of
this incompatibility of ferroelectricity and ferromagnetism is often referred to as
d0 -rule [4].
In the following, we will describe different types of multiferroic materials, with
a strong focus on systems in which a spiral magnetic structure directly induces
ferroelectric polarization. Two chapters in this work are dedicated to materials
belonging to this group, namely TbMnO3 and MnWO4 . A more detailed distribution of multiferroic materials of all types can be found in References [33] and [6, p.
288ff].
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2.2.1. Classification of multiferroics
The multiferroic materials can generally be classified into two groups, following the
approach by Khomskii [34]a . The first group, called type-I multiferroics, contains
materials in which magnetism and ferroelectricity have a distinct origin. BiFeO3 is
a famous example of this group, with a multiferroic phase at room temperature.
In this case, the two ordering types can be attributed to different ions, yielding a
weak ME interaction [36].
The second group, type-II multiferroics, covers materials in which one type of
ordering directly induces the other, leading to an intrinsically strong ME coupling.
TbMnO3 was the first type-II material to be found in 2003 in the group of
Kimura [5]. Magnetic and electric order are coexistent and their origins are
coupled. The magnetically ordered state induces an electric polarization and thus
causes ferroelectricity.
These multiferroics of spin origin are known to exhibit strong magnetoelectric
effects. This renders this class of materials interesting to study for the reason of
both fundamental physics and technical applications in spin-related electronics [37].
There exist many comprehensive reviews about the spin-induced ferroelectrics,
among them References [14] and [38].
Common for all multiferroics of spin origin is the fact that the magnetic structure
breaks the inversion symmetry, which is a necessary condition for the development
of a spontaneous ferroelectric polarization. The major underlying microscopic
mechanism for this effect, which were study up to today, can be classified belonging
to one of three models: (a) exchange striction model, (b) inverse DzyaloshinskiiMoriya (DM) model and (c) spin-dependent p-d hybridization model [14]. We
will shortly present the main idea of the models (a) and (c) and focus in the next
section on the inverse DM model (b).
The ferroelectricity in model (a) can be attributed to the symmetric spin exchange
~i and S
~j , and is of the form
interaction Jˆij between neighboring spins, S
~i · S
~j ) .
(a) P~ij ∝ Jˆij (S

(2.4)

The interaction can induce striction along a specific crystallographic direction, yielding a net ferroelectric displacement of ions. A famous example is the commensurate
spin chain ↑↑↓↓ along an alternating lattice with A and B-sites. This structure
breaks the inversion symmetry. A modulation of the strength of antiferromagnetic
(AFM) and ferromagnetic (FM) exchange leads to a variation of bond-lengths,
inducting oriented electric dipoles [6, p. 297]. This can occur in systems with
magnetic chains of alternating valences, which is the case for Ca3 CoMnO6 [39].
a

Artificial multi-layer compounds are excluded from this consideration. The interested reader is
referred to a dedicated review article such as Ref. [35].
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There are also single-valence systems, where the FM and AFM interactions are
modulated by the bond-angle of the superexchange. An example is the E-type
magnetic phase of the RMnO3 series, where R stands for a rare-earth ion [40].
The exchange-striction model is independent of the spin-orbit coupling (SOC) and
consequently exceeds in most systems the magnitude of the other models.
The spin-dependent p-d hybridization model is based on the SOC, similar to the
inverse DM model. The connecting vector ~rik between a spin at site i and its
ligand at site k can be modulated by the spin-dependent hybridization [41, 42].
The resulting polarization points along the direction of the bond and is of the
form:
~i · ~rik )2~rik .
(c) P~ik ∝ (S

(2.5)

2.2.2. Ferroelectricity in spiral magnets
The inverse DM model (b) explains the appearance of spin-induced electric polarization in systems of spiral order. According to Khomskii, most type-II multiferroic
materials known by date show this effect [6, p. 293]. A spiral spin order is formed
in frustrated magnets, materials in which the magnetic ground state is highly
degenerated and thus has a complex magnetic structure. The degeneracy can be
due to competing FM and AFM exchange interaction or geometrical properties
that forbid simultaneous minimization of the interaction or anisotropy energies.
The competition of interactions leads to the development of a complex long-range
ordering of magnetic spins, which can be commensurate or incommensurate relative
to the crystallographic unit cell.
The induced ferroic displacement in spin-spirals can be related to the relativistic
spin-orbit coupling, and is of the form:
~i × S
~j ) .
(b) P~ij ∝ ~rij × (S

(2.6)

Microscopically this effect was explained in terms of the spin-current [15], which
implies a purely electronic displacement, and in terms of the inverse DM interaction [16], yielding a displacement of ions. This expression was also derived phenomenological from the thermodynamic potential of spiral magnets by
Mostovoy [43]. The DM interaction (also referred to as antisymmetric or anisotropic
exchange) results from a relativistic correction of the superexchange interaction
~ ij (S
~i × S
~j ) [23, 44]. The situation is sketched in Figure 2.2.
and is of the form D
~ at sites i and i interact via an oxygen ion. When the bridging ion
Two spins S
is displaced from the equilibrium position, the system can reduce its energy by a
canting of spins. If the neighboring spins are already canted, which is generally
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Figure 2.2: Sketch of antisymmetric superex~i and S
~j with conchange between two spins S
necting vector ~rij via a bridging oxygen ion. The
Dzyaloshinskii-Moriya-vector follows the condition
~ ij = ~rij × ~x.
D

the case for spin-spirals, then the inverse effect can arise, namely a displacement
of oxygen ions away from the equilibrium position [16].
The development of a net ferroelectric polarization strongly depends on the form
of the spin spiral. While in a helical spiral, where the spins rotate in a plane
perpendicular to the propagation vector, the displacements macroscopically cancel
out to zero, in a cycloid spiral, with spins rotating in a plane parallel to the
propagation direction, the displacements occur along the same direction resulting
in a net electric polarization [34].
Prominent examples which belong to this subgroup of type-II multiferroics, are
TbMnO3 [5], Ni2 V3 O8 [45] and MnWO4 [17, 46, 47]. In all these compounds, the
development of a spin-spiral of cycloid type coincides directly with the onset of
a ferroelectric polarization. The close coupling leads to colossal magnetoelectric
effects, e.g. it was shown that the electric polarization can be suppressed or flopped
by applied magnetic fields. For example in TbMnO3 , the induced ferroelectric
polarization flops from Pc to Pa in magnetic fields parallel to ~a and ~b [8]. The flop
coincides with a flop of the spin spiral [48]. Polarized neutron analysis turned out
to be a valuable tool to prove the coupling of spin-spiral and polarization. For
example it could be demonstrated, that an applied electric field can align and
flip the spiral domains [49, 50] and the hysteresis and switching behaviour of the
spin-spiral could be investigated [51, 52].
It was mentioned before, that the induced ferroelectricity in this type of multifer~ ·S
~ in
roics is based on the spin-orbit coupling. It can be written as HSO = λL
~
the LS scheme, which applies for most transition-metal oxides [53, p. 35], with L
being the orbital momentum. The spin-orbit constant is proportional to the atomic
numberb . In transition-metals with 3d electrons, SOC is generally weak and enters
the Hamiltonian of the systems only as perturbation. Nevertheless, it can play a
significant role in frustrated system leading to the fascinating multiferroic phases,
as discussed above.

b

For hydrogen-like atoms λ ∝ Z 4 is valid. The dependency is more complex for solids and is
closer to λ ∝ Z 2 [53, p. 35].
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Figure 2.3: Sketch of zone center
magnon modes of a cycloid spin spiral
propagating along ~b. The static spin
structure is marked by gray, and the local fluctuations by colored arrows. The
modes can be separated in a rotation
around the normal vector of the cycloid ~a
(top, phason mode), around the propagation direction ~b direction (middle, cycloid
mode) and around ~c, the vector in the
cycloid plane perpendicular to ~b (bottom,
helical mode). The axis vectors show the
oscillation of the spin vector products
~i × S
~j .
S

2.2.3. Electromagnons: hybridized excitations
The close coupling of magnetic and electric properties in the spin-induced multiferroics also results in a new type of hybridized magnon-phonon modes, often
referred to as electromagnons. Katsura et al. developed a theoretical model for the
excitation spectrum in the case of a cycloid spin-spiral [54]. Following the interpretation by Senff et al. [12], Figure 2.3 sketches the different expected collective
spin excitations at the zone center for a bc spin spiral propagating along ~b. From
top to bottom, we can distinguish three different excitations, corresponding to (i)
a rotation of spins around the normal vector of the cycloid ~a, the phason mode,
(ii) a rotation around the propagation vector ~b, of the cycloid, the cycloid mode,
and (iii) along the vector ~c, which is perpendicular to the normal vector and the
propagation vector of the cycloid, the helical mode. The same expressions are used
to distinguish the different modes as in Ref. [55].
Based on the DM mechanism, represented by Eq. 2.6, it is possible to attribute
an electric character to the zone center modes. The direction of induced electric
polarization is dependent on the cross product of neighboring spins, the vector
chirality:
~i × S
~j .
~vchiral = S

(2.7)

The modulation of ~vchiral for the three modes is presented in Fig. 2.3 by colored
vectors in the coordinate system. While the phason mode has no influence on ~vchiral ,
the cycloid mode (middle) rotates ~vchiral along ~b and the helical mode (bottom)
rotates ~vchiral around ~c. From Equation 2.6, we can deduce that only the cycloid
mode modulates the direction of the ferroelectric polarization, which results in
an oscillation of P~ along ~a. The magnetic cycloid mode should thus be excited
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by an applied electric field. This mode is the Goldstone mode of the ferroelectric
transition and should possess zero energy [54, 56].
The first experimental observations of electromagnon modes in a multiferroic
material was reported by Pimenov et al. [57]. By using infrared (IR) spectroscopy
they observed two modes in TbMnO3 , which were magnetically active and could
be excited by an electric field. Later IR studies revealed two additional modes at
higher energies in the same compound [58]. The lower mode could be identified
by inelastic neutron scattering (INS) with polarization analysis to correspond
to an out-of-plane excitation at the magnetic zone center [12]. The assumption,
that this mode corresponds to the electromagnon of the DM mechanism could be
manifested by successive IR [59, 60] and INS experiments [56, 61], showing that the
electromagnon follows the orientation flop induced by magnetic fields. Another
electromagnon of DM-origin has been observed in Eu0.55 Y0.45 MnO3 [62].
The electromagnon with the strongest spectral weight, which is observed in TbMnO3
at higher energies, has to arise from a different effect. Several experimental
observations in applied field excluded an DM-origin for this mode [59,63,64,65]. In
multiferroic RMnO3 , the strongest magnetoelectric mode is always found along ~a,
independently of the orientation of the cycloid plane. Valdés Aguilar et al. were able
to explain this mode based on a modulation of the symmetric exchange [66]. The
electric field induces a structural distortion, which is associated with the rotation
of the [MnO6 ]-octahedra around ~c in RMnO3 . The distortion modulates the FM
nearest-neighbor exchanges along ~b, resulting in a rotation of spins. Instead of the
DM-electromagnon, which is a zone center mode, the Heisenberg-electromagnon
is at a finite momentum transfer ~k = 1 − ~kinc near the zone boundary [55]. The
electromagnon based on Heisenberg exchange can be much stronger than the one
of the DM mechanism [66].
Electromagnetic excitations have been observed in a series of spin-induced multiferroics (see Ref. [14] for a review) and were recently observed also in the absence
of spin-driven ferroelectricity, e.g. in CuFeO2 [67]. They enlarge the spectrum of
fascinating effects correlated to the strong magnetoelectric coupling in this group
of materials. Possible applications of this type of excitation, especially in the field
of spintronics, are discussed for example in References [68] and [69]. It was also
suggested to use the multiferroic Goldstone mode in order to deliver electricity
without energy loss and to manipulate domain walls [70].
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Chapter

3

Neutron scattering techniques

The principal experimental technique applied in this work was coherent neutron
scattering on single crystals. There are several advantages of using neutron as
projectile, in comparison to X-rays, rendering them most suitable for the study of
magnetic structures and excitations. Their weak interaction with matter allows
for complex experimental setups, the variation of scattering lengths enables the
investigation of light elements and different isotopes, their de-Broglie wavelength
can be modulated to be in the range of lattice parameters and most of all, their
intrinsic magnetic moment can interact with unpaired electron spins in matter.
The experiments presented in this work were performed at the neutron reactor
sources Institut Laue-Langevin (ILL) in Grenoble (France), Laboratoire Léon Brillouin (LLB) in Saclay (France) and Forschungsreaktor München II (FRM II) in
Garching (Germany). Different instrumental techniques were applied including
magnetic diffraction, inelastic magnetic scattering, neutron spin-echo spectroscopy
and neutron polarimetry.
In this chapter, the principal formulas for elastic and inelastic scattering on the
crystal and magnetic structure are presented, along with a brief description of
the instrumental approaches applied in this work. The focus is on techniques
using polarized neutrons, which allows to increase the information obtained from
scattering experiments.
For a comprehensive documentation of experimental neutron scattering, the interested reader is referred to dedicated literature, e.g. by Wills and Carlile [71] or by
Furrer et al. [72].
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3.1. Principal neutron scattering formulas

The first observation of antiferromagnetism was achieved by neutron diffraction
by Shull and Smart in 1949 [73], shortly after the discovery of the neutron by
Chadwick in 1932 [74]. The idea of magnetic neutron scattering originated from
Bloch, who pointed out, that the intrinsic magnetic moment of neutron and proton
are similar [75]. The scattering technique was extended by Brockhouse and Steward
in 1955 in order to also detect inelastic processes on crystal excitations [76]. In
the 70 years since then, the flux at the neutron sources was increased and the
experimental techniques were perfectionized. The theory of nuclear and magnetic
neutron scattering is presented for example in References [77] or [78], from which
the formula were taken.
The neutron is a subatomic particle of spin Sn = 1/2 (µn ≈ −1.91 µN , with µN
being the nuclear magneton), with an average vanishing electronic charge and a
rest mass of mn ≈ 1.67 · 10−27 kg. The energy of propagating neutrons is given
by E = 12 mv 2 . It is common to give different equivalent dimensions to describe
the energy of neutrons: Energy in meV, Temperature T = E/kB in K, wavelength
−1
λ = h/mv in Å and wave vector k = 2π/λ in Å . Neutrons with wavelengths in
the order of lattice parameters of crystals correspond to a temperature of about
300 K and are denoted as thermal neutrons. A conversion table for several neutron
energies is given in Appendix A.
Neutrons are scattered by the nuclei and by the unpaired electrons in the material.
The result is a superposition of nuclear and magnetic contributions, and both have
to be taken into account in order to understand the observed data.
The ratio of total scattered neutrons per time Is and incident neutron flux Itot is
denoted as cross section σtot = Is /Itot . In an experiment, only a part is covered
by the detector, given by the double differential cross-section d2 σ/dωdE, within a
given solid angle dΩ and an energy interval E to E + dE. In a scattering process,
we differ between initial state i and final state f . When the state of the scattering
system changes from λi → λf and the neutron wave vector and spin state change
from (~ki , σi ) → (~kf , σf ), the differential cross section is given by Fermi’s golden
rule:
 2 
dσ
dΩdE ~ki →~kf
X
2
1 kf  m 2 X
~kf σf λf |V |~ki σi λ0 i δ(E + Eλ − Eλ ) . (3.1)
=
p
p
h
λ
σ
i
i
i
f
N ki 2π~2 λ σ
λ σ
i i
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3.1. Principal neutron scattering formulas
In the equation, pj is the probability to find neutron or the system in the initial state
and V is the interaction potential. This is the master formula for neutron scattering
and it is valid even without the knowledge of the exact interaction between sample
and neutron [78]. It is the basis for all neutron scattering experiments.

3.1.1. Nuclear scattering
Neutrons interact with the nucleus via the strong-force interaction. The efficiency
of neutron scattering by a single nucleus is expressed by its scattering length b:
b2 = σtot /4π. The strength of the nucleus-neutron interaction depends on the
details of the nuclear structure, which cannot be related to the atomic number in
a simple way. The value of b can vary greatly between elements of similar atomic
number and even between isotopes of the same element.
The wavelength of thermal neutrons is of orders of magnitude higher than the
dimension of the nucleus, and the interaction potential of a system of N atoms at
~ l can be approximated by a delta function:
positions R
Vnuc (~r) =

2π~2 X
~ l) .
bδ(~r − R
m l

(3.2)

The proportionality factor b is called neutron scattering length and varies for
different elements and isotopes. In a material which is a composition of isotopes,
this gives rise to coherent scattering and incoherent scattering. The coherent
part shows interference effects and enables to deduce informations about the
nuclear structure. The non-interfering incoherent part arises from deviations fo
the scattering length relative to the mean value. In the following, we will focus
only on coherent scattering.
By inserting Vnuc in Equation 3.1, the differential cross section for elastic coherent
nuclear scattering can be derived:


dσ
dΩ


=
N,coh

8π 3 X
~ 2 · δ(Q
~ − ~τ ) ,
|FN (Q)|
v0

(3.3)

~
τ

~ = ~kf − ~ki and the volume of the unit cell v0 . The
with the scattering vector Q
positions of atoms in a periodic crystal can be expressed as:
~ i (t) = R
~ l + ~rj + ~ui (t) .
R

(3.4)

~ l denotes the coordinate of the unit cell, ~rj is the equilibrium position
The vector R
of the atom in the unit cell and ~ui (t) is the displacement from the equilibrium
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position due to thermal motion. The nuclear structure factor is given by:
~ =
FN (Q)

X

~

~

bj eiQ·~rj e−Wd (Q) .

(3.5)

j
~

The term e−Wd (Q) is the Debye-Waller factor, which takes into account the effect of
thermal motion of atoms on the interference pattern. The coherent nuclear Bragg
scattering can thus be derived from the calculation of the nuclear structure, which
takes into account the lattice symmetry, the position of atoms in the unit cell and
the different scattering length.

Instrumentation
With the help of Equation 3.3, it is possible to compare experimental observed
~ for a given strucintensities at nuclear Bragg positions with calculations of FN (Q)
ture. Such experiments are generally performed on powder diffractometers or,
when investigating single crystals, on four-circle diffractometers such as the D10
at the ILL [79, p. 38f]. The correct integration of intensity, which is broadened
~
in Q-space
due to a Q-dependent instrument resolution and a finite mosaicity
of the crystal is a crucial part of the experiment. In addition, extinction effects
and absorption can temper the observed intensities and have to be taken into
account [80].
The analysis of nuclear scattering intensities determined on D10 has been done
using the program FullProf [81]. In addition, a program for MATLAB [82] was
~ for the materials investigated in this work.
written to calculate FN (Q)

3.1.2. Magnetic scattering
Magnetic neutron scattering arises from the dipole-dipole interaction between the
magnetic moment of neutron and unpaired electrons in matter. The interaction
potential of a neutron in spin state ~σN and propagating electron with momentum
p~ and spin ~s can be written as follows:
"
Vmag (~r) = −γµN 2µB ~σN · ∇ ×
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~
~s × R
R3

!

~
p~ × R
+
~R3

#
.

(3.6)

3.1. Principal neutron scattering formulas
The gyromagnetic ratio γ = 1.9132 and the nuclear and Bohr magneton, µN and
µB , enter the equation. The two terms of Vmag in brackets are due to the intrinsic
electron spin and the orbital motion of the electron, respectively. Vmag is, in
contrast to Vnuc , anisotropic due to the axial symmetry of the dipole field. By
integrating Vmag in the master equation, Eq. 3.1, the elastic and purely magnetic
cross-section for an unpolarized neutron beam can be written as follows:


dσ
dΩ


=
M,coh

1 8π 3 X ~
~ − ~τM ) ,
|FM⊥ (~τM )|2 · δ(Q
Nm v0

(3.7)

~
τM

with Nm being the number of magnetic ions and ~τM = ~τ ± ~k being the reciprocal
vector of the magnetic structure. ~k is the propagation vector of the magnetic
structure and denotes its periodicity relative to the crystal structure. Finally, the
magnetic interacting vector F~M⊥ is connected to the magnetic structure factor F~M
~ˆ × F~M × Q.
~ˆ Only scattering from electron spins perpendicular to Q
~
as F~M⊥ = Q
contribute to the magnetic cross section. The magnetic structure factor is given
by:
~ =
F~M (Q)

X

~

~

fjM (Q)m
~ j eiQ·~rj e−Wd (Q) .

(3.8)

j

fjM is the magnetic form factor which describes, similarly to the atom form factor,
the distribution of magnetic moments in an atom. This leads to a decrease of
magnetic intensity at larger Q, whereas the nuclear scattering length is independent
of Q. Furthermore, the magnetic cross section is strongly dependent on the direction
~ as only the components of the magnetization
of the magnetic moments relative to Q,
perpendicular to the scattering vector account for the magnetic cross section.
When the magnetic unit cell has the same size as the lattice unite cell, magnetic
reflections are at the same position as the nuclear reflections. In this case, the
coherence between neutrons scattered by the nucleus and the magnetic moment
is of importance. Only in case of scattering from an unpolarized neutrons beam,
where the direction of neutron spins is distributed randomly, interference terms
cancel out and the absolute intensities of nuclear and magnetic scattering simply
sum up to the total intensity:
I ∝ |Ftotal |2 = |FN |2 + |FM⊥ |2 .

(3.9)
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Instrumentation
Elastic magnetic scattering can be investigated at powder diffractometers and
four-circle diffractometers, similar to nuclear Bragg scattering. The data analysis
is done by comparing experimental intensities with calculated intensities. In this
work, the program FullProf has been used to analyze nuclear and magnetic Bragg
scattering [81]. In addition, a code for MATLAB was written in order to calculate
nuclear and magnetic structure factors for the materials investigated in this work.

3.1.3. Inelastic neutron scattering
Until now, only elastic scattering processes were considered, in which no energy
is transfered, i.e. |~ki | = |~kf |. In inelastic scattering processes, two transfers
~ = ~kf − ~ki = ~q + ~τ and energy transfer
can be associated: moment transfer Q
2
~
~ω = Ei −Ef = 2m
(kf2 −ki2 ), which occur for both nuclear and magnetic scattering.
n
In this section, only the cross section for inelastic magnetic scattering we be derived.
The starting point is again the master equation for neutron scattering, Eq. 3.1.
This time, we allow also an energy transfer during the scattering process. The
double magnetic cross section for unpolarized neutrons and spin-only scattering
can be obtained as:
 2 

X
dσ
Qα Qβ
~
−Wd (Q)
2 kf 2 ~
~ ω) ,
f (Q) · e
= (γr0 )
δα,β −
S α,β (Q,
2
dΩdE M,coh
ki
Q
α,β
(3.10)
where α, β denote positions (x, y, z) and r0 is the classic radius of the electron.
The magnetic form factor and the Debye-Waller factor were already discussed.
Qα Qβ
The term δα,β − Q
is the polarization factor, which determines that neutrons
2
~ The magnetic scattering
can only couple to a magnetization perpendicular to Q.
α,β
function S
is given as:

S

α,β

X
~ ω) = 1
(Q,
2π~ j,j 0

Z∞

~ ~

~

eiQ·(Rj −Rj0 ) hŜjα (0)Ŝjβ0 (t)ie−iωt dt,

(3.11)

∞

~ j . This result for S α,β (Q,
~ ω)
with Ŝjα being the spin operator of the jth ion at site R
~ [72, p. 18]. The term
is an approximation, which is valid for modest values of Q
β
hŜjα (0)Ŝj 0 (t)i is the spin-spin pair correlation function, stating the thermal average
of the time-dependent spin operators.
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Instrumentation
Inelastic neutron scattering can be measured using a triple-axis spectrometer
(TAS). The name originates from the rotation axes of monochromator, sample and
analyzer. By a nuclear Bragg reflection at the monochromator, a specific neutron
wave vector ~ki is defined. The neutrons are scattered at the single crystalline
sample, which can be rotated within a defined scattering plane. Finally, the energy
of the scattered neutrons is analyzed by another nuclear Bragg reflection at the
analyzer. The functionality is described in detail by Shirane et al. in Ref. [83].
~ ω)-space and investiThis technique allows to individually select positions in (Q,
gate elastic and inelastic scattering processes. Using a large monochromator and
analyzer crystals, horizontal and vertical focusing, as well as curved neutron guides,
it is possible to increase the neutron flux at the sample, enabling the detection
of even small inelastic signals. Furthermore, the setup allows the investigation
under extreme sample conditions, such as high magnetic field and high pressure,
and can be equipped to allow for polarization analysis. The different polarization
techniques will be described in Section 3.2. Another interesting option is the use
of multi-analyzer systems, such as FlatCone at the ILL [84], which covers a large
solid angle. This allows for the simultaneous investigation of multiple positions in
~ ω)-space.
(Q,
The majority of experiments presented in this work were obtained at TAS instruments. A complete list is given in the appendix. The analysis of TAS data was
carried out using MATLAB, in combination with a library of programs developed
by P. Steffens [85].
Another technique used to measure inelastic neutron scattering, is time-of-flight
(TOF) spectroscopy. In direct mode, the incident neutron wavelength λi is selected
by a velocity selector. A disc-chopper separates the monochromatic beam in short
pulses, which arrive separately at the sample stage, after a delay of ∆t. The
scattered neutrons are position- and energy-dependent analyzed in a detector bank,
which covers a large horizontal and vertical solid angle. The position detection
is achieved by position-sensitive detectors, while the energy is determined by the
varying flight time of neutrons of varying energy. Within this work, an experiment
has been performed at the IN5 spectrometer at the ILL [86]. The data analysis
was done using the Horace suite for MATLAB [87].

Simulation of inelastic magnetic scattering
The dispersion of magnetic excitations obtained at INS experiments can be compared to calculations which allow for the determination of magnetic exchange
interaction and anisotropy parameters. A commonly applied model is the linear
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spin wave theory, developed by Bloch and Slater [88,89]. It treats the excitations as
perturbations of the static structure and was initially applied to collinear magnetic
structures [90].
Recently, Toth and Lake extended the linear spin wave theory for incommensurate
structures [91]. Their approach is based on work by Haraldsen and Fishman [92]
and Petit [93]. Common in all models is a generalized technique for determining
the static and dynamic properties of magnetic structures with canted spins. A
local coordinate transformation is introduced for every magnetic atom in the unit
cell. By doing so, the ground state is transformed into a state with collinear spins,
in which the spin wave spectrum can be calculated [93]. Toth and Lake extended
this model to incommensurate structures by adding an additional rotation which
takes into account the incommensurability [91].
The algorithm developed by Toth and Lake is implemented in an open source
toolbox for MATLAB, called SpinW [94]. The formalism uses the following
Hamiltonian:
H=

X
mi,nj

~mi Jˆmi,nj S
~nj +
S

X
mi

~mi Âmi S
~mi + B
~
S

X

~mi .
~gi S

(3.12)

mi

The crystallographic unit cell is indexed by m, n ∈ [1, .., L] and the magnetic atoms
~mi are spin vector operators, Jˆmi,mj
are indexed by i, j ∈ [1, .., N ]. Furthermore, S
are 3 × 3 matrices describing the pair coupling between spins, Âmi,mi are diagonal
~ is an external magnetic field and ~gi is the g-tensor.
3 × 3 anisotropy matrices, B
This matrix formalism can be used to describe isotropic exchange (diagonal matrix),
Dzyaloshinskii-Moriya exchange (antisymmetric matrix) and different anisotropy
terms. The single-ion anisotropy can be expressed as easy-axis or easy-plane with
any arbitrary orientation.
In order to solve the Hamiltonian by linear spin wave theory, one has to assume
that the fluctuations only weakly reduce the expectation value of the spin operators.
This is in general the case at low temperatures and with systems with an ordered
spin of S ≥ 3/2 [91]. The spins are expanded in terms of bosonic creation and
annihilation operators, using the Holstein-Primakoff approximation [95]. These
operators are then expressed in a rotating frame, taking into account the specific
magnetic structure. The reformulated Hamiltonian has to be diagonalized, in order
to find the eigenstates and eigenvalues, which is done by the formalism proposed
by Colpa [96]. Finally, it is possible to calculate the dynamic correlation function
~ ω), cf. 3.11. The differential neutron cross section can be derived from S(Q,
~ ω)
S(Q,
which enables to directly compare the calculation with inelastic neutron data.
An exemplary calculation will be presented in the following. We start with the
Pbnm crystal structure of LaMnO3 . We assume only a contribution of the Mn
moment, which carries a spin of S = 4/2. There are four Mn ions in the crys-

28

3.1. Principal neutron scattering formulas

Figure 3.1.: Linear spin wave calculation with SpinW [94]. (a) Sketch of a the A-type
antiferromagnetic structure with ~k = (0, 0, 0) and moments along ~b. The exchange
constants are ferromagnetic in the ab-plane, Jab = −0.4 meV and antiferromagnetic
along ~c, Jc = 0.8 meV. (b) Calculated magnon dispersion between the Bragg positions
~ 1 = (0, 1, 1), Q
~ 2 = (0, 0, 1) and Q
~ 3 = (0, 0, 2).
Q

tallographic unit cell, occupying the 4b Wyckoff site at (0, 0, 1/2). The model
of the magnetic structure is shown in Figure 3.1(a). The moments are aligned
in an A-type antiferromagnetic structure with ferromagnetic ab-planes which are
antiferromagnetically coupled along ~c. The propagation vector of this structure
is ~k = (0, 0, 0) [97]. The moments are chosen to be oriented along ~b, and
two exchange interactions are assumed, which are compatible with the magnetic
ground state: a ferromagnetic interaction in the ab-plane, Jab = −1.68 meV and
an antiferromagnetic interaction along ~c, Jc = 1.22 meV. The easy-axis anisotropy
is SIAb = 0.15 meV. These values were determined by Moussa et al. by INS
data [97]a .
The calculated magnon dispersion using the SpinW model between the Bragg posi~ 1 = (0, 1, 1), Q
~ 2 = (0, 0, 1) and Q
~ 3 = (0, 0, 2) is shown in Figure 3.1(b).
tions Q
The result corresponds perfectly to the model from Moussa et al. [97].

a

The interaction parameters in the SpinW model are increased by a factor of two, relative to
the values by Moussa et al. due to a different formalism.
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3.2. Neutron polarimetry
Neutron polarimetry, or neutron polarization analysis, denotes in general the
investigation of cross sections in dependence of incident and final neutron polarization. In the previous section, two circumstances were mentioned in which the
polarization of neutrons is crucial: (i) the interaction of the neutron spin with the
magnetic moment of the nucleus and (ii) the polarization factor which limits the
~ The use of
magnetic scattering to components parallel to the scattering vector Q.
a polarized neutron beam, i.e. a well defined quantization axis of the intrinsic spin
of the neutron, enables one to observe additional information about the scattering
system.
In the first part of this section, we will present the basic formula and concepts
which are important to follow the data analysis. More comprehensive descriptions
can be found for example in References [98] and [77]. In the second part, different
experimental techniques will be presented which are based on polarized neutrons
and, which have been used throughout this work.

3.2.1. Basic formulas
In a neutron scattering experiment with analysis of the polarization of neutrons,
one has to define a quantization axis of the incident neutron beam. The polarization
of the incident beam along this direction is defined by:
Pi =

N+i − N−i
F Ri − 1
=
,
N+i + N−i
F Ri + 1

(3.13)

with N±i being the neutron intensities parallel and antiparallel relative to the
quantization axis i. The value of Pi ranges from 0, for an unpolarized beam, to ±1,
for a fully polarized beam. The value F Ri = N+i /N−i is called the flipping ratio.
Experimentally, this is an important value, as it describes the quality of beam
polarization. Common values for F R on nowadays instruments range between 15
and 35, corresponding to a beam polarization of 88 to 94 %.
The first experimental implementation of neutron polarization analysis was achieved
by Moon, Riste and Koehler on a TAS instrument [99]. By looking at the master
equation for neutron scattering, Eq. 3.1, one can derive the behaviour of nuclear
and magnetic scattering processes along given quantization axis. For this, we look
~f |V |S
~i i. We define the
at the correlation function, which can be expressed as hS
~ as | ↑i = (1, 0) and | ↓i = (0, 1). For nuclear scattering on a single
spin states S
nucleus, the interacting potential can be reduced to Vnuc = b, with b being the
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scattering length. We can deduce the following scattering processes:
~f |Vnuc |S
~i i = bhS
~f S
~i i = b , for | ↑i → | ↑i and | ↓i → | ↓i
hS
= 0 , for | ↑i → | ↓i and | ↓i → | ↑i .

(3.14)

We can differentiate two scattering processes: non-spin-flip | ↑i → | ↑i and | ↓i →
| ↓i, and spin-flip | ↑i → | ↓i and | ↓i → | ↑i. According to Equation 3.14, purely
nuclear scattering does not affect the polarization direction of the neutron spin
and thus it occurs only in non-spin-flip processes.
The potential of the dipole-dipole interaction between neutron and electron spin
is more complex. The exact expression, given in Eq. 3.6, can be simplified to
Vmag ∝ σ̂k F~M⊥ , with the Pauli spin matrices σ̂, the index k = x, y, z and the
magnetic interaction vector F~M⊥ = (Mx , My , Mz ). The scattering processes for
magnetic scattering at a given propagation vector and a quantization axis of the
neutrons along z are:
~f |Vmag |S
~i i = Mz
hS

, for | ↑i → | ↑i

= −Mz

, for | ↓i → | ↓i

= Mx − iMy

, for | ↑i → | ↓i

= Mx + iMy

, for | ↓i → | ↑i
(3.15)

Two important rules can be derived from this simple consideration, which are valid
for magnetic scattering in general:
(i) non-spin-flip processes are sensitive only to components of the magnetization
parallel to the neutron spin,
(ii) spin-flip processes are sensitive only to components of the magnetization
perpendicular to the neutron spin.
The use of polarized neutrons thus allows for the separation of magnetic scattering
from nuclear scattering. In real systems, one has to look also at nuclear-spin
dependent processes. These processes, together with Equations 3.14 and 3.15, are
summarized in the Moon-Riste-Koehler equations [99]. They also allow for the
separation of coherent and incoherent scattering processes.
The upper description is called longitudinal polarization analysis, as incident and
final neutron polarization are along the same direction. The general case, when
incident and final polarization direction can be arbitrarily chosen, is referred to as
spherical polarization analysis. The corresponding theoretical ground work was
reported independently by Blume and Maleev [100, 101]. A detailed derivation
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was presented by Brown in Ref. [102]. It is common to define three orthogonal
polarization directions:
~
→ x is parallel Q,
→ z is vertical to the scattering plane,
→ y is perpendicular to x and z.
The advantage of this choice is the resulting form of the magnetic interacting vector:
F~M⊥ = (0, My , M z). As only magnetic scattering perpendicular to the scattering
~ occurs, this coordination system allows the separation of magnetization
vector Q
along two orthogonal directions. The components of the 36 possible cross sections
are given in Table 3.1. The different contributions to the cross sections σij , with
i, j ∈ x, y, z, x̄, ȳ, z̄ are listed. Often, one distinguishes only between spin-flip and
non-spin-flip scattering, and the notations ’iSF’ and ’iNSF’ are used to describe
the diagonal cross sections σ−i,i and σi,i , respectively.
The contributions to the polarization cross sections were separated into four parts
in Table 3.1. Nuclear scattering N N ∗ is independent of the polarization direction
of the neutron and it appears for non-spin-flip processes. The magnetic scattering
~⊥ · M
~ ∗ = My My∗ + Mz Mz∗ . In addition,
can be separated along y and z with M
⊥
there is a chiral magnetic term, which will be discussed below. The last column
contains the terms that arise from nuclear and magnetic interaction. These are
in particularly interesting to investigate antiferromagnetic domains [102]. For
~ ⊥ . This is not visible
example, a reversal of a 180°-domain changes the sign of M
∗
in the quadratic terms M M but can be measured for the interactions terms of
the form N M , when nuclear and magnetic scattering appear at the same position
in reciprocal space.
One of the magnetic terms that can be measured directly by neutron polarization
~⊥ ×M
~ ∗ )x . This term can be determined
analysis is the chiral magnetic term −i(M
⊥
for example by the subtraction of the cross sections σx̄x and σxx̄ . For a suitable
scattering geometry, this term allows the observation of the vector chirality vchiral ,
cf. Eq. 2.7. In the case of a monodomain spin-spiral, with non-zero vchiral , the chiral
magnetic term will produce a difference in both spin-flip cross sections along x. It
was mentioned in Section 2.2.2 that such spiral structures are present in specific
multiferroic materials and account for the ferroelectric polarization. The reversal of
electric polarization Pel is accompanied by a reversal of the spiral, finally resulting in
a sign-switch of vchiral . Providing a suitable scattering geometry, neutron polarization analysis can detect the sign of vchiral and thus directly link the states of Pel and
vchiral . This has been demonstrated for example by Yamasaki et al. in TbMnO3 [49].
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Table 3.1.: Scattering cross sections for spherical neutron polarization analysis. The
~ z vertical to the scattering plane and
coordinate system is chosen in a way that x||Q,
y = z × x [103].
nuclear magnetic
xx = N N

chiral magn.

nuclear magn.

∗

xx̄ =

~⊥ ·M
~∗
M
⊥

~⊥ ×M
~ ∗ )x
−i(M
⊥

x̄x =

~⊥ ·M
~∗
M
⊥

~⊥ ×M
~ ∗ )x
+i(M
⊥

x̄x̄ = N N ∗

yy = N N ∗

+2Re(My∗ N )

+My My∗

yȳ =

Mz Mz∗

ȳy =

Mz Mz∗
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+My My∗

−2Re(My∗ N )

zz = N N ∗

+Mz Mz∗

+2Re(Mz∗ N )

zz̄ =

My My∗

z̄z =

My My∗

z̄z̄ = N N ∗

−2Re(Mz∗ N )

+Mz Mz∗

2xy = 2yx̄ = N N ∗

~⊥ ·M
~∗
+M
⊥

~⊥ ×M
~ ∗ )x
−i(M
⊥

+2Re(My∗ N ) +2Im(Mz∗ N )

2xȳ = 2ȳx̄ = N N ∗

~⊥ ·M
~∗
+M
⊥

~⊥ ×M
~ ∗ )x
−i(M
⊥

−2Re(My∗ N ) −2Im(Mz∗ N )

2x̄y = 2yx = N N ∗

~⊥ ·M
~∗
+M
⊥

~⊥ ×M
~ ∗ )x
+i(M
⊥

+2Re(My∗ N ) −2Im(Mz∗ N )

2x̄ȳ = 2ȳx = N N ∗

~⊥ ·M
~∗
+M
⊥

~⊥ ×M
~ ∗ )x
+i(M
⊥

−2Re(My∗ N ) +2Im(Mz∗ N )

2xz = 2zx̄ = N N ∗

~⊥ ·M
~∗
+M
⊥

~⊥ ×M
~ ∗ )x
−i(M
⊥

+2Re(Mz∗ N ) −2Im(My∗ N )

2xz̄ = 2z̄x̄ = N N ∗

~⊥ ·M
~∗
+M
⊥

~⊥ ×M
~ ∗ )x
−i(M
⊥

−2Re(Mz∗ N ) +2Im(My∗ N )

2x̄z = 2zx = N N ∗

~⊥ ·M
~∗
+M
⊥

~⊥ ×M
~ ∗ )x
+i(M
⊥

+2Re(Mz∗ N ) +2Im(My∗ N )

2x̄z̄ = 2z̄x = N N ∗

~⊥ ·M
~∗
+M
⊥

~⊥ ×M
~ ∗ )x
+i(M
⊥

−2Re(Mz∗ N ) −2Im(My∗ N )

2yz = 2zy = N N ∗

~⊥ ·M
~ ∗ +2Re(My M ∗ )
+M
z
⊥

+2Re(My∗ N ) +2Im(Mz∗ N )

2yz̄ = 2z̄y = N N ∗

~⊥ ·M
~ ∗ −2Re(My M ∗ )
+M
z
⊥

+2Re(My∗ N ) −2Im(Mz∗ N )

2ȳz = 2zȳ = N N ∗

~⊥ ·M
~ ∗ −2Re(My Mz∗ )
+M
⊥

−2Re(My∗ N ) +2Im(Mz∗ N )

2ȳz̄ = 2z̄ȳ = N N ∗

~⊥ ·M
~ ∗ +2Re(My Mz∗ )
+M
⊥

−2Re(My∗ N ) −2Im(Mz∗ N )
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3.2.2. Experimental techniques
Since the first experiments with polarized neutrons in the 1960’s [99], several
different instrumental techniques were developed which make use of the unique
nature of the neutron. The difficultly of such instruments is the creation of a
strongly polarized beam. The strict component separation, as shown in Table 3.1
is only valid for a fully polarized neutron beam. Experimentally, this cannot be
achieved due to the limited efficiency of neutron polarizers, polarized guides and spin
flippers. This imperfection always results in the superposition of spin-flip and nonspin-flip channels, which is moderated by the instrument- and experiment-specific
flipping ratio, cf. Eq. 3.13. As an example, the experimentally observed spin-flip
1
1
cross section along x will be composed as σx̄x,edxp = (1− F R
)σx̄x + F R
·σxx,exp . The
x
x
success of a neutron polarimetry experiment thus crucially depends on an optimal
setup. A clear overview of the technological progress in neutron polarization is
presented in Reference [71].
A large part of the experimental studies presented in this work was performed
on instruments using polarized neutrons. The different approaches will be briefly
discussed in order to facilitate the understanding of the data analysis.

Longitudinal polarization analysis
This technique allows for the determination of the diagonal polarization cross
sections. The initial and final polarization of the neutrons are collinear. Experimentally, this is achieved by a set of three Helmholtz coils, which are oriented
around the sample position [104]. The neutron polarization at the polarizer and
analyzer is in general along the vertical direction. By a correct tuning of the coils,
the direction of the (small) magnetic field at the sample stage can be set along the
polarization axes x, y and z. The quantization axis of the propagating neutron
spin adiabatically follows the direction of the magnetic field. The Helmholtz setup
was used in this work in combination with the TAS instruments IN14 at the ILL
and 4F1 at the LLB.
Furthermore, this technique is initially integrated in the multi-detector spectrometer D7 at the ILL [105]. At this instrument, only the polarization of the scattered
neutrons is analyzed and thus all energies kf are integrated in the scattered intensity. The polarization geometry slightly differs from a TAS instrument: The
Helmholtz coils, which define the polarization axes x, y and z are fixed and do
~ The angle between x and the incident neutron beam is called
not depend on Q.
Schärpf-angle [106]. By the application of the x, y, z-polarization, it is possible
to separate incoherent and coherent nuclear scattering as well as in-plane and
out-of-plane magnetic scattering [105].
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Spherical polarization analysis
The experimental determination of all polarization cross sections shown in Table 3.1
requires the independent control of initial and final neutron polarization. This was
achieved for the first time at the ILL by the development of the Cryopad [107, 108].
We will briefly describe the functionality of the third-generation device, which
is presented in detail in Reference [109]. The incident and final neutron guide
fields are separated by a zero-field sample chamber. The neutron polarization
is defined outside of the chamber, enters it by conservation of its polarization
state and finally, the polarization of the scattered neutrons is analyzed outside
of the chamber. The zero-field condition is accomplished by a µ-metal shielding
and two superconducting Nb-Meissner shields, which furthermore account for the
conservation of the neutron spin state when entering the chamber. The initial and
final polarization state are set by an adiabatic change of the quantization axis in
the nutators before and after the zero-field chamber.
Neutron spin-echo spectroscopy
The complex neutron spin-echo technique is discussed in short. For a detailed
description we refer to the work edited by Mezei et al. [110]. The instrumental
approach is based on the Larmor precession of neutrons in a magnetic field, which
is perpendicular to the quantization axis of the beam. The Larmor frequency of
~ can be tuned by the applied magnetic field. A beam of
the precession ωL = −γ|H|
polarized neutrons, which not necessarily have to be monochromatic, enters a path
of constant magnetic field H in which each neutron precesses at a constant ωL .
This causes a polarization of the beam due to the variation of neutron velocities. At
the sample stage, the polarization of each neutron is reversed either by a π-flipper
or by a magnetic spin-flip process. Finally, the scattered neutrons propagate along
a path of same length and of opposite magnetic field −H. This leads to a recovery
of the polarization of the beam at the end of the path.
For elastic processes, which do not effect the neutron velocity, the full polarization
is recovered at the detector, which is called the spin-echo effect. Energy transfers
during scattering lead to a change in kf (and in vf ) which decreases the final polarization. By scanning the magnetic fields along the paths, one can directly measure
~ t) = S(Q,
~ t)/S(Q,
~ 0). This technique
the intermediate scattering function I(Q,
allows for experiments with a very high energy resolution. Within this work, experiments have been performed at the spin echo spectrometer IN11 at the ILL [111].
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Chapter

4

Electromagons in TbMnO3

The observation of ferroelectricity in TbMnO3 was the
discovery of a new group of multiferroic materials, in
aW=W5.30WÅ
TbMnO3
bW=W5.85WÅ
which a complex magnetic structure directly induces
orthorhombickWPbnmWO62e
cW=W7.40WÅ
macroscopic electric polarization [5]. TbMnO3 has become a reference system for this class of materials due to k=O0kW0.28kW0e
its sizable ferroelectric polarization and its large magne- Ordering Cycloid SDW
PM
mW||Wb
mWinWbc
toelectric coupling [9] and is well suited for elucidating ofWTb
FE
the magnetic excitations and the coupling mechanism
7
TOKe
42
28
for such multiferroic materials. Since 2003 more than
250 relevant publications [113] are listed proving the Figure 4.1.: Crystal parameters
high interest in this compound.
and magnetic phase transitions in
One of the strongly discussed topics are hybridized TbMnO3 [11, 112].
magnon-phonon excitations in multiferroic materials.
These were experimentally observed in TbMnO3 by infrared spectroscopy [57] and inelastic neutron scattering [12]. The microscopic
origin of these electromagnons is still under debate and several different approaches
were postulated [54, 66, 114].
In this chapter, different neutron scattering techniques were used in order to
investigate the phase transition towards the multiferroic phase and the magnetic
excitations in the multiferroic low-field and high-field phases. Polarized neutrons
were a crucial tool to probe specific properties of the magnetic system, such as its
chirality.
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Figure 4.2.: (a) Crystal structure of TbMnO3 . The orthorhombic perovskite structure
is distorted due to a tilted staggering of [MnO6 ]-octahedra along ~c. (b) The distortion
of octahedra leads to a competition of ferromagnetic nearest-neighbor interaction JF M
and antiferromagnetic next-nearest-neighbor interaction JN N in the ab-plane.

4.1. Introduction
4.1.1. Crystal and magnetic structure
TbMnO3 belongs to the series of rare-earth manganatesa RMnO3 and its structure
can be described in the orthorhombic space group P bnm. The lattice parameters
are given in Figure 4.1. The main characteristics of TbMnO3 will be discussed in
this section. For a detailed description of the crystal and magnetic structure of
the RMnO3 series, we refer to previous work [116, 117].
Figure 4.2(a) shows the structural unit cell of TbMnO3 . RMnO3 compounds crystallize in a distorted GdFeO3 perovskite structure with tilted [MnO6 ]-octahedra [118].
The distortion of the octahedra is induced by the reduced size of the rare-earth
ion. As a consequence, the symmetry of the crystal is reduced from cubic to
orthorhombic and the Mn-O-Mn bond angle changes from the linear value of 180°
in GdFeO3 to about 145° in TbMnO3 [119].
The Mn3+ has four electrons in the 3d orbitals, which loose their degeneracy in
the orthorhombic environment in the RMnO3 series and transform to t32g e1g [120].
The Jahn-Teller effect in RMnO3 leads to a staggered ordering of single-occupied
d3x2 −r2 and d3y2 −r2 orbitals in the ab-plane [120]. This results in a ferromagnetic
a

The rare-earth lanthanides in order of ionic radius are (from large to small): La, Ce, Pr, Nd,
Pm, Sm, Eu, Gd, Tb, Dy, Ho, Er, Tm, Yb, Lu [115].
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nearest-neighbor exchange in the ab-plane [119]. The coupling between the planes
along the c-axis is antiferromagnetic [119]. The exchange interactions perfectly
explain the A-type antiferromagnetic order in LaMnO3 .
The tilting of the octahedra enhances for smaller rare-earth ions. This distortion
modulates the exchanges paths in the ab-plane, which is the origin of the multitude
of different magnetic structures in this series [119, 121, 122]. Figure 4.2(b) shows
the arrangement of MnO6 octahedra in the ab-plane. The bond-angle of the
nearest-neighbor exchange JF M in the undistorted system is 180°, which renders it
ferromagnetic, following the Goodenough-Kanamori-Andersen rules [123, 124]. The
reduction of this Mn-O-Mn bond angle weakens the ferromagnetic superexchange
coupling JF M between next neighbors. In addition, the reduction of the distance
of the inner oxygen ions leads to the enhancement of the antiferromagnetic nextnearest neighbor interaction JN N in the ab-plane. This exchange is possible along
~a and along ~b but JN N is stronger along ~b due to the different staggering of oxygen
ions along both paths [119].
In LaMnO3 , the octahedra distortion is small and the moments in the ab-plane
order ferromagnetically (JF M > JN N , A-type ordering with ~kA = (0, 0, 0)). In
HoMnO3 , the distortion is large and the moments order in antiferromagnetic
stripes (JN N > JF M , E-type ordering with ~kE = (0, 0.5, 0)) [119]. In the region
of intermediate rare-earth ion size, the system is strongly frustrated between both
ground states when JF M . JN N which is the case for R = Tb, Dy. As a result,
the Mn-moments order in an incommensurate structure with propagation vector
~k = (0, qk , 0) and 0 < qk < 1/2 [119].
In TbMnO3 , the Mn-moments order at TN =42 K in an A-type longitudinal spindensity wave (SDW) with a propagation vector of ~kic = (0, qk , 0) [125]. Applying
Bertaut’s representation theory for the space group P bnm and ~kic , one can derive
that the magnetic structure can be described by four irreducible representations,
which correspond to four modes A, C, F and G [126]. These modes lead to different
~ = (h, k, l) follow the extinction
superstructure Bragg reflections. The reflections Q
conditions [127]:
A-mode: h + k =even, l =odd, F-mode: h + k =even, l =even,
C-mode: h + k =odd, l =even, G-mode: h + k =odd, l =odd.
In the SDW-phase, the value of the incommensurability is qk ≈ 0.28 and the structure can be described by a single irreducible representation Γ3 = (Gx, Ay , Fz ) [127].
Neutron diffraction data in this phase could be refined using only the A-mode
~ SDW = (0, Mb cos(~kic · ~r), 0) with
along ~b, and ordered moment is of the form M
Mb = 2.9 µB [11]. Upon further cooling, the incommensurability decreases slightly
until about 31 K where a quasi-lock-in at a value of qK ≈ 0.276 sets in [128]. A
model of the magnetic structure is shown in Figure 4.3(a).
At TF E = 28 K, a second magnetic transition occurs. In this phase the magnetic
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order corresponds to an elliptic cycloid still modulated along the b-direction. The
spiral can be described using a coupling of two irreducible representations Γ2 × Γ3 ,
with Γ2 = (Cx , Fy , Az ) [127]. Kenzelmann et al. could describe their data by
~ F E = (0, Mb cos(~kic · ~r), Mc sin(~kic · ~r + δ)) with Mb = 3.9 µB and Mc = 2.8 µB .
M
The phase between both components could not be resolved in the experiment but
from the size of the moments, Kenzelmann et al. deduce that the Mn-moments
form an elliptical spiral in the bc-plane, described by two A-modes [11].
In addition, detailed neutron diffraction experiments revealed a smaller Mn-spin
component to be along the a-axis, which corresponds to a G-mode [127]. A model
of the dominating A-mode magnetic structure is shown in Figure 4.3(b). This
SDW to spiral transition is accompanied by the appearance of a spontaneous
ferroelectric polarization PF E parallel to the c-axis. The underlying mechanism
will be described in the next section.
The terbium moments order separately below TT b = 7 K and form an incommensurate SDW with moments mainly oriented parallel to ~a and a propagation vector of
~kT b = (0, 0.415, 0) [125]. The transition is visible in the magnetic susceptibility,
the dielectric constant, the thermal expansion, the ferroelectric polarization and
diffraction experiments [8, 9, 125, 129]. The magnetic Bragg peaks are reported to
be significantly broadened which emphasizes a short-range order.
Although the Tb-moments order at a lower temperature as the Mn-subsystem, it
was shown that the two magnetic ions couple. Already at 15 K, the Tb-moments
contribute to the spiral ordering of Mn-moments and had to be taken into account for the structure refinement of the Mn-order [11]. At this temperature, the
Tb-moments order weakly primarily along ~a, and can be described by C-, F- and
G-modes [48, 130]. It was proposed that the Mn- and Tb-order remain coupled
even below TT b through their wave vectors, 3kT b − kM n = 1 [131]. The coupling of
the rare-earth ions with the Mn ion JM n−R has also been reported for DyMnO3 [48].
In TbMnO3 , the rare-earth ion significantly contributes to the magnetic properties
of the Mn-order and even to the ferroelectric polarization [131, 132].

4.1.2. Multiferroic phase
TbMnO3 was the first compound in which it was observed that a ferroelectric
polarization is directly related to an antiferromagnetic spin-spiral ordering [5, 11].
That the spiral magnetic structure [11] directly induces ferroelectricity was later
on explained microscopically by the mechanism of the spin current [15], the
mechanism of the inverse Dzyaloshinskii-Moriya (DM) interaction [16] and in a
phenomenological approach [43]. In all cases the induced polarization is of the form
~i × S
~j ), with the neighboring spins S
~i , S
~j and their distance vector ~ri,j .
P~ ∝ ~rij × (S
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Figure 4.3.: Magnetic structure of manganese moments in TbMnO3 . The zig-zag chains
of [MnO6 ] octahedra are shown along the direction of the propagation vector, with darker
oxygen octahedra in the back and brighter in the front. The propagation vector was
chosen to be ~k = (0, 0.25, 0) for a better visibility. The Mn-moments order below TN
(a) in a spin-density-wave with moments modulated parallel ~b, and below TF E (b) in an
elliptical spiral in the bc-plane.

In the RMnO3 series, the compounds with R =Tb, Dy, Gd and Eu1−x Yx develop
a spin-induced ferroelectric polarization at low temperatures [5, 9, 133, 134, 135].
In TbMnO3 , the onset of a spontaneous electric polarization Pc parallel to
the orthorhombic c-axis is observed at TF E ≈ 28 K. The ferroelectric order
appears as a secondary effect which is visible in the small value of polarization (Pc = 0.08 µC cm−2 at 10 K in comparison to P = 26 µC cm−2 in BaTiO3
300 K [136]). The direction of polarization can be deduced from the magnetic
structure of the Mn-subsystem in the incommensurate spiral phase. The accuracy
of the model in TbMnO3 could be demonstrated by the application of magnetic
and electric fields to the system [8, 49]. The application of magnetic fields will be
reviewed in the next section.
The direction of the ferroelectric polarization is connected via the DM mechanism
with the cycloid structure of Mn-moments. Clockwise and anticlockwise rotation
~i × S
~j which determines the sign
have an opposite sign of vector chirality vchiral = S
of the ferroelectric polarization. This relation was demonstrated using polarized
neutron diffraction in combination with the application of an electric field to the
sample [49]. Using longitudinal polarized neutrons, it is possible to distinguish
different contributions to the total scattering. One of the magnetic term is of the
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~ ×M
~ ∗ )x , cf. Tab. 3.1. Depending on the choice of scattering geometry,
form ±i(M
it is thus possible to directly measure the sign of the vector chirality ~vchiral of a
magnetic structure. The reversal of the electric field applied to the sample along
the direction of polarization thus leads to a modulation of scattered intensity
~ (σxx̄ and σx̄x ). With this technique, it is
in the spin-flip channels parallel to Q
possible to determine the absolute polarization state of the sample. In following
neutron studies, polarized neutrons with an applied electric field have been used to
investigate the hysteresis behaviour of the magnetic structure in the multiferroic
state [52, 137], the relation of the quasi-lock-in with the spin cycloid and the
time-resolved switching of the cycloid [128].

4.1.3. Application of magnetic fields

As a result of the strong coupling of magnetism and ferroelectric order in spiral
multiferroic materials, the application of external magnetic fields leads to giant
magnetoelectric effects [38]. It has been shown in TbMnO3 that the direction of
the ferroelectric polarization flops from the c to the a-axis above critical fields
~ k ~a and H
~ k ~b [8]. Contrarily, in fields H
~ k ~c the polarization is completely
H
suppressed [8]. The flop of the ferroelectric polarization coincides with a firstorder transition of the spin cycloid plane from bc to ab, which is fully consistent
with the proposed DM mechanism [48]. The propagation vector of the magnetic
structure changes from a slightly incommensurate to a commensurate value of
~kcom = (0, 0.25, 0) for both field transitions H
~ k ~a and H
~ k ~b [138, 139] as the
incommensurate spiral becomes instable above those fields [140]. In this chapter,
we will distinguish the low field incommensurate phase (LF-IC) from the high field
~ k ~a and
commensurate phases (HF-C) which are similar for magnetic fields H
~ k ~b.
H
The flop of the spiral plane in magnetic fields applied along ~a and ~b could be
reproduced phenomenological as an influence of the strong anisotropy evolving
from the rare-earth spins which are coupled to the Mn moments [43]. Contrarily,
Mochizuki and Furukawa developed a model where the field flop arises due to
a competition of Mn easy-axis anisotropy and a field-dependent antisymmetric
exchange interaction [141]. We will discuss their model in detail in Section 4.3.
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Figure 4.4.: Sketch of the magnetic excitations at the zone center of the cycloid
structure in the LF-IC phase (left) and in the HF-C phase (right) of TbMnO3 . The static
spin structure is marked by thick gray, and the local fluctuations by smaller colored
arrows. In each of the two phases there are a phason mode (top) and rotation modes
around the b-direction (middle, cycloid mode) and around the vector in the cycloid plane
perpendicular to ~b (bottom, helical mode). The axis vectors show the oscillation of the
~i × S
~j .
vector chirality S

4.1.4. Magnetic and magnetoelectric excitations
The strong magnetoelectric coupling in spiral multiferroics should also influence
the character of the magnetic excitations, and the existence hybridized magnonphonon modes was predicted in 1982 [29]. Katsura et al. developed a theory for
helical magnets and proposed the existence of these modes in such systems [54].
In addition, the authors predict two electrically inactive low-lying magnon modes.
A sketch of the magnetic polarization of these excitations in both multiferroic
phases, LF-IC (bc cycloid) and HF-C (ab cycloid), is shown in Figure 4.4. The
three expected zone-center modes correspond to the rotation of the spins around
one of the principal directions: the rotation around the normal vector of the cycloid
(phason or in-plane mode) and two modes associated with the rotation of the
cycloid plane around either the propagation vector direction ~b (cycloid out-of-plane
mode) or the vector in the cycloid plane but perpendicular to ~b (helical out-ofplane mode). The rotation around the b-direction keeps the cycloid character,
whereas the helical rotation changes the character introducing a helical component.
When we apply the inverse Dzyaloshinskii-Moriya mechanism, which explains the
static multiferroic phases, to the magnon modes, we find that only the cycloid
out-of-plane mode affects the direction of the induced electric polarization. This
cycloid mode should thus possess a strong dielectric component. Furthermore this
component should follow the flop of the cycloid plane from the LF-IC to the HF-C
phase.
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The magnon dispersion in TbMnO3 was analyzed using inelastic neutron scattering
(INS) by Senff et al. [12, 142]. Three low-energy modes were found at the magnetic
zone center and their polarization could be investigated by the use of linear neutron
polarization analysis. The authors identify an in-plane mode at ω1 ≈ 0.1 meV
and two out-of-plane modes at ω2 ≈ 1.1 meV and ω3 ≈ 2.5 meV, respectively, at
17 K. The exchange interactions could be estimated by applying a Heisenberg
model to the different magnon branches, but without reflecting the incommensurate character of the order [12]. Recently Milstein and Sushkov described the
magnon dispersion in TbMnO3 and DyMnO3 using the σ-model-like effective-field
theory [143]. We will discuss this model in Section 4.3. In a subsequent neutron
scattering experiment, the excitation spectrum in the HF-C in magnetic fields
~ k ~a was investigated [56]. Three branches were found and their polarizations
H
perfectly fit to a flop of the cycloid plane.
Complementary studies of the dynamics in the multiferroic phase in TbMnO3 were
done using infrared (IR) spectroscopy. Pimenov et al. [57] discovered a signal,
which is suppressed by a magnetic field; they interpreted this as a mixed excitation
and called it electromagnon. Two such electromagnon modes are present at low
frequencies and perfectly match the energy of the out-of-plane modes found in
INS [59]. This and the matching temperature dependence of IR and INS mode
frequencies [61, 144] strongly support the electromagnon interpretation given in
~ k ~b were accessible for IR experiments
Ref. [54]. In the HF-C phase, only fields H
due to instrument limitations. There, Shuvaev et al. claimed the existence of a
weak c-polarized mode in the HF-C phase above the Hb transition [60], which
would correspond to the electromagnon activated by the DM mechanism.
However, the various IR and optical measurements performed on the RMnO3 series
yield a much more complex picture [66,145,146] recently resumed in Reference [55].
There are at least three different optical electromagnon contributions. In particular
the strong IR signal is always found along the a-direction [59], even for materials
in the HF-C phase associated with an ab cycloid. A distinct electromagnon origin
was proposed to explain this strong a-polarized signal based on a magnetostrictive
mechanism where the Heisenberg interaction is modulated by a variation of the
Mn-O-Mn bond angles [66, 145].

4.2. Diffuse scattering above the magnetic and
multiferroic phase transitions
The cycloid ground state ordering of the Mn-moments in TbMnO3 results from
the strong magnetic frustration in the ab-plane, namely between the ferromagnetic
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nearest-neighbor interaction JF M and the antiferromagnetic next-nearest neighbor interaction JN N , see Fig. 4.2(b). One thus expects sizable diffuse magnetic
scattering well above the transition temperature TN . Its characterization and temperature dependence will help to understand the complex system and to evaluate
the interaction parameters determined from the magnon dispersion (cf. Ref. [12]
and Section 4.3).
Subsequently, we will focus on the ferroelectric transition from SDW to spiral
at TF E . Precursors of this second-order transition are present even in the SDW
phase. These precursors will be discussed in context of chiral diffuse scattering as
observed by Finger et al. [137].
The single crystals of TbMnO3 used in this section have been grown by A. C.
Komarek in a mirror furnace [147].

4.2.1. Antiferromagnetic transition at T N
In order to investigate the diffuse magnetic scattering in the paramagnetic phase, a
single crystal of TbMnO3 has been mounted in the [0, 1, 0]/[0, 0, 1] scattering plane
in a closed-cycle cryostat at the cold neutron triple-axis spectrometer 4F1 installed
at the LLB, with longitudinal polarization analysis. The neutrons were polarized
by a supermirror bender and analyzed using a Heusler monochromator. At the
sample stage, a set of Helmholtz coils was used to guide the neutrons. Throughout the experiment, we worked with a fixed neutron energy of E = 13.6 meV
−1
(~k = 2.57 Å ) which corresponds to an energy resolution of about ∆E ≈ 0.5 meV.
The polarization of the neutron beam has been verified at the nuclear Bragg
~ = (0, 0, 4) and a flipping ratio of F R ≈ 27 has been observed.
reflection Q
In polarized neutron experiment, a dedicated coordinate system is used, where x
~ z is vertical to the scattering plane and y is
is parallel to the scattering vector Q,
~ A sketch of the scattering geometry at Q
~ = (0, 0.28, 1)
perpendicular to z and Q.
is shown in the inset of Figure 4.5(a). The scattered intensity is measured along the
principal directions x, y and z for spin-flip and non spin-flip processes. With the
help of the selection rules for neutron scattering, the polarization of the magnetic
moment can be deduced from these cross sections, cf Tab. 3.1. We find that for
the chosen scattering plane z is always parallel to ~a. For spin-flip processes, we
get the contribution of magnetic moments parallel ~a (Mz = Mk~a ). x and y are in
~ The scattered
the scattering plane and thus depend on the scattering vector Q.
intensity depends on the angle α. In the spin-flip channels we find a combination
of magnetic scattering along ~b and ~c. The scattered intensity depends on the angle
~ and the axes, as I ∝ sin2 (α). In the case of the magnetic Bragg
α between Q
~ = (0, 0.28, 1), the scattering comes mainly from the b-component, as
peak Q
sin2 (α) = 0.88 for ~b and sin2 (α) = 0.12 for ~c.
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Figure 4.5.: Neutron polarization analysis of elastic scattering in TbMnO3 at 4F1.
~ = (0, k, 1) at 11 K. The directions of the polarized neutron
(a) Elastic scan along Q
scattering cross sections are shown in the inset. (b) and (c) Temperature dependence
~ = (0, 0.28, 1) and Q
~ = (0, 0.74, 1) of all three cross sections. The dashed lines
at Q
indicate the phase transitions at TN and TF E .

The spin-flip scattering in all three channels along [0, k, 1] at 11 K in the cycloid
phase is shown in Figure 4.5(a). 11 K was the base temperature of the mounted
displex cryostat. Three observations can be deduced from this scan. At k ≈ 0.28
~ = (0, kM n , 1)) of the bc-cycloid which results
we find the A-type Bragg peak (Q
in a scattered intensity concentrated in the zSF channel. The sharp peak at
~ = (0, 1 − kM n , 1)). These
k ≈ 0.73 can be identified as G-type Bragg peak (Q
reflections have been reported previously and were assigned to an induced ordering
of Tb-moments by the Mn-structure because of their relative weakness and their
temperature dependence (concave curvature upon cooling) [125, 130, 131]. The
polarization analysis reveals the main contribution of magnetic moments parallel
to ~a which is the easy axis of the Ising-like Tb-moments [125]. As third feature, we
note the broad scattering around k ≈ 0.4 which again arises mainly from moments
along ~a. At 11 K, we are close to the transition temperature of the distinct Tb-order
at TT b ≈ 7 K with a propagation vector of ~kT b = (0, 0.42, 0). The broad signal
hence can be attributed to the diffuse magnetic scattering of Tb-moments.
The temperature dependence of scattered intensity at k = 0.28 and k = 0.74 is
shown in Figure 4.5(b) and (c). The polarization of the Bragg reflections, given
by the ratio ySF/zSF is stable with temperature at both positions. At k = 0.28
the signal comes almost purely from My and at k = 0.74 the signal comes from
Mz . Note that the xSF channel (red points) is hidden behind the ySF channel.
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diffuse magnetic scattering in TbMnO3 at
~ = (0, 0.28, 1) at 4F1. The intensities
Q
are calculated from spin-flip cross sections
as My = xSF − ySF and Mz = xSF −
ySF . The dashed line indicates the phase
transitions at TN ≈ 41 K.

The finite flipping ratio of F R ≈ 27 leads to a superposition of approximately
5 % non-spin-flip process in the spin-flip channels. As an example, at 11 K and
k = 0.28 about 170 cts/sec in ySF are due to scattering from yNSF. The intensity
in channel yNSF is strong because it is sensible to My (similar to zSF, cf. Tab.3.1).
From both curves in Figure 4.5 we can identify the transition temperatures towards the SDW at TN ≈ 41.0 K and from SDW to spiral phase at TF E ≈ 27.5 K
which are indicated with dashed lines. The deviations of the observed transition
temperatures to values from the literature can be attributed to the experimental
setup. The sample was placed in an helium-filled aluminum container and the
temperature controller was glued outside of the container. The heat conductance
to the sample was primarily provided by helium gas which lead to a temperature
gradient between the sensor and the sample.
Once the polarization analysis is established and the static signal understood, we
can turn our attention to the paramagnetic phase. Figure 4.6 shows the temperature dependence of scattered neutron intensity at the A-type Mn-order position
~ = (0, 0.28, 1) along y and z. The contributions of the two directions were deterQ
mined as My = xSF −ySF and Mz = xSF −zSF . This analysis not only allows to
determine the direction of the moments that contribute to the scattering but also
eliminates the instrument background. We find significant diffuse scattering at this
position up to 140 K. The polarization analysis in the chosen scattering geometry
allows us to separate the contribution from moments along the a-axis (Mz ) and
b-axis (My ). The strong Ising-type anisotropy of the Tb-moments along ~a and the
large magnetic moment of Tb3+ ions (µef f = 9.5 µB [112]) most probably lead to
the scattering along ~a at all temperatures. The magnetic susceptibility of TbMnO3
is reported to be anisotropic up to room temperature with the largest contribution
along ~a [148]. At lower temperatures, the intensity in Mz increases at TN and
decreases soon after. This behaviour can arise from Tb-moments which first follow
the ordering of the Mn-moments (A-type) and finally order separately with the
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Figure 4.7.: Diffuse magnetic scattering of TbMnO3 in the paramagnetic phase. (a) and
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TN at 4F1. The intensities are calculated from spin-flip cross sections as My = xSF −ySF
and can be attributed to the Mn-order. Lorentzian functions were fitted to the curves.
(c) Temperature dependence of the correlation length as determined from Lorentzian
b(c)
fits, ξK(L) = 2π·HW
HM . A power law was fitted to the curves.

same propagation vector (G-type) and moments along ~a. The intensity along ~b
is less pronounced at higher temperatures and only overcomes the a-component
at about 50 K. At lower temperatures, the intensity in My increases continuously
towards the transition temperature.
We are primarily interested in the scattering of the manganese moments along the
~b direction. The chosen scattering plane [0, 1, 0]/[0, 0, 1] allows us to investigate the
~
direction dependency of the diffuse signal. Q-scans
at the magnetic Bragg peak
~
position of the SDW at Q = (0, 0.281, 1) along the main symmetry directions are
presented in Figure 4.7(a) for selected temperatures in the paramagnetic phase.
The intensity was calculated as My = xSF − ySF in order to separate the contribution along ~b. Lorentzian functions were fitted to the data. Diffuse magnetic
scattering arises from fluctuations which form temporarily ordered regions in the
sample. From the width of the diffuse contribution we can derive the average
length of correlated regions.
The temperature dependence of the correlation length along [0, 1, 0] and [0, 0, 1] is
shown in Fig. 4.9(b) in a logarithmic scale. We find significant diffuse magnetic
scattering up to 80 K, which is almost twice TN . Only minor differences between
the correlation along ~b and ~c are visible documenting the three-dimensional correlation of the Mn-system.
The fitting of a power law function of the form ξ(T ) = c · (T − TN )−ν yields:
ν = 0.58(2) along ~b and ν = 0.63(3) along ~c. The transition temperature was fixed
to TN = 40.65 K for both directions (the deviation from values in the literature
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is again due to the temperature gradient of the cryostat). The critical parameters are similar for both directions and are closer to the theoretical value of a
three-dimensional Ising system (D = 1, d = 3, ν = 0.631 [149]) than to the three
dimensional XY model (D = 1, d = 3, ν = 0.669 [149]). TbMnO3 undergoes a
magnetic transition into a SDW with moments aligned along ~b at this temperature.
The Mn-moments are confined by an alternating easy-axis anisotropy in the ab
due to staggered d3x2 −r2 /d3y2 −r2 -type orbital ordering [145].
The critical phenomena in RMnO3 multiferroics were investigated by Harris et
al. applying Landau theory [150]. The authors come to the conclusion that the
upper transition belongs to universality class of the XY -model, while the lower
ferroelectric transition is of Ising-type. The critical behaviour is only valid in a
small temperature region. The behaviour at higher temperatures approaches the
mean-field value which may lead to deviations from the extracted experimental
values the expected values. A slightly different observation was made by calorimetry measurements from Oleaga et al. [151]. From the specific heat they deduce a
critical exponent of α = −0.09 which would suggest a Heisenberg system (D = 3
and d = 3). The corresponding exponent of this model for the correlation length is
ν = 0.707 [149].

Mean-field simulation
The behaviour of the diffuse magnetic scattering in the paramagnetic phase can be
simulated using a mean-field approach. Hohlwein et al. were able to describe diffuse
scattering in MnO with this method [152]. The principal idea of the mean-field
approximation is to treat the magnetic system as independent spins in an effective
field, which is createdP
by the interactions. The spin-only Hamiltonian can then
~ q ) · S(−~
~ q ), where S(~
~ q ) is the Fourier transform
be expressed as H ∝
J(−~q)S(~
q~

~ and ~q is a reciprocal vector in the first Brillouin zone [153, p. 91ff].
of the spin S
The Fourier transform of the interaction parameters is defined as:
~ =
J(−Q)

1 X ~
~ R
~ 0 −R
~j)
~ j )eiQ·(
J(R0 − R
,
N 0,j

(4.1)

~ i being the position of the i-spin and N being the number of spins in
with R
the unit cell. For high temperatures, well above the transition to the long-range
magnetic order, the Q-dependent magnetic susceptibility can be derived from
~ Furthermore, the susceptibility can be used to directly derive the differential
J(Q).
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Figure 4.8.: Simulated magnetic scattering in the paramagnetic phase of TbMnO3
calculated using a mean-field model as described in the text. (a, b) Simulated neutron
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three symmetry directions at different temperatures. Lorentzian functions were fitted
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Lorentzian fits along the three symmetry directions.
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neutron cross section [153, p. 221ff]:
dσ
S(S + 1)
2 ~
~ ∝ f 2 (Q)
~
∝ fM
(Q)Ξ(Q)
M
~
dω
3kB T − S(S + 1)J(Q)

(4.2)

This calculation was performed for the paramagnetic phase of TbMnO3 . To
describe the system, we used the Pbnm structure parameters given in Fig. 4.1.
The Mn-moments carry a spin S = 4/2 and occupy the Wyckoff site 4b. The
exchange interactions were chosen to be antiferromagnetic JAF M = −0.84 meV
along ~c, ferromagnetic JF M = 0.38 meV in the ab-plane and antiferromagnetic
JN N = −0.31 meV along ~b, after Ref. [142]. A model of the exchange interactions
in TbMnO3 is shown in Figure 4.12. JF M and JN N are in the ab-plane and lead to
a frustration of exchange parameters. The result is a spiral spin ordering and in
~ as follows [154]:
this case the transition temperature can be calculated from J(Q)
~
TN = 2S(S + 1)Jmax (Q)/3k
B = 32.07 K.
The result of the simulation using Eq.4.2 is shown in Figure 4.8. The intensity maps
in Fig. 4.8(a-b) simulate the diffuse magnetic scattering in the [0, K, L] plane. This
is the same plane in which the experiment in the previous section was performed.
The model correctly describes the positions of the magnetic Bragg reflections of
the Mn-order in TbMnO3 . In particular it is able to get an accurate value of the
incommensurability of the propagation vector along ~b, ~kic ≈ (0, 0.28, 0).
Line scans along the three orthorhombic symmetry directions are shown in
Fig. 4.8(c-e) at four temperatures in the paramagnetic phase. The scans along
~ = (0, K, 1) and Q
~ = (0, 0.28, L) can directly be compared to the experimental
Q
data, shown in Fig. 4.7. The intensity curves were fitted by a Lorentzian function
in order to obtain the correlation length along the three directions.
The temperature dependence of the correlation lengths obtained by simulation
is shown in Fig. 4.8(f). The correlation length diverges along all directions at
TN = 32.07 K. The absolute value of the transition temperature is slightly underestimated by the mean-field model. The Mn-moments in TbMnO3 order at
TN ≈ 42 K in a SDW and at TF E ≈ 28 K in a bc-spin spiral [11]. The simple
mode does not take into account anisotropy effects and the coupling with the
Tb-subsystem, and thus the agreement between simulation and experiment is
satisfying. The mean-field approach often fails to describe the critical behaviour
close to the phase transition [149, p. 11].
The simulated correlation length in Fig. 4.8(f) can be compared to experimental
data in Fig. 4.7. In the experiment, we found that the fluctuations are almost
isotropic in the bc-plane, which agrees well to the simulation. The correlation is
reduced along ~a due to the symmetry of the exchange interactions.
The good agreement between experiment and mean-field model shows, that the
magnetic order in TbMnO3 can be reasonably well approximated by a simple
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A-type order. This order has only one magnon mode which is the case for LaMnO3 .
The spin-wave calculation for LaMnO3 is presented in Chapter 3.1.3.

Resonant spin-echo
The dynamic scattering of TbMnO3 has been investigated at the triple-axis spin
echo spectrometer TRISP at the FRM II. The instrument combines the technique
of TAS and neutron resonant spin echo spectroscopy (NRSE). A large piece
(25 × 6 × 6 mm3 ) cut from the same sample has been mounted in a closed-cycle
cryostat in [010]/[001] scattering geometry. The incoming neutron energy was
−1
fixed to Ei = 13.9 meV (~ki = 2.51 Å ).
Figure 4.9(a) shows spin echo spectra for spin-flip processes at zero energy transfer
above and below the magnetic phase transition TN at the elastic Bragg peak position
~ = (0, 0.283, 1). At a NRSE instrument the Fourier time τ is varied using radio
Q
frequency spin flippers. The polarization gives the ratio of the polarized beam to
the unpolarized beam. Diffuse magnetic scattering transforms to Lorentzian line
shapes in reciprocal space and the spin echo polarization follows an exponential
decay: P = exp(−Γ · τ ) [155]. The extracted fit values from the spectra are given
in Figure 4.9(b) and (c) against the temperature. The polarization P0 steadily
increases when approaching the transition temperature and is constant below the
transition were the magnetic structure is static. This demonstrated nicely the
critical slowing down of magnetic fluctuations in the system.
The relaxation time appears to be stable at temperatures above 43 K and converges
close to the transition temperature. The expected power law behaviour is only
valid in a small temperature regime. The plateau at higher temperatures is not
intrinsic to the sample but a limitation of the instrument. At higher temperatures,
fluctuations become faster. There is an instrumental upper limit of the accessible
frequency range, determined by the high-frequency spin-flippers. This explains the
cut-off close to the transition temperature. The accessible range is furthermore
limited by the energy selection of the analyzer. The TAS option at TRISP defines
an energy width due to its finite energy resolution. The resolution was determined
to be ∆E ≈ 0.5 meV which corresponds to a frequency in the order of 1012 Hz.
The TRISP instrument is designed to determine linewidths of excitations with a
extremely high resolution. This comes with the crucial coast of neutron intensity.
The initial aim of this experiment was the investigation of magnon linewidths in
the multiferroic phase which could not be achieved within the experiment time.
The investigation of phase transitions requires a wide coverage in Fourier time and
high neutron flux, to which standard spin-echo instruments are better suited such
as the IN11 at the ILL.
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Figure 4.9.: Neutron resonant spin echo signal of TbMnO3 at the magnetic Bragg
~ = (0, 0.283, 1) around the magnetic phase transition TN at zero energy transfer
peak Q
at TRISP. (a) Spin echo spectra for selected temperatures. An exponential function
P = exp(−Γ · τ ) was used to describe the data. (b) and (c) show the temperature
dependence of the extracted polarization P0 and the relaxation time 1/Γ.

4.2.2. Multiferroic transition at T FE
The subsequent magnetic transition at TF E is defined by a SDW to spiral formation of the Mn-moments and coincides with the development of a spin-induced
ferroelectric polarization. Elastic neutron scattering was used to investigate the
behaviour at the phase transition. A single crystal of TbMnO3 was mounted at the
cold neutron TAS instrument IN3 at the ILL in [201]/[010] scattering geometry.
−1
The neutron energy was fixed to E = 14.7 meV (~k = 2.66 Å ) and in addition,
beam collimation (300 on ~ki and 400 on ~kf ) and a PG filter were used in order to
reduce the background and to achieve a high angular resolution.
At the transition temperature of TF E ≈ 28 K, the system is already magnetically
ordered and the propagation vector does not change at the transition. This makes
it difficult to investigate the behaviour at the transition as the signal is dominated
by a strong static scattering at the Bragg peak positions. The color map shown
in Figure 4.10(a) illustrates the situation. The scattered neutron intensity of
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Figure 4.10.: Temperature dependence of rocking scans along the magnetic Bragg peak
~ = (2, 0.27, 1) of TbMnO3 at IN3. (a) Logarithmic color mapping of scattered intensity.
Q
The dashes lines indicate scan directions in (b). (b) Temperature dependence of line
scans extracted from the color map. The intensity in the region of ∆ω = ±0.5° around
the dashed lines was taken into account. (c) Close-up of the temperature dependence.
The gray bars indicate the phase transitions at TN ≈ 42 K, TF E ≈ 28 K and TT b ≈ 7 K.

rocking-scans (scan of the sample rotation) through the magnetic Bragg peak at
~ = (2, 0.27, 1) is logarithmically plotted for temperatures below 50 K. The
Q
Bragg peak at the center develops at TN ≈ 42 K and the position locks-in slightly
above TF E , which has been investigated in detail in a previous thesis [128]. At
TT b ≈ 7 K, we find the formation of an additional peak which can be attributed to
the Tb-order [130]. Its intensity is weakened because the center of this reflection is
~ = (2, 0.415, 1), which is at a slightly different scattering angle 2θ.
at Q
The temperature dependencies at three positions (see dashed lines in Fig. 4.10(a),
red: Tb-order, green: Mn-order, blue: diffuse signal) are shown in Figure 4.10(b).
The intensity was integrated in a range of 1° around the dashed scan lines. We
recognize the green curve as temperature dependence of the Mn-order. The two
successive phase transitions and the transition of the Tb-order are indicated with
gray bars. The diffuse scattering which arises at the phase transition at TF E is not
visible at the Bragg peak due to the strong static signal. However, as the diffuse
~
signal is broadened in Q-space,
we can study it even away from the Bragg peak
position. The blue curves show the intensity at a rotation of ∆ω = +1.8°.
Fig. 4.10(c) shows the scan with an enlarged linear scale. By comparison with the
temperature dependence at the Bragg position, we can confirm that the signal
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Table 4.1.: Comparison of geometry factors and magnetic form factor fm (Q) for
~ = (2, 0.27, L) in TbMnO3 with intensities extracted from diffuse neutron scattering
Q
by Lorentzian fits at TN and TF E (cf. Fig. 4.11).

L

~ a) ∠(Q,
~ ~b) ∠(Q,~
~ c) fm (Q)
∠(Q,~

1

22.7°

83.4°

69.2°

0.48

55.7(7)

42.8(6)

3

47.2°

85.2°

48.5°

0.26

18.9(6)

9.8(5)

cts
cts
) IN ( 10sec
)
IF E ( 10sec

purely arises from diffuse scattering. When going to lower temperature, the intensity increases towards the upper transition and decreases when the structure
becomes static at TN . At about 35 K, the signal increases again towards the second
transition and decreases subsequently after TF E . The increase of intensity at lower
temperatures can be attributed to the Tb-order at TT b .
It has been shown in the previous section that the magnetic fluctuations in the
paramagnetic phase are mainly polarized along ~b, the directions of moments in the
SDW phase. Below TF E , the Mn moments order in a bc-spiral and fluctuations
attributed to this transitions should thus be polarized along ~c. The polarization
of modes can be determined either by applied neutron polarization analysis, or
by the analysis of the Q-dependence of diffuse scattering. Results from the latter
approach will be presented below.
The diffuse signal around the ferroelectric phase transition at TF E emphasized
the picture of an almost continuous transition from SDW to spiral phase. It has
been reported that in a polarized neutron experiment, the chiral magnetic cross
~⊥ ×M
~ ∗ )x has been observed up to 2 K above TF E [137]. This term
section −i(M
⊥
is non-zero for the spiral structure and zero for the spin density wave and hence
allows one to distinguish both magnetic orders. These chiral fluctuations could be
poled in an electric field of several 100 V mm−1 . Our experiment documents diffuse
scattering up to 6 K above the phase transition. It is an open question whether
the fluctuations only carry chirality at lower temperatures or are chiral at all time.
In the latter case it is possible that the chirality of the fluctuations could not be
detected at higher temperatures because of a decrease of intensity or the limited
strength of the applied electric field.
In an additional experiment on IN3 at the ILL, a single crystal of TbMnO3 was
mounted in the [2, 0.27, 0]/[0, 0, 1] scattering plane in order to investigate the
polarization of the diffuse scattering around TF E . As magnetic neutron scattering
~ ~ ), the
is only present for perpendicular components of the magnetic moments (M
⊥Q
comparison of intensities at different Bragg positions reveals information about the
~ and the magnetic moment
alignment of the moments. For an angle α between Q
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the intensity is given as:
~ ∝ fM (Q)2 sin(α)2 ,
I(Q)

(4.3)

with the magnetic form factor fM (Q). Table 4.1 lists the angles of the scattering
vectors with the principal axis and their corresponding magnetic form factor for
~ positions, which implies that
Mn3+ . The angle with ~b is close to 90° for both Q
they are sensitive to magnetic moments along this direction. In contrast, moments
~ 1 and moments along ~a are almost suppressed along
along ~c are more visible at Q
at this position.
The temperature dependence of scattered intensity was measured at two magnetic
~ 1 = (2, 0.27, 1) and Q
~ 3 = (2, 0.27, 3). The detector
Bragg peak positions Q
position was rotated by 2θ = +1.5° relative to the Bragg peak position in order to
observe the diffuse scattering close to the peak. Figure 4.11 shows the intensities for
both positions. The overall behaviour is similar as the one described in the previous
section: Enhanced diffuse scattering is visible around the phase transitions at TN ,
TF E and TT b . The scattering was described by fitting Lorentzian functions to the
data. At the upper transition TN , the moments order in a spin density wave with
moments along ~b and we expect the diffuse scattering to be along the same direction.
The lower transition TF E is defined by the development of the c-component of the
spiral, which implies diffuse scattering along ~c. With the given geometry factor, we
expect a ratio of I1 /I3 = 1.24 between two positions. The different structure factors
between both positions can be taken into account by comparing the intensities of
~
the upper transition. Both Q-positions
have a similar angle to ~b and the difference
in intensity thus only depends on the magnetic form factor fm (Q). In conclusion,
we find an experimental ratio of (IF E,1 /IF E,2 ) · (IN,2 /IN,1 ) = 1.4(1). The definition
of the background and the description of the scattering from the Tb-moments can
influence the exact result. Nevertheless this analysis allows us to state that a large
amount of diffuse scattering around TF E comes from fluctuations along ~c. This is
consistent with fluctuations of a bc-spiral in the SDW phase with moments parallel
~b [142].
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Figure 4.11: Temperature dependence
of diffuse scattering around the Bragg
~ = (2, 0.27, 1) and Q
~ =
peaks Q
(2, 0.27, 3) of TbMnO3 at IN3. The
scattered neutron intensity was measured
slightly away (1.5° in 2θ) from the Bragg
peak in order to avoid elastic signal.
Lorentzian functions were used to describe the data. The gray bars indicate
the phase transitions at TN ≈ 42 K and
TF E ≈ 28 K.

4.3. Model for magnetic excitations
The magnon dispersion of TbMnO3 in the multiferroic phase has been investigated
intensively using inelastic neutron scattering [12,142]. The dispersion was described
based on a model for LaMnO3 by Moussa et al. and Hirota et al. [97, 156]. The
spin-wave relations derived for a circular spin-only Hamiltonian with ferromagnetic
(FM) exchange JF M in the ab-plane and antiferromagnetic (AFM) exchange JAF M
along ~c and a single-ion anisotropy could reasonably well described the dispersion
along ~a and ~c [142]. In TbMnO3 , JF M is weakened and competes with an antiferromagnetic next-nearest neighbor exchange along ~b. This frustration leads to the
development of a spin spiral with a propagation vector which is incommensurate
to the crystal structure. Senff et al. argue that this frustration mainly affects the
b-direction [142]. As a limitation of this approach, the different branches cannot
be described with the same set of parameters. In addition, the branches along the
propagation direction of the spiral ~b have to be treated separately. The described
model works well to estimate the exchange parameters and anisotropies but a
complete model of the excitation spectrum is missing.
In a first attempt to model the full magnon dispersion, a linear spin wave theory
calculation was performed with Holstein-Primakoff transformation as described
by Sáenz [90]. This mechanism is restricted to collinear magnetic structures with
a commensurate propagation vector. The bc-spiral of TbMnO3 had to be approximated by a sinusoidal modulated ↑↑↓↓ spin density wave. Apparently the
estimations oversimplified the situation and the results determined with this model
could not reproduce the experimentally observed dispersion.
The following attempt was done using the program SpinW [94]. The program is
based on linear spin wave theory, which was extended to account for canted and
incommensurate spin structures by Toth and Lake [91]. The formalism is presented
in Section 3.1.3.
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Figure 4.12: Model of the crystallographic unit
cell of TbMnO3 , showing Mn moments in the spinspiral phase with exchange interactions: ferromagnetic JF M (red), antiferromagnetic JAF M (blue)
and JN N (green). The elliptic easy-plane anisotropy
along ~b and ~c is indicated by gray ellipses.

Model calculated with SpinW code
We start with the crystal structure of TbMnO3 , as reported by Blasco et al. [112]
with magnetic Mn-moments of spin S = 4/2 and non-magnetic Tb-moments. A
model of the magnetic moments and interactions is shown in Fig. 4.12. It includes
the aforementioned antiferromagnetic exchange along ~c (blue), ferromagnetic exchange JF M (red) in the ab-plane and the antiferromagnetic nearest-neighbor
interaction JN N (green) along ~b. The single-ion anisotropy SIA is indicated as gray
ellipsoid along ~b.
~ = (0, K, 1) for a spin-spiral with
In a first step we model the excitations along Q
moments in the bc-plane and a propagation vector of ~k = (0, 2/7, 0) (Model M-I).
The value 2/7 ≈ 0.2857 is close to the value which has been found experimentally in TbMnO3 [11]. Furthermore, it allows the calculation of a commensurate
structure with a magnetic unit cell extended seven times along ~b with respect
to the crystallographic cell. The following parameters were used for the calculation: JAF M = 0.82 meV, JF M = −0.34 meV, JN N = 0.24 meV and SIA= 0 meV.
The calculated intensities are shown in Fig. 4.13(a). The total cross section
S ⊥ (ω, Q) (left), and the components M yy (ω, Q) (center) and M zz (ω, Q) (right) for
a [010]/[001] scattering geometry are given. This setting allows us to distinguish
fluctuations of moments in the bc (in-plane, M yy (ω, Q)) from fluctuations along ~a
(out-of-plane, M zz (ω, Q)).
For a ground state spiral of simple spin chain with FM nearest-neighbor and AFM
next-nearest-neighbor interaction (J1 − J2 model), JF M and JN N are constrained
as cos(kinc · π) = JF M /(2 · JN N ), where kinc is the incommensurability along
~b. The magnetic zone center splits into two satellites at Q
~ = (0, −2/7, 1) and
~ = (0, 2/7, 1). In addition, we get a clear separation of an in-plane mode (in
Q
M yy ), which is the phason or sliding mode of the spiral, and an out-of-plane mode
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~ = (0, K, 1) of the total
Figure 4.13.: Calculated neutron intensity for TbMnO3 at Q
⊥
yy
cross section S (ω, Q) (left) and the components, M (ω, Q) (center) and M zz (ω, Q)
(right). The scattering geometry was chosen in a way that y is in the bc-plane and z is
parallel to ~a. Different magnetic models were used for the calculation: (a) Model M-I:
spiral magnetic structure with moments in the bc-plane and ~k = (0, 2/7, 0) and (b)
model M-II: elliptic spiral with moments in the bc-plane, ~k = (0, 2/7, 0) and an elliptic
easy-plane anisotropy.

(in M zz ) with moments oscillating along ~a. At the zone center, both modes go down
to zero because no anisotropy was inserted and thus there is no preferred directions
for the magnetic moments. The phason mode is folded back at the zone center
due to the commensurate propagation vector. The dispersion of the out-of-plane
mode can be understood by looking again at the J1 − J2 model with spiral ground
~ = (0, 1, 1), the oscillations are out of
state ↑→↓←. At the zone boundary Q
phase and the alignment ↑↓↑↓ with the highest cost in energy E = 4JF M + 2JN N
~ = (0, 0, 1) is preferably in energy ↑↑↑↑
is present. The k = 0 zone boundary at Q
~
with E = −4JF M + 2JN N . Finally at Q = (0, 0.5, 1), we have an intermediate
state with ↑↑↓↓ and E = −2JN N .
The situation in TbMnO3 can described more accurately by introducing an elliptic
bc-spiral with moments Mb = 3.9 µB and Mc = 2.8 µB and ~k = (0, 2/7, 0),
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JAF M = 0.82 meV, JF M = −0.38 meV, JN N = 0.31 meV, SIAb = −0.12 meV and
SIAc = −0.09 meV, shown in Fig. 4.13(b) (Model M-II). The values of the ordered
magnetic moment along ~b and ~c were determined in a neutron diffraction study [11].
The elliptic spin spiral is stabilized by a distorted bc easy-axis, where the ratio of
the major and minor axis is equal to Mb /Mc . The magnetic unit cell was extended
seven times along the b-axis. The calculation shows an anti-crossing of modes at
~ = (0, 2k, 1) and Q
~ = (0, 1 − 2k, 1) (in-plane) and at Q
~ = (0, k, 1)
the zone at Q
~ = (0, 1 − k, 1) (out-of-plane), with k = 2/7. The phason mode at the
and Q
zone center is shifted to finite energies which is due to a pinning effect due the
commensurate propagation vector. This effect appears to be rather small. The
out-of-plane mode splits up into two modes at the zone center which results from
the distortion of the easy-plane anisotropy. Modes polarized along ~a with a static
b-component are energetically preferred to a-modes with a static c-componentb .
The developed spin-wave model produces a collection of three zone-center modes:
a low energy phason mode, an intermediate energy out-of-plane mode with static
b-component and a high-energy out-of-plane mode with static c-component. This
corresponds perfectly to the prediction by Katsura et al. in spiral magnets, shown
in Fig. 4.4. Only the intermediate out-of-plane mode with static b-component
should be electrically active by the DM mechanism: This mode rotates the spiral
plane around ~b which leads to an oscillation of the ferroelectric polarization along
~i × S
~j ). This mode is the DM-electromagnon.
~a via P~el ∝ ~ri,j × (S
In the following we will compare the model described in this section with results
reported in the literature. In Section 4.4 we will compare the simulated dispersion
with data from inelastic neutron scattering and infrared spectroscopy.

Comparison to the literature
Our results of the elliptic cycloid dispersion along the direction of the propagation
vector perfectly match a recently reported calculation by Milstein and Sushkov [143].
Instead of linear spin wave theory they use the σ-model-like effective-field theory
to model the magnon branches in TbMnO3 . They work with an incommensurate
propagation vector of ~k = (0, 0.28, 0) a deformed elliptic spin spiral and introduce
an additional nearest-neighbor exchange J3a along ~a. Their anisotropy-terms
consists of an easy-axis along ~b and a DM-like anisotropic exchange along ~a, which
is equivalent to an easy-plane crystal field anisotropy in our model [143]. They
attribute this feature to the dipolar displacement of the ferromagnetic polarization
b

It should be mentioned that the same model with an incommensurate propagation vector did
not show the splitting of out-of-plane modes. We attribute this discrepancy to problems of
the implementation of incommensurate structures.
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Figure 4.14: Model of the crystallographic unit cell
of TbMnO3 , showing Mn moments in the spin spiral
phase with antisymmetric exchange interactions along
~c (purple vectors) and staggered singe ion anisotropies
along ~b (gray ellipsoids).

in the multiferroic phase. In their model, this DM interaction is D = 0.2 meV which
appears to be too strong for the relatively weak ion-displacement. First-principle
calculations estimated very small displacements of the order of 10−4 [157, 158], the
same order was found in an X-ray study [159]. We verified the influence of the
additional exchange J3a and the deformation of the ellipse to our model. The small
deformation proposed by Milstein and Sushkov only leads to minor variation and
J3a did not affect the dispersion along ~b.
A separate calculation of the spin dynamics has been done by Mochizuki et al. [114].
D
E
The underlying Hamiltonian consists of five terms: H = Hex + Hsia
+ Hsia
+ HDM +
Hbiq . The isotropic exchanges in Hex are identical to our model. The introduced
D
anisotropies include a hard axis Hsia
along ~c and alternating local hard and easy
E
axes Hsia in the ab-plane due to staggering of orbitals. The DM terms along ~c
(DMc ) and in the ab-plane (DMab ) are taken from local spin density approximation calculations [160] and experiments on LaMnO3 [161]. They arise from the
[MnO6 ]-octahedra tilting and rotation in TbMnO3 (due to Jahn-Teller and GdFeO3
distortion), which moves the oxygen ions away from the symmetry position between
two manganese ions [160,162]. The DMc is reported to be four times stronger [161]
and plays a crucial role in this model. It is able to stabilize the spin spiral in
D
the bc-plane and, in competition with Hsia
, it can explain the spiral plane flop in
HF-C phases [141, 163, 164]. Finally, the biquadratic interaction term Hbiq in the
ab-plane originates from the spin-phonon coupling [165]. It helped to reproduce
optical spectra of DyMnO3 [114]. The calculated magnon dispersion shows strong
anti-crossing and folding of modes. It does not properly reproduce the magnon
dispersion in TbMnO3 [116, 142] or DyMnO3 [55] measured by INS.
The essential differences between the model developed in this section and the
model by Mochizuki et al. is the handling of the anisotropies. Our model stabilizes
the bc-cycloid by a distorted easy-plane anisotropy while the other model uses an
accurate description of easy-axis anisotropies and DM interactions. We modified
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Figure 4.15.: Calculated neutron intensity for TbMnO3 along [0K1] of the total cross
section S ⊥ (ω, Q) and the components M yy (ω, Q) and M zz (ω, Q). The scattering geometry was chosen so that y is in the bc-plane and z is parallel ~a. Different magnetic
models were used for the calculation: (a) Model M-III: elliptic spiral with moments
in the bc-plane, ~k = (0, 2/7, 0) and a staggered elliptic easy-plane anisotropy and (b)
model M-IV: elliptic spiral with moments in the bc-plane, ~k = (0, 1/4, 0), easy-axis
anisotropy along ~b and anisotropic exchange (DM).

our model step-by-step in order to analyze the implications on the dispersion.
Figure 4.14 shows crystallographic cell of TbMnO3 including the Mn-moments, a
staggered easy-plane anisotropy in the ab-plane and a DMc anisotropy along ~c.
The vectors point towards the displacement of oxygen ions from the symmetric
position between two Mn-ions. The DM interaction in the ab-plane was neglected
because of its reported weakness (DMc /DMab ≈ 4 in LaMnO3 ) [161].
First, we insert the staggering of the anisotropy direction in the ab-plane. The
model consists of an elliptic bc-spiral with moments Mb = 3.9 µB and Mc = 2.8 µB
and ~k = (0, 2/7, 0), JAF M = 0.82 meV, JF M = −0.38 meV, JN N = 0.31 meV,
SIAb = −0.18 meV and SIAc = −0.09 meV, shown in Fig. 4.15(a) (Model M-III).
The overall dispersion is unchanged from the staggering of the anisotropy. Minor
additional features are visible which may arise due to computational problems. To
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introduce the staggered anisotropy, the symmetry of the structure had to be set to
P 1, which strongly increases the number of parameters for the calculation.
In a second step, the anisotropy along ~c has been removed and the DM interaction activated. The model has the following parameters: elliptic bc-spiral with
moments Mb = 3.9 µB and Mc = 2.8 µB and ~k = (0, 2/7, 0), JAF M = 0.82 meV,
JF M = −0.38 meV, JN N = 0.31 meV, SIAb = −0.10 meV, SIAc = 0 meV, DMc =
(0.64, −0.2, 0)meV. In the presence of the DMc interaction, the moments become
alternately modulated [164]. To account for this effect, the moments were tilted ±4°
around the a-axis (cf. Fig. 4.14). The calculated intensity is shown in Fig. 4.15(b)
(model M-IV).
The result again nicely reproduces the main features of the previous calculations. This calculation of model M-IV verifies the assumption that the bc spin
cycloid can be stabilized by the combination of an easy-axis anisotropy and a
DM interaction. In the presented calculation, a strong antisymmetric exchange
of DMc = (0.64, −0.2, 0) meV is required to reproduce the experimental dispersion. The strength of the DM interaction seems to be exaggerated for a
relativistic effect induced by spin-orbit coupling [6, p. 144]. In transition-metal
ions, the orbital momentum is quenched in the crystal field and spin-orbit coupling can be neglected for most observed systems [53, p. 48]. The values are
eight times stronger than the values experimentally determined for LaMnO3
(DMc ≈ (0.08, −0.025, 0) meV) [161].
The spin waves in the spiral phase of TbMnO3 have been calculated assuming three
different approaches. Their main difference with each other lays in the stabilization
of the spiral along the c-axis: Model M-II assumes a bc easy-plane anisotropy,
model M-III assumes that the ferroelectric displacement results in an anisotropy
along ~c, and in model M-IV the spiral is stabilized by an antisymmetric exchange
along ~c. The comparison of the models M-II, M-III and M-IV shows, that the
principal features of the dispersion can be reproduced equally well by all models.
In the following section we will compare the spin-wave models with the magnon
dispersion obtained by INS and discuss the different sets of exchange parameters.

4.4. Magnetic excitations in the
incommensurate phase
In the previous section, we developed a simple spin model with easy-plane
anisotropy which nicely reproduces the main features of the magnon dispersion
of TbMnO3 in the multiferroic phase. The origin of the easy axis along ~c, which
stabilizes the spin spiral in the bc-plane is still matter of debate. Mochizuki et al.
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Figure 4.16.: Calculated neutron intensity for TbMnO3 along (a) [H, 0.28, 1], (b)
[0, K, 1] and (c) [0, 0.28, L] using model M-II. The calculation is based on an elliptic
spiral with moments in the bc-plane, ~k = (0, 2/7, 0) and an elliptic easy-plane anisotropy.
The dispersion was fitted to values obtained from inelastic neutron scattering (red points)
taken from Ref. [142].

suggest the influence of the intrinsic DM interaction along ~c [114], whereas Milstein
and Sushkov propose the induced ferroelectric displacement in the multiferroic
phase to account for it [143]. When we reproduce both models, M-III and M-IV,
using SpinW [94], strong values of these effects are necessary to stabilize the spiral
which seems to overestimate the strength in the real system.
In a phenomenological approach by Mostovoy, the strong influence of Tb-anisotropies
was discussed [43] which have not been taken into account by any of these models.
The introduction of Tb moments into the calculations presents a considerable
enhancement of complexity, since interactions between Tb and Mn moments also
have to be considered. Therefore, we will continue to describe our data with the
distorted easy-plane anisotropy model M-II and leave the origin of the anisotropy
along ~c open for discussion. The MATLAB code for model M-II is given in appendix B.

4.4.1. Fitting of the magnon dispersion
The magnon dispersion in the incommensurate multiferroic phase of TbMnO3
has been investigated in detail using inelastic neutron scattering by Senff et
al. [12, 116, 142]. We will use the positions of the different modes extracted from
this data to fit the parameters of our model M-II, which was calculated using
the SpinW code [94]. Figure 4.16 shows the calculated magnon intensity along
the principal directions [H, 0.28, 1], [0, K, 1] and [0, 0.28, L]. The mode energies
determined by INS at 17 K taken from Ref. [12] are indicated with red points.
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Table 4.2.: Comparison of interaction exchanges and anisotropies in the multiferroic
phase of TbMnO3 by Senff et al. [12], Milstein and Sushkov [143] and this work (M-II,
M-III, M-IV). The next-nearest neighbor exchange is fixed to the propagation vector
~k = (0, kinc , 0) as JN N = JF M /2 cos(kinc π).

Model

JF M (meV) JAF M (meV) SIA (meV)

Senff et al., ω⊥1

-0.10(1)

0.37(3)

-0.02(1)

Senff et al., ω⊥2

-0.15(1)

0.60(3)

-0.11(2)

Milstein et al.

-0.3

0.9

-0.125

Model M-II

-0.38

0.82

-(0,0.12,0.09)

Model M-III

-0.38

0.82

-(0,0.18,0.09)

Model M-IV

-0.38

0.82

-(0,0.1,0)

DM (meV)

-0.2 (DMF E )

(0.64,-0.2,0) (DMc )

The exchange parameters and the anisotropies of our model have been fitted to
the experimental data. The presented calculation was done assuming an elliptic
bc-spiral with moments Mb = 3.9 µB and Mc = 2.8 µB and ~k = (0, 2/7, 0),
JAF M = 0.82 meV, JF M = −0.38 meV, JN N = 0.31 meV, SIAb = −0.12 meV and
SIAc = −0.09 meV. The points extracted from INS data are very well described by
the simulation along the direction ~b of the propagation vector. The commensurate
approximation k = 2/7 ≈ 0.286 of the incommensurate propagation vector seems
to be accurate. The dispersion along ~a and ~c can qualitatively be described but
there are deviations from the experimentally observed positions.
At this point, we would like to recall the simplicity of the model, which only consists
of three exchange interactions and two single-ion anisotropies. In the real system,
several other effects may influence the spin dynamics of the Mn-moments, such as
(a) the DM interactions both along ~c and in the ab-plane [163], (b) the ferroelectric
displacements [166], (c) biquadratic [114] and ring exchange interaction [167]
and (d) the influence of the strong Tb-moments via direct exchange or crystal
field [131]. The complexity of this system highlights the fact that the dispersion
can be described by a relatively simple model.
The determined interaction exchanges and anisotropies are compared with values
previously reported in Table 4.2. The values from Senff et al. differ by a factor of
two due to a different definition of the parameters. Bonds between moments are
counted either once or twice in different models, producing a factor of two.
The accuracy of the estimated exchange values can be verified by calculating
the Néel temperature TN and the Weiss temperature using the Weiss mean-field
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equations [162]:
TN,M F = (4/3)S(S + 1)(2 · JF M − JAF M − JN N )/kb ≈ 30 K

(4.4)

θN,M F = (4/3)S(S + 1)(2 · JF M + JAF M + JN N )/kb ≈ −171 K

(4.5)

These theoretical values can be compared to experimental observations. The
antiferromagnetic ordering temperature of TbMnO3 is TN ≈ 41 K, where the Mn
moments form a spin-density-wave. Yet, the order is incomplete, as only the
b-component orders. Below TF E ≈ 28 K, when the moments form a bc-spiral,
the absolute ordered moment approaches the value of the isolated Mn3+ moment
of µef f = 4.9 µB [112]. The mean field value of the Néel temperature fits relatively well the experimental values. The Weiss temperature was observed to be
θN = −21.9(1) K for a polycrystalline sample of TbMnO3 [148]. Single crystal
data showed strong deviations of this value along the major symmetric directions:
θN,a = 17.6(1) K, θN,b = −9.3(5) K and θN,c = −128(1) K. Tb moments order
below TT b along ~a, and are dominant along this direction. The same accounts
along ~b, since the Tb-moments follow the ordering of Mn-moments in the upper
phase [11]. The c-direction primarily sees the Mn-moments and the measured
values correspond most to the value from the mean-field approach, which considers
only Mn-ordering. The frustration of the Mn-system is visible in the strong ratio
of Weiss and Néel temperature f = θ/TN ≈ −5.7.

Comparison with INS and IR data
In the proposed model M-II, there are two a-polarized out-of-plane modes at the
magnetic zone center at ω⊥1 = 1.0 meV and ω⊥2 = 2.5 meV. The splitting is due
to the distorted easy plane anisotropy: modes polarized along ~a with a static
b-component (rotation around ~b) are energetically preferred to ~a-modes with a
static c-component (rotation around ~c). These two modes correspond to a rotation
of the spins around ~b (cycloid mode) and to a rotation around ~c (helical mode),
referred to as ω⊥1 and ω⊥2 . When we apply the DM mechanism to both excitations
only ω⊥1 changes the direction of the induced electric polarization and should thus
be electrically active (see Fig. 4.4 for comparison). The rotation of the spin-plane
around ~b leads to an oscillation of the induced electric polarization along ~a, while
a rotation around ~c modulates only the magnitude of Pc and leaves its direction
unchanged.
Senff et al. separated the in-plane mode from the two out-of-plane modes at the
zone center experimentally using neutron polarization analysis [12]. The extracted
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energies and mode-polarizations perfectly match our model. The phase of the
out-of-plane modes could not be determined. Looking at the magnetic phase
diagram, the authors argue that the rotation around ~b is lower in energy since the
electric polarization flips from Pc to Pa in modest magnetic fields Ha,b [8]. They
conclude that for the case of a perfect circular cycloid ω⊥1 = 1.0 meV is the only
electrically active mode, which agrees with our argumentation. In addition, Senff
et al. point out, that the strict separation of both out-of-plane modes in the case
of an elliptic structure will not be valid anymore, which would allow a mixture of
modes, rendering both magnon excitations IR active [142].
Pimenov et al. report two electrically active modes, a stronger broad mode at
20 cm−1 = 2.48 meV and a weaker one at 10 cm−1 = 1.24 meV [57, 59]. Both
positions perfectly correspond to the out-of-plane modes of our model and INS
experiments, but their spectral weight seems permuted with respect to the previous
discussion. Following the previous discussion, one would expect ω⊥1 to be stronger
relative to ω⊥2 .
While in INS experiments one looks at the magnetic zone center at kinc = 0.28,
in optical spectroscopy one is restricted to the wave vector of the photon which
is always close to zero [59]. Yet, static modulations of the magnetic structure
with the same wave vector can preserve the momentum conservation. The IR
spectra are thus composed of contributions at different wave vectors, such as k = 0,
k = kinc and k = 2 · kinc , and their separation is not trivial [59]. It seems thus
convincing that the signal at 10 cm−1 is attributed to the zone-center mode ω⊥1 ,
which is electrically active in the DM-picture. The strong spectral weight of the
upper mode may arise from a two-magnon process [65,142] or through the exchange
striction mechanism [55, 114].

4.4.2. Comparison to time-of-flight data
Until now the magnon dispersion in the multiferroic phase of TbMnO3 has only
been reported along three main symmetry directions, as discussed in the previous
section. In order to verify the proposed spin-wave model M-II, a comparison to a
larger dataset is highly desired. We mounted a large single crystal (25 × 6 × 6 mm3 )
in a cryostat in [0, 1, 0/0, 0, 1] scattering geometry on the disk chopper time-of-flight
(TOF) spectrometer IN5 at the ILL. The instrument is set in direct geometry: a
monochromatic neutron pulse arrives at the sample and the position and flight
time of the scattered neutrons is measured in a detector bank covering a large
solid angle. The vertical angular range of the detector bank is ±20.55° which
limits the accessible range vertically to the scattering plane, i.e. the a-direction.
The accessible energy and Q range as well as the resolution can be modulated by
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the choice of the incident neutron wavelength. The frequency of neutron pulses
is set so that the highest energy transfer is 70 % of the incident energy. The
experiment has been performed at 17 K using three different incident neutron
wavelengths, λi,1 = 2.0 Å (Ei,1 = 20.5 meV), λi,2 = 3.75 Å (Ei,2 = 5.8 meV) and
λi,3 = 5.2 Å (Ei,3 = 3.0 meV). The corresponding energy resolutions determined
at the elastic line were ∆E1 ≈ 0.84 meV, ∆E2 ≈ 0.22 meV and ∆E3 ≈ 0.08 meV.
The resolutions are typical for this instrument (∆Ei /Ei ≈1.7 to 3.0 meV) [86].
~ ω) datasets was done using the HoThe treatment of the four-dimensional S(Q,
race suite for MATLAB [87]. No background subtraction was performed. Twodimensional cuts were generated from the dataset by integrating over a specific
range in Q and ω. For an incident neutron wavelength λi,1 the integration range was
0.2 (r.l.u) for Q and 1 meV for Ef (λi,2 : 0.1 (r.l.u) and 0.4 meV, correspondingly).
The 2D-cuts were reshaped using the implemented smooth function for 2 × 2 pixels
for a better visualization of the data [87].
The simulation of the TOF data was done using the distorted easy-plane model
described in the previous section. 2D-cuts were produced using SpinW by taking
into account the magnetic form factor fm (Q) of M n3+ and the Bose-factor for
energy-loss scattering 1/(1 − exp( k−E
)). For the (Q, E)-maps the energy resolution
bT
was adapted to the experimentally determined value. A finite Q-resolution and
an integration over the vertical Q-component were considered to be dispensable.
Accordingly, the simulated constant energy maps were integrated over a finite
energy range (corresponding to the experiment) and no Q-resolution was applied.
Figures 4.17 and 4.18 show the comparison of TOF data and SpinW simulation
for selected Q-scans along the principal directions. The intensity is logarithmically
color-coded. For all scans, the data could be nicely reproduced. The broadening of
the modes in the TOF data relative to the calculation is partly due to the neglected
Q-resolution and vertical integration of the simulation. Mainly, it arises from the
intrinsic linewidth of the excitations, which has been found to be significantly larger
than the best resolution used here, i.e. higher than 0.2 meV [116]. The datasets
using an incident neutron wavelength of λ = 2.0 and 3.75 Å show spurious signal
below 2 meV for wavelengths below the lattice constant of aluminum λ < 4.8 Å
coming from the aluminum sample holder and the cryostat.
The comparison of TOF data and SpinW simulation for constant energy cuts in the
bc-plane is shown in Figures 4.19 and 4.20. The difference between the linewidth of
experimental data and simulation can again be attributed to the broadened intrinsic linewidth of the magnon excitations in TbMnO3 and the missing Q resolution
in simulation.
The comparison of TOF data in the multiferroic phase of TbMnO3 at 17 K with
simulated neutron intensity maps using model M-II with parameters given in
Table 4.2 is very convincing, cf. Figs 4.17, 4.18, 4.19 and 4.20. The dispersion
along all main symmetry directions, as well as the intensity weight is reproduced
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Figure 4.17.: Comparison of inelastic scattering maps of TbMnO3 obtained from
neutron TOF spectroscopy at IN5 (left) at T = 17 K) and simulation (right). The
incident neutron wavelength and the energy resolution are given in the plot headers.
Model M-II (cf. Tab. 4.2) was used for the simulation and the Bose factor as well as the
magnetic form factor were taken into account.
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Figure 4.18.: Comparison of inelastic scattering maps of TbMnO3 obtained from
neutron TOF spectroscopy at IN5 (left) at T = 17 K) and simulation (right). The
incident neutron wavelength and the energy resolution are given in the plot headers.
Model M-II (cf. Tab. 4.2) was used for the simulation and the Bose factor as well as the
magnetic form factor were taken into account.
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Figure 4.19.: Comparison of inelastic scattering maps of TbMnO3 obtained from
neutron TOF spectroscopy at IN5 (left) at T = 17 K) and simulation (right) in the
[0, K, L] plane. The incident neutron wavelength and the energy resolution are given in
the plot headers. Model M-II (cf. Tab. 4.2) was used for the simulation and the Bose
factor as well as the magnetic form factor were taken into account.
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Figure 4.20.: Comparison of inelastic scattering maps of TbMnO3 obtained from
neutron TOF spectroscopy at IN5 (left) at T = 17 K) and simulation (right) in the
[0, K, L] plane. The incident neutron wavelength and the energy resolution are given in
the plot headers. Model M-II (cf. Tab. 4.2) was used for the simulation and the Bose
factor as well as the magnetic form factor were taken into account.
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quite well. The model M-II assumes only the ordering and interaction of Mn
moments with a distorted planar anisotropy. A qualitative description of the
excitation spectra in this phase is therefore possible without considering a Tb-Mn
interaction and the influence of intrinsic and ferroelectric DM interactions. These
effects may be hidden in the model in the anisotropy term along ~c, which stabilizes
the spin-spiral in the bc-plane.

4.4.3. Chirality of excitations
Further insight of the complex excitation spectra can be gained by applying
experimental techniques to separate the different branches. Polarized neutrons
were successfully applied to distinguish the polarization of the three zone-center
modes [12]. By the application of an electric field, it is possible to obtain a mono~ ⊥ ×M
~ ∗ )x . This
domain sample and thus probe the magnetic chiral component −i(M
⊥
technique has been been performed for TbMnO3 on magnetic Bragg peaks [49], the
temperature dependence of the propagation vector [128] and the magnon dispersion
along [H, 0.28, 1] [137].
Aim of this experiment was the investigation of the chiral components of the
~ = (2, K, 1) in the multiferroic material TbMnO3 using spherical
magnons along Q
polarization analysis with Cryopad in order to distinguish the different magnetic
excitations by their origin. In a simple cycloidal incommensurate structure one
may expect the phason branch to exhibit a strong chiral component which should
vary with the propagation vector. Contrarily, the out-of-plane modes should not
carry any chiral signal.
A large single crystal of TbMnO3 was mounted in [201]/[010] scattering geometry on
the cold neutron TAS instrument IN14 with Cryopad option at the ILL. Throughout the experiment, we worked with a final neutron energy of Ef = 5.00 meV
−1
(kf = 1.55 Å ) and a Be-filter on kf . The neutrons were polarized by a supermirror
bender and analyzed by the Bragg reflection on a Heusler crystal. The flipping

~ = −(2, 0.28, 1)
Table 4.3.: Coordinate system in a polarized neutron experiment at Q
in TbMnO3 mounted in [201]/[010] geometry.

~ (r.l.u.)
Q

~ a) ∠(Q,
~ ~b) ∠(Q,~
~ c)
∠(Q,~

x

(−2.00, −0.28, −1.00)

20.8°

83.2°

70.4°

y

( 0.56, −5.00, 0.28)

97.0°

7.5°

92.5°

z

( 1.00, 0.00, −2.00)

124.9°

90°

39.9°
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Figure 4.21.: Chiral magnetic scattering of TbMnO3 measured by polarized neutrons.
(a) Temperature dependence of the cross sections σxx̄ and σx̄x at the magnetic Bragg
~ = −(2, 0.28, 1) at IN14. An electric voltage of 7.8 kV (≈ 355 V mm−1 ) was
peak Q
~ for both channels at
applied along ~c. (b) Energy scan at the magnetic zone center Q
T = 17 K. Two Gaussian functions were fitted to each curve. (c) Evolution of the
inelastic chiral intensity σxx̄ − σx̄x along −[2, K, 1] at T = 17 K. The gray bars indicate
the positions zone-center modes [12].

ratio on a magnetic Bragg peak was F R ≈ 36 which corresponds to a polarization
of the neutron beam of approximately 95 %. The resolution at the given analyzed
wavelength was determined on the elastic line, ∆E ≈ 0.24 meV. The crystal was
placed between two thin aluminum plates in order to apply an electric field along
the crystallographic c-direction, the direction of the electric polarization in the
multiferroic phase. The distance of about 22 mm between the two aluminum plates
therefore requires a high voltage to create the electric field needed to pole the large
crystal. We were able to apply a voltage of 7.8 kV corresponding to an electric
field of 355 V mm−1 .
The chirality of the magnetic scattering can be obtained straightforwardly by the
determination of the chiral magnetic component. One has to ensure that the
propagation vector forms an angle with the basal plane of the spin spiral. We
~ = −(2, 0.28, 1). We remind of
performed the experiment around the position Q
~ z
the coordination system used in a polarized neutron experiment with x parallel Q,
vertical to the scattering plane and y perpendicular to x and y. The corresponding
vectors and their angles to the principal crystallographic directions are shown in
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Figure 4.22: Chirality of
elastic and inelastic magnetic scattering in TbMnO3
~ = −(2, k, 1) at
along Q
IN14: (a) Elastic intensity
of cross sections σxx̄ and
σx̄x , (b) chiral ratio of elastic signal in two Brillouin
zones, (c) chiral ratio of lowenergy phason mode.

Table 4.3. The subtraction of the spin-flip channels along x, σxx̄ and σx̄x , directly
gives the background-free intensity.
The temperature dependence of the two spin-flip channels along x at the elastic
~ = −(2, 0.28, 1) is shown in Figure 4.21(a). The phase
Bragg position at Q
transitions at TN and TF E are indicated by dashed lines. The applied electric field
poles the domains in the sample and the polarization analysis is able to distinguish
between both vector chiralities. We obtain a ratio between both channels of
about 3 : 1 at the magnetic Bragg peak which corresponds to a chiral ratio of
−Ix̄x
rchiral = IIxx̄
≈ 0.5. This value can only reach the maximum of rchiral = 1 when
xx̄ +Ix̄x
~ is perpendicular to the spiral plane. From Table 4.3 an
the scattering vector Q
~ = −(2, 0.28, 1) and the spiral plane bc of 69.2° can be deduced.
angle between Q
One also has to take into account the elliptic shape of the spin spiral and the
~ relative to the ellipse. This yields a maximum value of the chiral
orientation of Q
ratio at this position of rchiral,Q,max = 0.93. We can conclude that more than 75 %
of the sample were in one domain. In previous experiments a higher ratio of up to
rchiral ≈ 0.8 was achieved [49, 137]. This was only possible using smaller samples
which increased the maximum applicable electric field. In this experiment, a large
sample was necessary to investigate the generally weak inelastic signal which is
payed by a lower poling. The achieved value, nevertheless, is sufficiently high
enough to probe the chiral component of the magnetic excitations.
The magnetic excitations at the magnetic zone center at 17 K inside the multiferroic phase are shown in Fig. 4.21(b). At this scattering vector the contribution
of a-polarized out-of-plane excitations is strongly suppressed by the sizable bcomponent, sin2 (αa ) = 0.12, and the scattering intensity comes primarily from
in-plane modes, sin2 (αbc ) = 0.88. In addition, one can state that according to
the simple model only the low-energy phason mode carries a chiral component
and should be visible in the subtraction of the spin-flip channels along x. The
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positions of the in-plane phason mode (ω1 ≈ 0.1 meV) and the two out-of-plane
modes (ω2 ≈ 1.0 meV and ω3 ≈ 2.5 meV) are indicated by gray bars. The observed
chiral signal is remarkably broadened and can only be described by a combination
of two Gaussian functions (dotted lines).
~ = (2, K, 1).
Figure 4.21(c) shows the dispersion of the chiral signal σxx̄ −σx̄x along Q
The intensity of the subtraction decreases away from the zone center and vanishes
~ = −(2, 0, 1). At all positions, the signal is significantly
at the zone boundary Q
broadened and a pure influence from the finite resolution ellipsoid seems unlikely
with the good resolution of ∆E ≈ 0.24 meV. As the scattering vector is almost
fully aligned along the a-direction, an overlapping contribution of the out-of-plane
modes can be neglected. It seems instead that the phason itself is rather complex
and split into several contributions or branches. This new finding might be related
to the back-folding of a split phason mode, which was theoretically predicted by
Mochizuki et al. [114].
In the following, we will concentrate on the low-energy chiral signal whose energy
corresponds to the phason mode. In Figure 4.22 the chirality of the Bragg peak
signals (a) and (b) is compared with the dispersion of the chirality of the phason
~ = −(2, K, 1) shows two magnetic Bragg reflections
mode. The elastic scan along Q
~ changes
with opposite chiral ratio. This is due to the scattering geometry when Q
the sign. It explains the decrease of the phason chirality when approaching the
~ = −(2, 0, 1). It
zone boundary in Fig. 4.22(c) to zero at the zone boundary Q
should be mentioned that by the application of an inverted electric field, the sign
of chirality of the Bragg peaks and the phason mode is fully reversed.
During the experiment it was not observed that the application of an electric field
resulted in a variation of the positions of the mode. The energy of the field applied
to the electric dipoles seems to be negligible in comparison to the magnetic interactions. Accordingly, the magnon dispersion could be modeled without considering
the ferroelectric ordering in the spiral phase (cf. Section 4.3).
The investigation of the chiral components of the magnon modes in the spiral phase
of TbMnO3 revealed another interesting finding. Figure 4.23(a) shows the chiral
component, i.e. the subtraction of both xSF channels σxx̄ − σx̄x , of the excitation
~ = −(2, 0.28, 1) at 17 K. The same scan
spectrum at the magnetic zone center Q
was measured at IN14, as described above, and at the thermal TAS instrument
−1
IN20 at the ILL using kf = 2.66 Å performed by M. Baum [168]. The latter
experimental setting allows to measure at higher energy transfer, with the cost of
a relaxed resolution. Both spectra where matched by multiplying the IN14 data
by a factor of 20, which accounts for the higher flux on thermal instruments. For
both scans the sample was poled by an electric field. At low energies, the intensity
of the chiral component is strongly positive and exceeds the vertical scale (see
Fig. 4.21(c) for the full scale). Surprisingly, at higher energies, the intensity not
only decreases, but chances its sign at an energy transfer of approximately 4 meV.
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Figure 4.23.: Dispersion of chiral magnetic scattering in TbMnO3 at T = 17 K, poled
by an electric field of E ≈ 355 V mm−1 . (a) Chirality component, σxx̄ − σx̄x , of zonecenter modes measured on IN14 and IN20 [168]. The intensity of the IN14 scan was
multiplied by a factor of 20. (b) Simulation of chiral magnetic scattering Im(M yz − M zy )
~ = (2, K, 1). The sign of chirality is color-coded. The simulation is
in TbMnO3 along Q
compared to data obtained at IN14 (this thesis) and IN20 [168] at T = 17 K. The color
of the symbols corresponds to the sign of chirality of the modes.

This observation is visible in both scans and cannot be explained by statistical
variations. We can state that there is a high-energy mode at the zone center which
bears an opposite chirality with respect to the static Bragg peak.
The mode of opposite chirality could be followed through the Brillouin zone on
IN20 (data not shown) [168]. We will simulate the chiral magnetic scattering
using the model M-II, developed in this chapter, to investigate the origin of this
mode. Figure 4.23(b) shows the calculated neutron intensity M yz − M zy (which
~ = (2, K, 1). The color
corresponds to the magnetic chiral component) along Q
scale ranges from negative (green) to positive (blue) values. The calculation can
directly be compared to experimental values. Green dots denote the position
and sign of chirality of the phason mode. The values have been determined by
Gaussian fits to the data (an example is shown in Fig. 4.21). In addition, we show
values of the high-energy mode obtained at IN20. This mode shows a reversed
chirality, with respect to the static Bragg peak. The data extracted from both
experiments confirm the calculated opposite sign of the mode chirality arising from
back-folding of the phason mode of the neighboring Brillouin zone. The coexistence
of modes with different sign of chirality has been reported in Ba3 NbFe3 Si2 O14
whose structure is intrinsically chiral [169, 170].
We can conclude that the chiral component of the in-plane phason mode could be
well described by model M-II. The high energy modes of reversed chiral component
can be attributed to a back-folding of the phason mode. The discrepancy between
experiment and simulation is found in the width of the chiral component. While
the simulation predicts only a chiral component for the phason mode, the experi-
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~ = (0, K, 1) at T = 17 K
Figure 4.24.: Inelastic neutron intensity of TbMnO3 along Q
(a) and T = 2 K (b) at Thales. The intensity is logarithmically color-coded. The sharp
diagonal features can be attributed to spurious signals arising from strong Bragg peak
scattering.

mentally observed chiral signal is significantly broadened and cannot be described
by a single mode.

4.4.4. Influence of the Tb-subsystem
The Tb-subsystem orders at TT b = 7 K with a propagation vector of ~kT b =
(0, 0.42, 0) and with moments aligned parallel to the a-direction. It has been
proposed that below this temperature the propagation vectors of Mn and Tb order
are connected via 3kT b − kM n = 1 which implies a sizable interaction JM n−T b [131].
Even at 15 K, a sizable polarized moment of Tb was found [11]. The rare-earth
magnetic ordering has a clear impact on the multiferroic phase [171] and Kajimoto
et al. found the development of additional Mn structures (G, C and F type) which
may arise due to the Tb-subsystem [123]. Furthermore, Voigt et al. reported the
induced ordering of 4f moments in the multiferroic phase [132].
The investigation of the magnon dispersion in TbMnO3 has so far been performed
at 17 K or higher temperatures in order to avoid a stronger influence from the
rare-earth ions [142]. Nevertheless, it seems possible that, even in this temperature
range of the multiferroic phase, the influence cannot be neglected due to the
observations given above. A direct comparison of the spin excitations below and
well above the transition temperature of the TT b may help to understand the
relevant changes induced by the Tb ordering.
The same large crystal used in the previous section was installed on the coldneutron TAS instrument Thales at the ILL in [010]/[001] scattering geometry. The
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experiment was performed with a fixed final neutron energy of Ef = 4.64 meV
−1
(kf = 1.50 Å ) and a velocity selector on ki . PG-monochromator and analyzer were
set to be double-focusing. The instruments energy resolution of ∆E ≈ 0.19 meV
was determined on the elastic line. It has been verified that the measured linewidth
of the magnetic excitations are intrinsic and did not sharpen with higher instrument
−1
resolution at kf = 1.20 Å .
~ = (0, K, 1) at
Figure 4.24 compares the excitation spectrum in TbMnO3 along Q
17 K, in the multiferroic phase, and at 2 K, below TT b . The sharp features can be
attributed to scattering of the magnetic Bragg reflections. Usually these spurious
effects are eliminated using a Be-filter on kf , which was not available during the
experiment. At the higher temperature, only two spurions from the Mn Bragg
reflections are visible and at the lower temperature also the Tb Bragg reflections
are visible. The overall features of the dispersion are recovered below TT b but
especially at the zone center significant changes occur. All modes shift to higher
energies and at least one additional mode can be identified.
The changes of the spectra are studied in more detail in Figure 4.25(a)-(c). The
temperature dependencies in the range of 2 to 17 K are given for energy scans at
~ = (0, 0, 1), (b) Q
~ = (0, 0.28, 1) and (c) Q
~ = (0, 0.28, 1.5). First we look
(a) Q
at the magnetic zone center. A peak appears at a finite but still low energy (at
2 K well below the Tb ordering this peaks lies at about 0.7 meV). The smooth
temperature dependence enables us to interpret this low-energy peak as the phason
mode which acquires finite energy due to enhanced pinning at low temperatures.
Furthermore, the position of the mode at 2 K agrees well to an antiferromagnetic
resonance mode at 5 cm−1 = 0.625 meV measured in IR spectroscopy [59, 144]. At
higher temperatures this mode shifts to smaller energies and moves out of the
energy range accessible by IR. The two a-polarized modes, i.e. the electromagnons,
harden upon cooling in perfect agreement with the IR studies [59, 144]. The upper
one shows a kink at the inset of the Tb order. More surprisingly, the lower of both
modes either splits up into two modes below TT b or a new mode appears. This
~ = (0, 0, 1), cf. Fig. 4.25(a).
mode splitting is also visible at the zone boundary Q
The comparison of the magnon dispersion of the Mn-oder above and below the
ordering temperature of the Tb-subsystem revealed drastic changes of the dynamics.
At low temperatures we find a splitting of modes and it is possible, that an overlap of
modes leads to the significant broadening of inelastic signal at higher temperatures.
Further investigations and a more complex simulation including the Tb-order are
necessary in order to fully describe the dispersion below TT b .
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Figure 4.25.: Temperature dependence of inelastic neutron scattering of TbMnO3 at
~ = (0, 0, 1), (b) Q
~ = (0, 0.28, 1) and (c) Q
~ = (0, 0.28, 1.5) at Thales. The
(a) Q
intensity is logarithmically color-coded. Selected energy scans corresponding to the color
map are shown on the right side.
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4.5. Magnetic excitations in commensurate
high-field phase phase
TbMnO3 shows a 90° flop of ferroelectric polarization (Pc to Pa ) and spin-spiral
plane (bc-plane to ab-plane) in magnetic fields applied along ~a and ~b, resulting from
the giant magnetoelectric effect in spin-inducted multiferroics [8]. The polarization
flop can perfectly be explained with the DM model of the static structure [48, 139].
A discrepancy was found when looking at the magnetic and electric excitations.
An INS experiment in fields Ha revealed an excitation spectrum at the zone center
which is consistent with the flop of the spin-spiral plane [56] (a model is shown in
Fig. 4.4). According to the DM mechanism, the polarization of the electromagnon
mode should also rotate from ~a to ~c, which could not be confirmed by IR spectroscopy [59].
Recently, Shuvaev et al. reinvestigated the field-induced flop in magnetic fields Hb
and their IR experiments showed an electromagnon polarized along ~a in the commensurate high field phase HF-C. This mode would correspond to the out-of-plane
excitation of an ab-spiral and match the DM mechanism [60]. We used inelastic
neutron scattering in the Hb high field phase to be able to directly compare IR
and INS results.

Experiment details
The experiment was performed at the cold TAS instrument IN14 at the ILL. A
single crystal of TbMnO3 was mounted with the scattering plane defined by the
directions [1, 0, 0] and [0, 0.25, 1] in a 10 T vertical cryomagnet. The (0, 0, 2)reflection of pyrolytic graphite was used to monochromate and analyze the energy
of the neutrons. The energy of the analyzed neutrons was fixed to Ef = 4.66 meV
−1
−1
(kf = 1.50 Å ). Selected scans were repeated with Ef = 3.44 meV (kf = 1.29 Å )
to verify with better resolution that the broadening of the observed excitations was
intrinsic. We used vertical (monochromator) and horizontal (analyzer) focusing
in order to increase the neutron flux on the sample. A cooled beryllium filter
was mounted behind the sample in the neutron path to suppress contaminations
by higher-order neutrons. The measurements were done at two temperatures in
the multiferroic phase, 12 K and 2 K, in order to investigate the influence of the
Tb-subsystem and to compare the data with previous experiments.
In order to reach the magnetic propagation vector of the HF-C phase, ~kcom =
(0, 0.25, 0), the b-axis had to be tilted relative to the vertical axis by α = 11.2◦ . An
applied magnetic field thus has components along ~b and ~a, respectively (98 %k Hb
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Figure 4.26.: (a) Schematic phase diagram of TbMnO3 for magnetic fields applied along
~b [8]. Stars denote the positions of the recorded spin-wave spectra, the line highlights
the position of the temperature scan in (b). (b) Neutron intensity of the Bragg peak
~ 2 = (2, qk , 1) as function of temperature in 8 T applied along ~b. The gray
position Q
bars indicate the magnetic phase transitions.

and 19 %k Hc ). As an example, at the maximum applied field of 8 T, we get
a distribution of 7.9 T along Hb and 1.6 T along Hc . The induced transition in
magnetic fields Hc occurs at all temperatures above 5 T [8]. We conclude that
the small tilting of the magnetic field with respect to the b-axis has only a minor
influence on the system and in particular on the magnetic phase. No significant
changes are expected in both, the transition temperatures and the incommensurate
character of the phase. In this section, we will refer to a magnetic field applied
along ~b for simplicity.
In the high-field phase HF-C, the propagation vector ~k = (0, qk , 0) changes
from qk ≈ 0.28 to qk = 0.25. This small difference has no significant impact on
the experimental setup, since both vectors are within the vertical resolution of
the spectrometer and the dispersion along b is known to be rather flat [142]. In
~ 1 = (0, qk , 1) and
the following, we will refer to the zone center positions as Q
~ 2 = (2, qk , 1) for both spiral phases, in zero field and in fields Hb .
Q

Phase transition
The magnetic phase diagram of TbMnO3 in magnetic fields applied along ~b is
schematically shown in Figure 4.26(a), after Ref. [8]. Black solid lines indicate the
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different magnetic phases: an incommensurate SDW phase at higher temperatures,
an incommensurate bc-spiral phase in low fields (LF-IC) and a commensurate
ab-spiral phase (HF-C) at high fields. Both spiral phases develop a ferroelectric
polarization Pc and Pa , respectively. Stars denote the positions in the phase
diagram of INS spectra investigated in this section.
The temperature dependence of the neutron intensity at magnetic Bragg peak
~ 2 = (2, qk , 1) in Hb = 8 T is given in Fig. 4.26(b). The position in the
position Q
phase diagram is indicated as a red dashed line. The evolution of scattered intensity
with decreasing temperature can be understood as follows: Below TN = 42 K, the
Mn-moments order in a SDW, leading to an increase of intensity. The transition
into the LF-IC phase at TF E = 28 K results in a strong enhancement of intensity. In
this phase, the magnetic structure develops a ~c-component, to which the scattering
~ 2 = (2, qk , 1) is sensitive.
vector Q
At about 17 K, the neutron intensity shows a sharp feature at the LF-IC→HF-C
transition, which is followed by a decrease of intensity. Here, the spin-spiral plane
flops from bc to ab [48]. The magnetic moment which contributs to the scattering
~ ⊥ changes with Q.
~ This is why the scattering vector Q
~ 2 = (2, qk , 1) is less
M
sensitive to magnetic components parallel to ~a, which results in a loss of scattered
intensity. The flop of the spin-spiral plane is accompanied by a change of the
propagation vector ~k = (0, qk , 0) from qk ≈ 0.28 to the commensurable value
of qk = 0.25. This may explain the sharp peak at the transition under the given
experimental conditions.

4.5.1. Zone-center modes in the HF-C phase
In the following, we will discuss the magnetic excitation spectra in the zero field
and the high-field multiferroic phase. Inelastic scans at the magnetic zone centers
~ 1 = (0, qk , 1) and Q
~ 2 = (2, qk , 1) are presented in Fig. 4.27. The spectra were
Q
recorded in the LF-IC phase at Hb = 0 T and in the HF-C phase at Hb = 8 T.
Two different temperatures were chosen: well above (12 K) and below (2 K) the
ordering temperature of the Tb-subsystem.
Strong magnetic signals are present in all four spectra. A weak feature is common
in all spectra at an energy transfer of approximately 4.5 K. This feature has been
identified in an INS study in zero field as a contribution of the crystal field (CF)
excitation of the Tb-subsystem [12]. Crystal field calculations done on TbMnO3
agree with this interpretation and find ωT b = 4.6 meV [172]. We will ignore this
CF excitation in the following, as no significant changes can be observed in all
spectra above 4 meV. In contrast, the applied magnetic field has a remarkable of
influence on the low energy excitations at both investigated temperatures.

83

4. Electromagons in TbMnO3
Q = (H qk 1)
(a) 12 K, 0 T

Intensity (cts/30sec)

125

H=0
H=2

(c) 12 K, 8 T

100
75
50
25
0
(b) 2 K, 0 T

Intensity (cts/30sec)

125

(d) 2 K, 8 T

100
75
50
25
0

1

2
3
Energy (meV)

4

1

2
3
Energy (meV)

4

~ 1 = (0, qk , 1)
Figure 4.27.: Zone center excitations at the magnetic Bragg positions Q
~ 2 = (2, qk , 1) at IN14. The spectra were recorded at (a) 12 K and 0 T, (b) 2 K
and Q
and 0 T, (c) 12 K and 8 T and (d) 2 K and 8 T, with the magnetic field applied along ~b.
The gray bars denote the positions of the low-energy magnon modes of the Mn-order.

At zero field, the magnon spectrum consists of three different low-energy branches
which are indicated with gray bars in Fig. 4.27(a). These features can be attributed
~
to the Mn-order, which has been shown by the comparison of the Q-dependence
3+
of the inelastic signal with the magnetic form factor of Mn by Senff et al. [12].
Furthermore, the authors applied longitudinal neutron polarization analysis and
were able to unambiguously identify the phason mode (low-energy mode) as well
as two a-polarized modes [12].
The zone center excitations could be well described by fitting three Gaussian
functions to the data. The positions of the peak energies are indicated as gray bars
in Figs. 4.27(a-d). The energies found at 12 K and 8 T are slightly higher than
those in Reference [12], where the spectrum was recorded at 17 K. This observation
is consistent with the hardening of modes in lower temperatures and is even more
pronounced at 2 K in Fig. 4.27(b). The temperature dependence of the magnetic
excitations will be discussed in a separate section.
The change of the spectra form the LF-IC phase to the HF-C phase is similar at
both investigated temperatures. At 12 K in the high field phase, the spectrum
can be decomposed into two strong excitations, centered around 0.7 meV and
2.0 meV, as well as a weaker excitation around 2.5 meV, indicated by gray bars
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in Fig. 4.27(c). These three modes shift to slightly higher energies at 2 K, see
Fig. 4.27(d). In addition, a fourth peak appears at this temperature at approximately 3.5 meV. At 12 K, this peak transforms into a broad signal, which shows
the same Q-dependence. From the temperature dependence, we may assign this
mode to arise from Tb-ordering. In the following, this feature will be excluded
from the analysis and discussion.

Polarization of HF-C magnetic excitations
~
A systematic analysis of the Q-dependence
of the magnetic excitations will be applied in order to determine their polarization character. Only magnetic components
~⊥ , contribute to the neutron scattering
perpendicular to the scattering vector, S
intensity. The observed intensity of the modes is proportional to the magnetic
~ and the magnetic polarization:
form factor of Mn3+ and the angle α between Q
2
I ∝ fm
(Q)sin2 (α) .

(4.6)

The excitation spectrum in the HF-C field was recorded at two different zone
~ 1 = (0, qk , 1) and Q
~ 2 = (2, qk , 1). Fig. 4.27(c) spectra recorded 12 K
centers Q
and 8 T. The magnon frequencies extracted from fitting are identical at these two
~ points: ~ω1 = 0.73 meV, ~ω2 = 1.98 meV and ~ω3 = 2.47 meV. Their spectral
Q
~ 2 and
weight changes drastically at both positions: The mode ω1 is stronger for Q
~ 1 . The identification of the weak mode ω3 suffers from the
ω2 is enhanced for Q
fact, that it slightly overlaps with the stronger mode at ω2 . A comparison with
~ dependence, which is the same
the low temperature data helps to reveal their Q
as for ω1 .
~
We can state that Q-dependence
of the three investigated modes is similar at both
temperatures in 8 T in the HF-C phase. In this phase, the Mn-moments form a
spin-spiral in the ab-plane. In-plane (ab-polarized) and out-of-plane (c-polarized)
modes can be distinguished with the help of Eq. 4.6 by looking at the angle α be~ and ~c. This angle can be calculated to be α1 = 17.5° for Q
~ 1 and α2 = 70.4°
tween Q
~ 2 . For magnetic fluctuation polarized predominantly perpendicular to ~c, one
for Q
expects increasing of scattered intensity towards higher α. We will show that this
is the case for ω2 : For an entirely ab-polarized mode, one expects an intensity ratio
exp
of IQ~ 1 :IQ~ 2 = 4.4. The experimentally observed ratio of IQexp
~ 1 :IQ
~ 2 = 4.0 supports
the assumption. The ω2 mode may thus be identified as the phason mode of the
ab-cycloid.
~
The same analysis will be applied to the the modes ω1 and ω3 . Their Q-dependence
shows the opposite behavior: a decrease of scattered intensity for increasing α. This
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suggests that these modes are polarized parallel to the c-axis. The intensities at
exp
both positions, ω1 and ω3 , yield an intensity ratio of IQexp
~ 1 :IQ
~ 2 = 0.2. This is in good
agreement with the expected value for a purely c-polarized mode, IQ~ 1 :IQ~ 2 = 0.4.
This comparison allows the assumption that the modes ω1 and ω3 are out-of-plane
modes of the ab-cycloid.
The analysis of the zone center spectra in the HF-C phase, shown in Fig. 4.27(c-d),
revealed the presence of a in-plane mode (ω2 ) and two out-of-plane modes (ω1
and ω3 ) of the ab-spiral. We can show that our observations are fully consistent
with the field-induced flop of the magnetic cycloid from the bc to the ab-plane.
The strong mode ω2 is polarized within the ab-plane and should correspond to
the phason mode of the commensurate spiral. The energy of the phason mode is
strongly enhanced in comparison with the LF-IC phase, from ≈ 0.1 meV at 0 T
to 1.9 meV at 8 T. This enhancement can be attributed to the strong pinning of
the commensurate spiral at high fields. The same pinning effect of the phason
mode was found for the Ha transition [56]. The two other modes, ω1 and ω3 ,
are polarized perpendicular to the spiral plane and correspond thus to the two
out-of-plane modes of the zero field spiral. A sketch of the zone-center modes in
the LF-IC and the HF-C phase is shown in Fig. 4.4. The two out-of-planes differ
from each other as one consists of a static a-component (rotation of spins around
~a: helical mode), while the other consists of a static b-component (rotation of
spins around ~b: cycloid mode). The latter mode is expected too strongly couple to
an alternating electric field along ~c and should be visible in optical spectroscopy [54].

Comparison to IR spectroscopy
Shuvaev et al. reported an optical experiment in the HF-C phase for magnetic fields
along ~b [60]. The authors indeed find evidence for an electromagnetic excitation
around 2.6 meV at 6 K, which is electrically polarized in c-direction. The signal
was associated with the dominating peak reported by the previous INS experiment
in the HF-C phase [60]. This interpretation, however, does not seem plausible, as
this strong mode clearly can be identified as the phason mode, which should not
be magnetoelectrically active [56]. The previous INS experiment was performed in
magnetic fields along ~a and a direct comparison with the optical data cannot be
made. Our experiment shows, that the magnon modes polarized perpendicular
to the cycloidal plane are significantly different in the HF-C phases induced by
magnetic field along ~a [56] or ~b. Senff et al. reported mode frequencies of 0.5 meV,
2.25 meV and 3.0 meV at 17 K and in 12 T applied along ~a.
The modulation of magnon energies with the direction of the magnetic field can be
understood by simple considerations. A magnetic field along ~b will favor the reduc-
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Figure 4.28.: (a) Magnetic field dependence of the zone center excitations at the
~ 1 = (0, qk , 1) and Q
~ 2 = (2, qk , 1) for field applied along
magnetic Bragg positions Q
~b at 2 K at IN14. (b) Temperature dependence of the zone center excitations at the
~ 2 = (2, qk , 1) in 8 T applied along ~b.
~ 1 = (0, qk , 1) and Q
magnetic Bragg positions Q

tion of the antiferromagnetically ordered moment along ~b, so that the magnetic
polarization does not need to overcome the exchange. Following this approach, we
suppose that the lower of the out-of-plane modes, ω1 , corresponds to the mode in
which mainly the b-component oscillates in c-direction, the helical mode. Subsequently, the mode ω3 is likely to correspond to the rotation around the direction
of the magnetic propagation vector ~b, the cycloid mode. This mode rotates the
spiral plane and is expected to induce a strong dielectric oscillation via the DM
mechanism [54]. The frequency of ω3 only changes slightly with temperature and
thus perfectly matches with the optical experiment performed at 6 K [60]. An
electrically active c-mode in both HF-C phases has also been detected at the
same energy by Raman spectroscopy, hardening our interpretation [173]. In an
INS experiments performed on DyMnO3 [55], the cycloid rotation mode was also
found at the same frequencies as a low-energy optical signal, which matches our
conclusion for the HF-C phase in TbMnO3 .

4.5.2. Dependency of modes on H b , T and Q
The evolution of the magnetic zone center spectra with increasing magnetic field
along ~b is shown in Figure 4.28(a) at 2 K. The spectra were recorded at two zone
~ 1 = (0, qk , 1) and Q
~ 2 = (2, qk , 1). Within the LF-IC phase and
center positions Q
the HF-C phase, the spectra are practically identical and show no influence of the
field and can be described using the same frequencies. Between 4 T and 6.2 T the
excitation spectrum changes drastically, when the spiral-plane flops from bc to ab.
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Figure 4.29.: Intensity mapping of the spin-wave excitations at (a) 12 K and (b) 2 K
~ = (H, qk , 1) in 8 T applied along ~b at IN14. The dispersion was fitted applying
along Q
the same model as the one described in Ref. [56] using the parameters given in the plot.

The data reflects the strong first-order character of the LF-IC to HF-C transition.
Figure 4.28(b) shows the temperature dependence of the magnetic excitations in
~ 1 = (0, qk , 1) and Q
~ 2 = (2, qk , 1).
Hb = 8 T at the same zone center positions Q
From the phase diagram in Fig. 4.26, we can deduce that the system is in the LT-IC
phase at 21 K. The spectral weight is centered at low energies at this temperature,
in agreement to previous reports [142]. At 17 K, the system is close to the LT-IC
phase transition, but the feature at low energies is still enhanced and the phason
pinning can be incomplete. Finally, at 12 K the Mn-moments are ordered in the
HF-C phase and the spin-wave spectrum changes significantly. The intensity at
low energies is suppressed, whereas a strong mode centered around 2 meV evolved.
Between 12 K and 2 K the modes slightly shift towards higher energies.
In the given experimental geometry, it was possible to follow the magnetic ex~ = (H, qk , 1). Figure 4.29(a-b) shows a
citations in the HF-C phase along Q
logarithmic intensity mapping of energy scans along the a-direction between the
~ 1 = (0, qk , 1) and Q
~ 2 = (2, qk , 1) in Hb = 8 T
two magnetic zone centers Q
at temperatures of 12 K and 2 K. Open and filled circles denote the position of
the modes obtained by fitting Gaussian functions to the spectra. Filled points
were used to fit the spin-wave dispersion along ~a. A simple spin-only Hamiltonian
model was used assuming a FM exchange JF M between nearest neighbors within
the ab-planes, an AFM exchange JAF M along ~c, and a single-ion anisotropy A.
This model has been used before to describe the dispersion in the zero field multiferroic LF-IC phase and the HF-C phase in Ha [56, 142]. The interaction JAF M
along ~c has been fixed to the value used in Ref. [56]. The simple model fails to
describe the splitting of the different branches and the incommensurability along
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~b. Nevertheless, it allows to estimate values for JF M and the anisotropy A in the
HF-C phase, which can be compared to the zero field phase and the HF-C phase
in fields Ha . The overall dispersion is very similar in all phases. Accordingly, the
obtained value for JF M ≈ 0.13 meV at both temperatures does not differ from the
zero field phase. It indicates that the magnetic field influences the Mn-anisotropies
without a significant change in the Mn-interactions. The most pronounced effect on
the dispersion is the strong enhancement of the phason mode in the high-field phase.

4.6. Conclusion
The magnetic properties of the multiferroic phase of TbMnO3 were investigated by
unpolarized and polarized neutron scattering. It was possible to characterize the
magnetic fluctuations in the system and to accurately describe the spin wave dispersion in the multiferroic phase. TbMnO3 is a prototype material for multiferroic
materials of spin origin [5]. It is also the first material in which electromagnetic
excitations were observed [12, 57].
We find diffuse magnetic scattering in TbMnO3 , which is present well above the
antiferromagnetic transition temperature at TN = 42 K. The fluctuations could be
separated into contributions from Mn and Tb moments by using neutron polarization analysis. Magnetic fluctuations could also be observed in the ordered SDW
phase. They can be seen as precursor of the ferroelectric transition at TF E = 28 K
and indicate an almost continuous transition towards the spin-spiral phase. The
fluctuations in the paramagnetic phase could be well described by a mean-field
approach.
The magnetic excitations spectrum in the multiferroic phase was investigated
in detail by time-of-flight spectroscopy. The comprehensive dataset was used
to develop a spin-wave model in oder to describe the magnon dispersion using
linear spin wave theory. We were able to achieve a convincing agreement between
experimental data and simulation along all crystallographic directions. The model
takes into account the nearest-neighbor exchanges along ~c and in the ab-plane, as
well as the next-nearest-neighbor exchange along ~b. The latter one accounts for the
frustration of the system [12]. At the zone center, we find an in-plane mode and
two out-of-plane modes of the spiral. The splitting of the out-of-plane mode was
achieved by introducing a distorted easy-plane anisotropy. The spin-wave model
accurately describes the polarization of modes observed by INS [12] and allows to
identify the electromagnon of the DM mechanism. Its energy at the zone center
perfectly agrees to observations from IR spectroscopy [57].
Neutron polarization analysis was used in order to investigate the chiral component
of the excitation spectrum. The application of an electric field enables to pole
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the domains of the spin-spiral in the multiferroic phase. The dispersion of the
chiral component is well reproduced by the developed spin-wave model. The model
simulation allows us to explain the observation of modes with reversed chirality in
the same Brillouin zone by a back-folding of branches.
The influence of the Tb moments on the magnetic excitations of the Mn-order was
analyzed by a comparison of the excitation spectra above and below the ordering
temperature of the Tb-subsystem. At the onset of the Tb-order, the excitation
spectrum shows significant changes. We observe a separation of modes below the
transition temperature indicating a significant Tb-Mn interaction.
Finally, the excitation spectrum in the commensurate high field phase of TbMnO3
was investigated. In this phase, the spin spiral flops to the ab-plane which coincides with a flop of ferroelectric polarization [48]. It was possible to analyze the
polarization character of the zone center excitations in this high-field phase and to
compare the energies with results from IR spectroscopy [60]. The good agreement
of the dataset allows for the conclusion that there is an electromagnon in TbMnO3
which is of DM-origin.
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5

Magnetic fluctuations in MnWO4

After the discovery of the multiferroic behaviour of
TbMnO3 , many other compounds were found in which
aD=D4.82DÅ
a magnetic structure induces an electric polariza- MnWO4
bD=D4.75DÅ
monoclinic,DP2/cDe13r
cD=D7.40DÅ
tion [34]. One among these materials is MnWO4 , which
βD=D91.07°
kcD=e-0.25,DDD0.5,D0.5r
was found to be multiferroic independently by three kic=e-0.214,D0.5,D0.457r
groups [17, 46, 47]. The study of this compound benefits Collinear Cycloid
SDW
PM
from the fact that, unlike in the case of RMnO3 mate- mDinDac mDinDac+b mDinDac
kic
FE,Dkic
kc
rials, only one type of magnetic ion is present and it is
8.0
TeKr
13.5
12.3
considered to be a prototype multiferroic. In the past,
neutron polarization analysis has been a valuable tool Figure 5.1.: Crystal parameters
in order to reveal information about the multiferroic and magnetic phase transitions in
phase in MnWO4 [13, 50, 51, 176].
MnWO4 [47, 174, 175].
In this chapter, three different polarized neutron scattering techniques were used in order to investigate the
successive magnetic phase transitions in this material. Furthermore, the close
coupling of ferroelectricity and magnetic order allowed to study the magnetic
excitations in dependence of an applied electric field.
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5.1. Introduction
5.1.1. Crystal and magnetic structure
Manganese tungstate crystallizes in a wolframite structure, which is described
by the monoclinic space group P 2/c with the following lattice parameters: a =
4.84 Å, b = 5.76 Å, c = 4.99 Å and a monoclinic angle of β = 91.08° at room
temperature [174]. Characteristic properties of the system are summarized in
Figure 5.1. The crystal structure is shown in Figure 5.2. Manganese and tungsten
ions are surrounded by distorted edge-sharing [O6 ]-octahedra, which form zig-zag
chains along the crystallographic c-direction. Chains of manganese and tungsten
are arranged in bc-planes which alter along the a-axis. The nuclear structure is
centrosymmetric and thus non-polar.
In this material, only the transition-metal carries a magnetic moment (Mn2+ , 3d5 ,
S = 5/2 and L = 0 for single ion). The moments occupy the 2e position on
a two-fold rotational center. Upon cooling, MnWO4 undergoes three successive
magnetic phase transitions as determined by neutron diffraction [174, 175, 177]:
• AF3 at TN 3 = 13.5 K, ~kic = (−0.214, 0.5, 0.457)
The magnetic moments form an incommensurate sinusoidal spin density wave
(SDW). The moments are collinear along the easy axis ~eac in the ac-plane,
forming an angle of 35° with the a axis.
• AF2 at TN 2 = 12.3 K, ~kic = (−0.214, 0.5, 0.457)
Inside this phase, an additional spin component evolves along b-direction
yielding transformation towards an elliptical spin spiral with the major axis
along ~eac and the minor axis along ~b.
• AF1 at TN 1 = 8.0 K, ~kc = (−0.25, 0.5, 0.5)
The system undergoes a first order transition towards a collinear antiferromagnetic structure with a commensurate propagation vector. The magnetic
moments are aligned along the easy axis ~eac .
The magnetic structures where derived by Lautenschläger et al. by applying
group theory considerations [126, 175, 178]. A magnetic propagation vector of
the form ~k = (kx , 1/2, kz ) reduces the crystal symmetry from P 2/c to P c. The
corresponding little group G~k = {1, c} contains two irreducible representations,
~
~
denoted as Γk1 and Γk2 in the literature. The Mn moments are located at the
Wyckoff position 2e at (0, y, 1/4) and are connected by symmetry via the glide
reflection c. Two such moments have a phase shift of e−2πrz kL , depending on
their distance along ~c, rz , and the incommensurability kL . The SDW of the AF3
phase can be described by a single irreducible representation. In this phase, the
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Figure 5.2: Crystal structure
of MnWO4 : manganese (green)
and tungsten (grey) are surrounded by oxygen (red) octahedra.
These octahedra
form planes perpendicular to ~a.
The size of the atoms reflects
their relative ion radius [118].
[MnO6 ]-octahedra form zig-zag
chains along ~c.

b-component of the magnetic moments is unordered [175]. The development of
the b-component in the spiral AF2 phase is only possible by taking into account
a combination of both irreducible representations. The sequel of second-order
phase transitions, PM→SDW and SDW→spiral, can be attributed to the onset
of the corresponding irreducible representations and has also been observed in
the spiral multiferroics TbMnO3 and Ni3 V2 O3 [11, 179]. The transition towards
the commensurate phase AF1 is of first-order and the magnetic structure can be
described in the space group Ca 2/c [178].
Sketches of the three magnetic phases are shown in Fig. 5.3. The crystallographic
unit cell consists of two manganese positions which are connected by symmetry.
In the figure, the unit cell is extended ten times along ~c, the direction of the
zig-zag chains. Similar to the case of TbMnO3 , the magnetic moments in MnWO4
order first in a collinear spin density wave before a spiral structure is realized
with the onset of an ordered component along ~b. The ground state structure
is again collinear with a commensurate propagation vector. The transitions at
TN 3 and TN 2 are reported to be of second order, whereas the incommensuratecommensurate transition at TN 1 is of first order [175]. The AF2 spiral phase
coincides with the presence of a ferroelectic polarization along ~b, which only exists
in this phase [17, 46, 47]. Further details of this multiferroic phase will be discussed
in the next section. The development of an incommensurate spiral structure and
a ferroelectric polarization in MnWO4 is unique among the family of transitionmetal tungstates, which order in a commensurate antiferromagnetic structure (e.g.
M WO4 with M = Cr, Fe, Co, Ni, Cu) [174, 180, 181].
Noncollinear spin arrangements generally occur in order to reduce the extent of
geometric spin frustration [53]. Indeed, a moderate degree of frustration can be
derived from the comparison of Curie-Weiss and Néel temperature, f = −θ/TN ≈ 5
(with θ = −75 K and TN = 13.5 K [47, 177]). The frustration is driven by the
distortion of [O6 ]-octahedra which decreases the nearest-neighbor exchange along
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Figure 5.3.: Magnetic phases of MnWO4 . The Mn moments order successively in
an incommensurate spin density wave (AF3, TN 3 ≈ 13.2 K), an incommensurate spin
spiral (AF2, TN 2 ≈ 12.3 K) and at last in a commensurate antiferromagnetic structure
(AF1, TN 1 ≈ 8.0 K). The easy magnetization axis lies in the monoclinic plane and forms
an angle of approximately 35° with the a-axis. The multiferroic AF2 phase exhibits a
ferroelectric polarization Pel which is connected to the spin spiral via the DM mechanism,
~i × S
~j .
P~el ∝ ~ri,j × S

the edge-sharing chains [182]. Hence, the analysis of the magnon dispersion in
MnWO4 yields a competition of nine to eleven long-range exchange interactions [182,
183, 184].

5.1.2. Multiferroic AF2 phase
Between TN 2 = 12.3 K and TN 1 = 8.0 K, the Mn-moments in MnWO4 form an
elliptic spiral with the major axis along ~eac and the minor axis along ~b. In this
phase, the antiferromagnetic structure coexists with a ferroelectric ordering, rendering it multiferroic. Even more, both orders are closely coupled because the
spiral magnetic structure directly induces the electric polarization (Pb ≈ 50 µC/m2
at 8 K) [17, 46, 47]. Similar to the case of the multiferroic phase of TbMnO3 , the
induced ferroelectricity in MnWO4 can be explained by the inverse DzyaloshinskiiMoriya interaction [15]. The spins form zig-zag chains along ~c. The cross product
of two neighboring spins lies in the ac-plane. In such a configuration, a ferroelectric
polarization along ~b is expected by applying Eq.2.6, which perfectly matches the
experimental observation. The sign of the polarization P~el can be assigned to the
direction of rotation of the spin spiral, i.e. the vector chirality of the spiral.
The accuracy of the proposed DM mechanism in the case of MnWO4 was demonstrated by probing the influence of the electric field on the magnetic ordering.
Using polarized neutron scattering, one can measure the chiral magnetic term
~⊥ ×M
~ ∗ )x , which is of opposite sign for the two chiral domains for the choice
−i(M
⊥
of an appropriate scattering geometry, cf. Tab. 3.1. The appearance of the chiral
magnetic term coincides with the ferroelectric polarization [137]. Sagayama et al.
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were the first to show that the magnetic chirality in MnWO4 can be switched by
alternating the applied electric field upon field-cooling through TN 2 [13]. Subsequent application of this experimental technique revealed full hysteresis cycles of
the chirality [50, 176, 185] and switching time of chiral domains in the order of
milliseconds [51]. The values of the derived switching times of the spiral match
values determined from second harmonic generation [186] and dielectric measurements [187, 188].

Effect of applied magnetic fields and doping
The magnetic field vs. temperature phase diagram for MnWO4 was at first investigated by Ehrenberg et al. [189], before the discovery of the multiferroic phase.
Fields applied along the easy axis ~eac stabilize the spiral phase AF2, while this
phase is completely suppressed in fields applied along the monoclinic axis ~b. Magnetic fields applied perpendicular to ~eac and ~b only slightly shift the transition
temperatures of all phases. It was confirmed by pyroelectric measurements that
the findings also apply for the ferroelectricity [17, 47]. In addition, Taniguchi et al.
find a flop of ferroelectric polarization from P~el k ~b to P~el k ~a for Hb > 10 T [17].
Using neutron diffraction techniques, this flop could be connected to the flop of the
spin spiral plane [190]. The Zeeman energy induces a spin flop at high magnetic
fields aligning the moments perpendicular to the field direction [53]. The coexisting
flop of the ferroelectric polarization is another support for the validity of DM
mechanism explaining the multiferroicity in MnWO4 . A similar field-induced flop
of polarization is present in the RMnO3 series (cf. Section 4.1.3). There, the flop
is most probably related to a strong influence of the rare-earth ion moments [43].
The frustration of the magnetic order in MnWO4 discussed in this section is
also visible in the strong influence of small doping. As an example, doping with
Fe2+ [191, 192] and Cu2+ [193] suppresses the multiferroic AF2 phase, while the
AF2 phase becomes the ground state for Co2+ [194] and Zn2+ [195] doping. The
frustrated system appears to be very sensitive to the varying single-ion anisotropies
of the doped elements on the one hand, and an interruption of Mn exchanges on
the other hand.

Magnetic and electric excitations
The spin wave dispersion in MnWO4 has been investigated by inelastic neutron
scattering (INS) by Ehrenberg et al. [182, 196]. They report four magnon modes in
the commensurate AF1 phase and are able to describe their dispersion using nine
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Figure 5.4: Magnetic exchange interactions in
MnWO4 . The model shows magnetic moments
in the AF2 phase in a 2 × 2 × 2 unit cell with
exchange paths along 11 closest distances, which
were used to describe the magnon dispersion in
the AF1 phase in Ref. [184].

exchange interactions and an easy-axis anisotropy (see Fig. 5.4). The magnetic
interaction occurs by superexchange via one or two oxygen ions. Surprisingly, even
the long-range exchange parameters are of sizable strength and are necessary to
describe the systems properties, whereas the intra-chain interaction along ~c is rather
small. The authors conclude, that the strength of this nearest-neighbor interaction
is significantly reduced by the [MnO6 ]-octahedra distortion. The distortion results
in an enhanced Mn-O-Mn bond angle of approximately 95° [174], which reduces the
nearest-neighbor exchange J1 within the chains [196]. For isostructural compounds
M WO4 with M =Fe, Co and Ni, this angle is almost rectangular and the exchange
J1 is strongly ferromagnetic [196]. For M =Mn and Cu, the angle is enhanced,
weakening JN N relative to next-nearest-neighbor exchanges. This is believed to be
one of the major differences relative to other M WO4 , leading to a strong degree of
frustration in MnWO4 .
Density functional calculations and classical spin analysis were later used to determine the magnetic structure in the AF1 and AF2 phase, which revealed a different
result for the AFM coupling between the spin chains along b-direction [183]. In a
successive neutron time-of-flight (TOF) study by Ye et al., the model had to be
extended to eleven exchange parameters in order to properly describe the dispersion
along different directions, using yet again a different set of magnetic interaction
parameters [184]. First-principle calculations support this set of exchanges [197].
Nevertheless, it has been pointed out by Matityahu et al. [198] that especially the
calculated Curie-Weiss temperatures from all proposed sets of exchanges strongly
deviate from the experimental value of θCW ≈ −75 [47]. They attribute the
discrepancy to a wrong choice of exchanges. Indeed, all models assume only
an easy-axis anisotropy which might oversimplify the problem. For example, in
an X-ray absorption study, a more complex situation was reported for the Mn
moments, including two principal axes for the magnetic anisotropy and a DM term
of similar size [199].

96

5.2. Diffuse magnetic scattering

Figure 5.5: Sketch of neutron polarization analysis ge~ = (−0.21, 0.5, 0.45) in MnWO4 in the
ometry at Q
[−0.21, 0, 0.45]/[0, 1, 0] scattering plane. The dedicated coor~ z vertical and y
dination system is defined as x parallel Q,
perpendicular to x and z. The gray plane is spanned by ~b and
the easy axis ~eac and symbolized the orientation of magnetic
moments in the spiral AF2 phase. The easy axis lays in the
ac-plane and is canted by approximately 35° relative to ~a.

In the AF2 phase, the excitation spectra change drastically, and surprisingly, there
are until today no reports of the spin wave dispersion in this ferroelectric phase.
Only at the magnetic zone center, the excitation spectrum in this phase has been
investigated by INS by Finger et al. [137]. As in the case of the multiferroic phase
of TbMnO3 , three excitations have been found. Using polarization analysis, these
modes could be distinguished in a low energy phason mode and two modes being
polarized perpendicular to the plane of the magnetic spiral [137].
The multiferroicity in both TbMnO3 and MnWO4 is explained by the same DM
mechanism and thus, one would expect both to show hybridized electromagnetic
excitations [15]. These electromagnons have been observed in TbMnO3 in optical
spectroscopy [57] and neutron spectroscopy [12] (see Section 4.1.4 for details).
The zone center excitations in the multiferroic AF2 phase in MnWO4 are below
1.0 meV and an upper boundary was estimated for the spectral weight of a possible electromagnon of less than 0.1 % of the total weight, which renders them
difficult to be accessed by optical spectroscopy [200]. No excitations of electromagnetic origin have been found in the region between ν =5 to 80 cm−1 (E =0.62 to
9.92 meV) [201], but there is evidence for an electromagnon mode around 4 cm−1
(0.5 meV) [202].
In a recent study by Niermann et al. using broadband dielectric spectroscopy, the
critical slowing down of an electric fluctuation has been observed at the AF3→AF2
phase transition [203]. The fact that the order parameter of this transition is of
magnetic origin, combined with the determination of the critical exponent led to
the conclusion that these fluctuations are electromagnetic. The finding thus shows
the softening of an electromagnon at the phase transition.
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The high degree of magnetic frustration in MnWO4 leads to the presence of magnetic correlations outside of the magnetically ordered phases. Powder data reveal
the presence of diffuse magnetic scattering at the position of the magnetic AF3 and
AF2 Bragg reflections in the paramagnetic phase [175]. Even inside the ordered
AF3 phase, a broadening of the reflections has been observed, yielding an almost
continuous transition from the SDW paraelectric phase to the cycloidal ferroelectric
phase. We used different unpolarized and polarized neutron scattering techniques
to investigate the magnetic fluctuations above and inside the ordered phases.
For all presented experiments single crystals cut from the same rod were used. The
crystal was grown by C. Tölzer and C. Lee by using the floating zone technique in
a mirror furnace [204]. The measurement of the magnetic susceptibility showed
three successive transitions at TN 3 = 13.47 K, TN 2 = 12.32 K and TN 1 = 8.04 K
which correspond perfectly to values reported by Lautenschläger et al. [175]. Two
samples were prepared by J. Stein [205]: a smaller one with parallel planes cut
along ~b (1.9 g, thickness 3.65 mm) and a larger one of cylindrical shape (4.0 g).
The propagation vector is ~kic = (−0.214, 0.5, 0.457) for the incommensurate
phases AF3 and AF2 and ~kc = (−0.25, 0.5, 0.5) for the commensurate phase in
relative length units of the P 2/c structure. The two propagation vectors form an
−1
−1
angle of only 3° and are similar in length (kic = 0.89 Å and kc = 0.85 Å ). By
taking advantage of the instruments goniometers, it is feasible to tilt the scattering
plane by several degree, rendering Bragg reflections at both positions accessible.
Also the following geometry analysis holds for both propagation vectors. Figure 5.5 shows the typical scattering geometry for a polarization analysis at
~ = (−0.21, 0.5, 0.45) in the [−0.21, 0, 0.45]/[0, 1, 0] scattering plane in MnWO4 .
Q
~ z k [2, 0, 0.9] and y = z × x.
The polarization axes are the following: x k Q,
The gray plane symbolizes the rotation plane of Mn moments in the AF2 phase.
Magnetic scattering occurs for the magnetic components parallel to the scattering
vector. Furthermore, the polarization analysis is based on the fact that scattering on magnetic moments perpendicular to the spin of the neutron m
~ neutron flip
m
~ neutron by 180°, this is the spin-flip (SF) process. Scattering on moments parallel
to m
~ neutron does not flip the neutron spin (non spin-flip process). Figure 5.5 nicely
illustrates the separation of magnetic scattering along ~b and along ~eac : My is
composed of 60 %||~b and 99 %||~eac and Mz is composed of 100 %||~b and 15 %||~eac .
We can conclude, that intensity in the channel ySF sees Mz and is thus sensitive
to the b-component, while the intensity in zSF sees My which is mainly sensitive
to the ~eac -component.
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Figure 5.6.: Temperature dependence of rocking scans in MnWO4 at IN3. (a) In~ =
tensity mapping of rocking scan over the magnetic Bragg peak position at Q
(0.214, 0.5, −0.457) at several temperatures. The intensity is logarithmically color
coded. (b) Horizontal cuts at two temperatures, showing the initial scans. (c) Vertical
cuts at several angles.

5.2.1. Sample characterization
In order to get an overview of the elastic and diffuse scattering in MnWO4 , a single
crystal was mounted in [−0.21, 0, 0.45]/[0, 1, 0] scattering geometry in a cryostat
on the thermal neutron TAS instrument IN3 at the ILL. The neutron energy was
−1
fixed to E = 14.7 meV (k = 2.66 Å ). Beam collimation (300 on ~ki and 400 on
~kf ) and a PG filter on ~kf were used to get a low background with high angular
resolution. A high instrument resolution and a low mosaicity of the sample are
indispensable for a meaningful separation of elastic and quasi-elastic contributions
to the neutron scattering.
Figure 5.6(a) shows a logarithmic color mapping of a rocking scan (sample rotation
~ = (0.214, 0.5, −0.457) in the
ω) at the magnetic Bragg peak position at Q
temperature range from 5 to 18 K. The original scan is shown at two temperatures
in Fig. 5.6(b). The signal at the Bragg peak position shows a sharp peak below the
ordering temperature TN 3 . On one side of the peak, the signal rapidly decreases to
the value of the background (cf. data at 17 K). On the other side the intensity
decreases rapidly by almost two orders before it reaches a plateau of almost constant
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Figure 5.7.: Temperature dependence of 2θ-scans in MnWO4 at IN3. (a) Intensity map~ = (0.214, 0.5, −0.457)
ping of rocking scan over the magnetic Bragg peak position at Q
at several temperatures. The intensity is logarithmically color coded. (b) Horizontal
cuts at two temperatures, showing the initial scans. (c) Vertical cuts at several angles.

intensity which spreads over more than 3°. The maximum intensity of this plateau
is only 1/100 of the intensity of the strong peak. It can be attributed to magnetic
Bragg scattering from small crystallites, which are slightly tilted with respect to
the larger single crystal. Nuclear reflections showed the same peak profile. A
removal of the small misaligned crystallites was not possible.
Vertical cuts through the (T, ω)-map are shown in Figure 5.6(c). The corresponding
scans are indicated by colored dashed lines in Fig. 5.6(a). The temperature
dependencies at ω = 28.0° and 31.4° show the development of the AF3 Bragg
reflection, an increase of intensity at the transition to the AF2 phase and finally a
rapid drop at the AF2→AF1 first-order transition, where the propagation vector
becomes commensurate. This is the expected behaviour of the long-range magnetic
order.
The behaviour slightly away from the Bragg peak position, at ω =33.0° and 37.0°,
differs significantly from the one at the static signal. At both positions, we find
an increase of intensity when approaching the PM→AF3 transition, similar to
the Bragg signal. After the transition, the intensity decreases again, until the
second transition AF2, where it rises again. Inside the AF2 phase the intensity
continuously decreases and finally drops to the background value at the first-order
transition TN 1 . Away from the position of the strong Bragg peak position, it
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is possible to see short-range magnetic fluctuations. Fluctuations only persist
over a limited time scale. Neutron scattering from fluctuations appears as broad
Lorentzian-shaped peaks in Q-space, which correspond to the Fourier-transform of
an exponential decay. Bragg peak scattering, in contrast, comes from a static (longrange) arrangement, which Fourier-transforms into a delta function in Q-space.
These only appear broadened in Q-space due to the finite instrument resolution.
The observation of diffuse magnetic scattering inside the ordered phase in this
preliminary test renders the sample suitable for further investigations.
Figure 5.7(a-c) shows the same scenery for a rotation of scattering angle 2θ (almost
~ = (0.214, 0.5, −0.457). The contamination
transversal scan in Q-space) across Q
of the small, misaligned crystallites is not visible in this scan, because it arises
from the same Bragg peak as the bigger single crystal. Again, we find diffuse
scattering near the Bragg peak which is pronounced around the phase transitions
at TN 3 and TN 2 .
Finally, we investigate the temperature behaviour of neutron at the commensurate
~ = (0.25, 0.5, −0.5). In order to do so, the
magnetic Bragg peak position at Q
scattering plane was changed by tilting the cryostat by approximately 3°. The
sample could be investigated under the same conditions as in the case of the
incommensurate phase. The corresponding temperature dependencies are shown in
Figure 5.8(a-c) (ω-scan) and Figure 5.9(a-c) (2θ-scan). The AF2→AF1 transition
is of first order and no fluctuations are expected above and below. Indeed, the
intensities away from the Bragg peak position are constant with temperature.
The 2θ-scans in Figure 5.9(a-c) show another sharp signal at a slightly different
scattering angle. This signal comes from the incommensurate Bragg reflection of
the AF2 phase. Both, incommensurate and commensurate, Bragg reflections are
close in Q-space and due to the finite instrument resolution, we only capture a
weak signal from the incommensurate peak. The temperature dependence nicely
illustrates a small overlap of both signals, which is typical for a first-order transition.
It is in sharp contrast to the second-order AF3→AF2 transition, which is almost
continuous.

5.2.2. Antiferromagnetic transition at T N3
The magnetic fluctuations above the antiferromagnetic phase transition TN 3 were
investigated at the diffuse scattering spectrometer D7 with xyz polarization analysis at the ILL. A single crystal of MnWO4 was mounted in [0, 1, 0]/[0.21, 0, 0.45]
scattering geometry. Throughout the experiment, we worked with a fixed incident
−1
neutron wavelength of Ei = 3.46 meV (ki = 1.29 Å , λi = 4.86 Å). The instrument D7 only analyzes the polarization of the scattered neutrons, not their energy.
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This allows the investigation of fast fluctuations, which are cut-off by the energy
analysis in a TAS experiment.
The D7 instrument consists of three detector banks, each one having 44 single
detectors [105], which allows for a large coverage of solid-angle within the scattering
plane. This has some influences on the geometry for polarized neutrons and the
separation of directions becomes more complicated as shown in Fig. 5.5. The
direction of the magnetic field is fixed relative to the direct beam. The angle
between x and the incident beam is called Schärpf-angle, which is approximately
26° at the D7 [106]. At each value of 2θ, we thus have a linear combination of
~ Table 5.1 summarizes the scattering
x and y, since x is no longer parallel Q.
angles and linear combination of x and y for the three accessible magnetic Bragg
reflections in the chosen scattering plane. The values are deduced from the relative
~ and the polarization axis, taking into account the quadratic
angle between Q
~ 2 . In
relation between the ordered moment and the scattered intensity, I ∝ M
~
⊥Q
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~ (r.l.u)
Q

2θ(°)

~ x)(°) ∠(Q,
~ y)(°)
∠(Q,

(−0.21, 0.5, 0.45)

37.4

82.7

-7.3

(−0.21, 1.5, 0.45)

85.4

106.7

16.7

(−0.79, 0.5, 1.55)

121.5

124.8

34.8

Table 5.1: Scattering geometry for polarization
analysis at D7 for MnWO4
with λ = 4.86 Å and
a Schärpf-angle of 26°.
Listed are the angle between reciprocal vectors
and the polarization directions along x and y, which
are fixed at D7.

all cases, the y-part is dominant which means a reversal of polarization channels
with respect to the notation used in Fig. 5.5. The z-direction is not affected by
the Schärpf-angle, as it is always perpendicular to the scattering plane.
The data obtained on D7 was corrected for varying detector efficiency, detector solid
angle, and analyzer transmission using a Vanadium standard with the program
LAMP [206]. The varying detector flipping ratios are corrected by measuring a
standard Quartz sample. A mean flipping ratio of about 20 was reached throughout
the experiment. The influence of the scattering from the instrument environment
was determined by measuring the background with a Cadmium sample and subtracted from the raw data. The procedures of data correction are described in
detail in References [207] and [208]. The data was plotted using the fcplot routine
for MATLAB [85].
Figure 5.10 shows an elastic scattering map in the spiral AF2 phase for non-spin
flip processes along the neutron polarization axis z. This corresponds to the
channel zNSF, i.e. the cross section σzz . The scattering plane spanned by the
vectors [0, 1, 0] and [0.21, 0, 0.45]. The axis show the length of the reciprocal
vectors and dotted red lines indicate integer multiples of the scattering vectors.
No symmetrization has been done, the sample was rotated by 360° to obtain
the scan. Two contributions can be distinguished: nuclear Bragg reflections at
~ = (0, −1, 0) and Q
~ = (0, −1, 0) (black circles) and magnetic satellites at
Q
~ = (−0.21, 0.5, 0.45), Q
~ = (−0.21, −1.5, 0.45) and Q
~ = (−0.79, −0.5, 1.55)
Q
(green circles). All Bragg reflections show a tail on one side. It has been discussed
in the previous section that this feature arises from smaller crystallites of the
sample. The powder line in the intermediate region comes from nuclear scattering
from the aluminum sample holder. The symmetry of the dataset documents the
perfect alignment of the sample. In order to use the limited beam time efficiently,
only 180° scans were performed in the paramagnetic phase. The datasets were
symmetrized by a two-fold rotation for a better visibility.
We continue with the polarization analysis of the diffuse scattering in the paramagnetic phase in MnWO4 . In Figure 5.11, the intensities of the diagonal spin-flip cross
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Figure 5.10: Elastic scattering map of MnWO4 at 10 K at
D7. The non-spin-flip intensity along z (σzz , zNSF) was
determined by a 360° rocking
scan in the scattering plane
spanned by the vectors [0, 1, 0]
and [−0.21, 0, 0.45] at D7. Nuclear reflections (black) and
magnetic satellites (green) are
marked by circles. The powder line in the intermediate region can be attributed to the
aluminum environment.

sections σxx̄ , σyȳ , σzz̄ and non spin-flip cross sections σxx , σyy , σzz are shown at
14 K, well above TN 3 = 13.5 K. The maps on the left side show spin-flip scattering,
which is purely magnetic. The main contributions arise at the positions of the
magnetic Bragg peaks of the AF3 phase, listed in Table 5.1. We discussed that, for
all three positions (and their symmetry equivalents) the guide field for y is almost
~ Hence in the ySF channel we see the sum of the channels xSF and ySF.
parallel Q.
Furthermore, the xSF channel is more sensitive to scattering from moments along
the easy axis ~eac and the zSF sees the scattering in the scattering plane, i.e. along
~b. This separation works most accurately at Q
~ = (−0.21, 0.5, 0.45).
At TN 3 = 13.5 K, the Mn moments order in an incommensurate SDW along the
easy axis ~eac . We thus expect the fluctuations close to the phase transition to also
be mainly polarized along ~eac , which can be confirmed by comparing the intensities
in the channels xSF and zSF. Two other observations can be made from the
scattering maps. First, we see diffuse scattering at the second-order Bragg position
~ = (−0.42, 1.0, 0.90). Structural modulations of half the period arise in incomQ
mensurate collinear magnetic structures due to the effect of exchange-striction.
The scattering of the second-order modulation has been studied in detail by Finger
et al. [185]. They find enhanced magnetic and nuclear scattering at this position
even in the spiral AF2 phase and relate their presence to pinning of magnetic and
ferroelectric domains [185]. Second, magnetic diffuse scattering can be observed
around the positions of nuclear Bragg reflections. Small contaminations from non
spin-flip scattering (nuclear scattering) are visible due to the finite flipping ratio.
They arise from the nuclear Bragg reflections and the aluminum holder.
The non spin-flip scattering maps on the right side of Fig. 5.11 are composed of
~ is parallel to the polarization axis,
nuclear and magnetic scattering. Only when Q
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the magnetic scattering is absent. This is the case for the yNSF channel, where
we find only scattered signal from the nuclear Bragg reflections and the aluminum
powder line.
The xyz polarization analysis on D7 provides full and unambiguous separation
of the magnetic, nuclear and spin-incoherent cross sections in the paramagnetic
phase of magnetic systems. The different cross sections can be decoupled by taking
into account the directions of polarization (defined by the Schärpf-angle) and
the Moon-Riste-Koehler equations for an uniaxial polarized neutron beam [99]
(see Ref. [105] for details). Figure 5.12 shows the obtained intensities for nuclear
and magnetic scattering. The magnetic contribution can be calculated from NSF
(Figure 5.12(b)) and SF (Figure 5.12(c)) channels. Both maps show a similar
pattern, with the difference, that the statistics for the NSF maps are lower. The
magnetic scattering can be deduced from either SF or NSF channels. The result
of the component separation nicely confirms our interpretation of the data.
The diffuse scattering in MnWO4 could be followed up to 30 K, which is almost
three times the Néel temperature of the compound. Figure 5.13 shows symmetrized
intensity maps of the magnetic intensity obtained by component separation averaged from spin-flip and non spin-flip channels. The signal is thus purely magnetic.
The intensity is linearly scaled using the same scale for all temperatures. The
intensity at the magnetic Bragg peak positions continuously decreases with temperature and vanishes at 60 K.
The Q-dependence of diffuse magnetic scattering in the paramagnetic phase bears a
characteristic shape, which is most pronounced close to the transition temperature
at 14 to 20 K. The scattering is strongly anisotropic and it is particularly enhanced
diagonal away from the Bragg positions. This characteristic shape may be helpful
in order to determine the correct setting of exchange parameters by comparison
with simulations of diffuse scattering maps. The diffuse magnetic scattering was
simulated by a mean-field model, taking into account the interaction exchanges
of the AF1 phase proposed in literature [184, 196]. While this approach worked
properly for the paramagnetic phase of TbMnO3 (see Figure 4.8), the characteristics of the diffuse scattering in MnWO4 could not be reproduced by the simple
model. The strong reduction of the nearest-neighbor exchange in MnWO4 strongly
frustrates the magnetic system [196]. The magnetic system becomes very complex
and a proper spin-wave calculation has to be performed in order to model the
diffuse magnetic scattering.
The intensity maps at 60 K and 100 K show enhanced scattering left and right
of the center. This intensity might be partly related to the shape of the sample
holder. The sample is placed between aluminum plates with a normal vector
parallel [0, 1, 0]. This may result in an anisotropic background from the sample
holder.
We can quantitatively analyze the diffuse scattering data by looking at specific
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Figure 5.11.: Polarization analysis of diffuse scattering in MnWO4 in
[0, 1, 0]/[−0.21, 0, 0.45] scattering geometry at D7. The intensity maps were collected on
D7 by 180° rocking scans (black frame) at 14 K and symmetrized by a 2-fold rotation.
Six linear non-spin-flip and spin-flip cross sections are shown: (a) σxx̄ , (b) σxx , (c) σyȳ ,
(d) σyy , (e) σz z̄ and (f) σzz .
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Figure 5.12.: Component separation of neutron scattering in MnWO4 in
[0, 1, 0]/[−0.21, 0, 0.45] scattering geometry at D7. The use of polarized neutrons allows
to separate the contribution of (a) nuclear, (b) magnetic non spin-flip and (c) magnetic
spin-flip scattering. The intensity maps were collected on D7 by 180° rocking scans
(black frame) at 14 K and symmetrized by a 2-fold rotation.

directions within the scattering plane. Figure 5.14 shows cuts along [0, 1, 0] and
[−0.21, 0, 0.45] taken from scattering maps in the channels xSF and zSF at several
temperatures in the paramagnetic phase. The scan directions are indicated with
dashed lines in Fig. 5.13. This allows the comparison of magnetic correlations along
two different directions in the crystal. Moreover, the polarization analysis allows
for differentiating between scattering of moments along the easy axis ~eac (xSF)
and along the monoclinic axis ~b (zSF). The experimental data was fitted using two
Lorentzian functions and a linear background. For the scans along [0, 1, 0] some
points were removed to avoid the small contribution of the powder line.
The results of the Lorentzian fit for the scans at T = 14, 16, 20 and 30 K are
summarized in Figure 5.15. The plot shows the temperature dependence of the
~ −1 · HWHM,
peak intensity and the correlation length, which is given by ξ = |Q|
determined along two different scan direction and polarization axes. A power
law function was fitted to the data, using two different transition temperatures
TC3 = 13.4 K and TC2 = 12.3 K, which are similar to those obtained from magnetic
susceptibility measurements on the same sample [204].
We start with the differentiation of scattering in the two polarization channels
by looking at the temperature dependence of the scattered intensity, shown in
Fig. 5.15(a). The intensity in xSF increases strongly with decreasing temperature
and its temperature dependence corresponds to a transition at TC3 = 13.4 K to a
static magnetic order. This channel is sensitive to magnetic scattering along ~eac
the direction of moments in the SDW AF3 phase. The temperature dependence of
the zSF deviates from this behaviour. The fit indicates that it corresponds to a
transition at lower temperature. This channel is sensitive for magnetic scattering
along ~b, and indeed, the b-component orders only below TC2 = 12.3 K, where the
AF3→AF2 transition towards a spin spiral occurs. Furthermore, we can deduce
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Figure 5.13.: Temperature dependence of magnetic scattering in MnWO4 in
[0, 1, 0]/[−0.21, 0, 0.45] scattering geometry at D7. The magnetic intensity was deduced
using polarization analysis. The intensity maps were collected on D7 by 180° rocking
scans (black frame) and symmetrized by a 2-fold rotation. Diffuse magnetic scattering is
present up to 30 K.
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Figure 5.14.: Magnetic scattering in MnWO4 along [0, K, 0] and [−0.5L, 0, L] at different
temperatures in the paramagnetic phase at D7. The line scans were extracted from D7
scattering maps: (a-b) xSF and (c-d) zSF. Lorentzian functions were fitted to the data.

that only at the highest temperature shown, T = 30 K, the diffuse magnetic scattering becomes isotropic, i.e. the scattered intensities are similar in the spin-flip
channels along x and z. The intensities from the different scan directions, [0, K, 0]
and [−0.5, L, 0, L], show the same results. This is expected since the scans go
along the same Q-positions.
The analysis of the temperature dependence of the correlation lengths, shown in
Fig. 5.15(b), bears additional information. It allows us to differentiate scattering
from magnetic fluctuations along different directions. The temperature dependence
of the correlation length in xSF clearly deviates from the other spin-flip channel
zSF. The fit of a power law function supports the temperature behaviour shown
in the previous section: the correlation length of fluctuations along the easy axis
~eac (in xSF) diverges at TC3 = 13.4 K, while fluctuations along ~b (in zSF) seem to
diverge at the lower temperature TC2 = 12.3 K.
Furthermore, we can deduce information from the different scan directions. At
higher temperatures the correlation lengths in ’xSF ac’ and ’zSF ac’ are enhanced.
This means that the fluctuations are isotropic and extend mainly along the easy
axis ~eac . At lower temperatures, close to the upper transition at TN 3 , channels
’xSF b’ and ’xSF ac’ strongly increase. This corresponds to anisotropic fluctuations
of moments along the easy axis ~eac . The correlation length of these fluctuations
increase along both directions in the crystal, ~eac and ~b.
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Figure 5.15: Properties of diffuse magnetic
scattering in MnWO4 at the magnetic Bragg
~ = (−0.21, −1.5, 0.45) at D7. The
position Q
intensity and FWHM was determined by
Lorentzian functions along two directions,
[0, K, 0] (b) and [−0.5L, 0, L] (ac), and two
spin-flip polarization axes, xSF and zSF (cf.
Fig. 5.14). The correlation length was calculated from the width of the Lorentzian fits.
A power law was fitted to the curves using
TN 3 = 13.4 K and TN 2 = 12.3 K denoted by
dashed lines.
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The analysis of the critical magnetic behaviour in MnWO4 along ~eac and ~b imposes
the assumption, that the fluctuations in the paramagnetic phase in MnWO4 are
composed of two contributions. Only one part, the fluctuations along ~eac , become
static at TN 3 . Contrarily, the temperature dependence of the other part, the
fluctuations along ~b, suggests that they become static below TN 3 . This would
imply that these b-polarized fluctuations persist even in the ordered AF3 phase.
The attempt was made to investigate the fluctuations in the AF3 phase on D7.
The presence of strong overlapping magnetic Bragg peaks renders it very difficult
to follow the relatively weak scattering of fluctuations. A different experimental
approach was necessary, which is described in the following section.

5.2.3. Multiferroic transition at T N2
We already established the fact, that diffuse scattering surrounds the static magnetic Bragg peaks in the AF2 phase in MnWO4 (see Section 5.2.1 for details). In
order to characterize these fluctuations, a single crystal was installed at the cold
neutron TAS instrument IN14 at the ILL. A set of Helmholtz coils was mounted
in combination with a supermirror bender and a Heusler analyzer in order to
use linear neutron polarization analysis. The sample was placed between parallel
aluminum plates to enable the application of an electric field along the direction of
ferroelectric polarization ~b and was mounted in [−0.21, 0, 0.45]/[0, 1, 0] scattering
−1
geometry. The neutron energy was fixed to E = 4.7 meV (k = 1.5 Å ). Beam
collimation (400 on ~kf ), a beryllium filter and a flat analyzer were used in order to
reduce the background and achieve a high angular resolution. The flipping ratio
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(a) Q = (−0.214, 0.5, 0.457), +2kV
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Figure 5.16.: Polarization analysis of magnetic Bragg peak and diffuse scattering in
MnWO4 at IN14. (left) Temperature dependence of scattered neutron intensity at
~ = (−0.214, 0.5, 0.457). (right) Temperature dependence of diffuse scattering slightly
Q
away from the Bragg peak (+4° in ω). The dashed lines indicate the magnetic transitions
TN 3 and TN 2 . The black solid lines serve as guide to the eye. An electric field of
+550 V mm−1 was applied to the sample along ~b.

~ = (0, 1, 0) was F R ≈ 27, which corresponds to
at the nuclear Bragg reflection Q
a neutron polarization higher than 92 %.
The temperature dependence of the magnetic Bragg reflections was summarized in
Section 5.2.1 using unpolarized neutron scattering. We investigated the behaviour
of neutron scattering of the static magnetic structure and the fluctuations in the
ordered phase. At the Bragg position, the weak signal from the diffuse scattering
lays on top of a strong static background. It is nevertheless possible to detect
scattering from fluctuations slightly away from the peak position, since diffuse
scattering is significantly broadened in Q-space relative to static Bragg scattering.
Figure 5.16 shows the temperature dependence of neutron scattering at the mag~ = (0.214, 0.5, −0.457) (left) and slightly away from
netic Bragg peak position Q
the peak (right, 4° sample rotation). An electric voltage of 2 kV was applied to
the sample (E ≈ 550 V mm−1 ) and the intensity of four spin-flip cross sections
was collected: σxx̄ (xSF), σx̄x (-xSF), σyȳ (ySF) and σzz̄ (zSF). The orientation of
the polarization axes x, y and z is shown in Figure 5.5. The polarization analysis
allows to separate scattering from moments along the monoclinic axis ~b (zSF) and
the easy axis ~eac (ySF). Furthermore, the comparison of the spin-flip channels along
~⊥ ×M
~ ∗ )x , cf. Tab. 3.1.
x permits the detection of the chiral magnetic term −i(M
⊥
The intensity at the Bragg peak position increases at TN 3 and is almost fully
polarized in the ySF channel in the temperature range of a few Kelvin above TN 3 .
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The ySF channel is sensitive to direction of moments in the SDW. The intensity in
the zSF channel was corrected for contamination from the zNSF channel through
the finite flipping ratioa . About 3 % of the intensity in zNSF (which is sensitive
to moments parallel ~eac ) is visible in this channel. The intensity after correction
slowly increases during cooling from 0 to 300 cts/10sec.
At the second transition TN 2 , the structure transforms into a spin spiral, which
comes along with the development of a b-component, visible in zSF. The ellipticity
e = mb /measy , which can be estimated by the ratio of ySF and zSF scattering,
increases continuously and is e ≈ 0.9 at 9 K [13]. The chiral ratio can be calculated
−Ix̄x
as rchiral = IIxx̄
≈ 0.76 at 11 K, which matches well reported values [50]. The
xx̄ +Ix̄x
~ is parallel to the rotation axis of
saturation value of 1 can only be reached when Q
the spiral. At the present position a maximum value of rchiral = 0.96 is possible for
a monodomain sample.
The diffuse scattering slightly away from the Bragg position is similar in the paramagnetic phase. When coming from higher temperatures, the intensity increases
towards the upper phase transition. The scattering becomes more anisotropic and
the major part is polarized along ~eac at the transition. Below TN 3 , the scattering
behaviour significantly changes and differs completely from the scattering from the
Bragg peak. The overall intensity decreases when the Bragg peak sharpens. More
surprisingly, the polarization of the magnetic scattering changes: the intensity in
zSF increases, whereas the ySF-intensity decreases. This shows the development
of a b-component scattering from the paramagnetic and through the AF3 phase
(black line). The dip at TN 3 is caused by a contamination of the increasing zNSF.
Finally below TN 2 , the diffuse scattering decreases in all channels.
The temperature dependence of the diffuse scattering in MnWO4 demonstrates
the continuous transition from the spin density wave to the spin spiral and shows
that even in the paramagnetic phase precursors of the spiral phase are present.

Chiral diffuse scattering
The observed diffuse scattering in the AF3 phase arises from correlated fluctuations
of moments along ~b. Such fluctuations should transform the SDW into a spiral,
which carries a chirality within the corresponding correlation length and time. The
polarization analysis allows us to identify such a parameter by comparing the two
spin-flip channel along x. The difference will be small in comparison to the static,
non-chiral signal and a excellent statistic is necessary to obtain meaningful data.
The experimental setup was optimized by replacing the polarized Heusler analyzer
by an unpolarized PG analyzer with larger surface area and higher efficiency
a

The flipping ratio adds a contamination of the non spin-flip channel as
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leading to a increase of flux by a factor of two. Without the analyzer we are no
longer able to differentiate between spin-flip and non spin-flip processes. This
separation is not necessary, as it was already verified that no nuclear scattering is
present at the investigated Q-position.
The temperature evolution of the scattered intensities in the cross sections parallel
~ = (0.214, 0.5, −0.457)
x is shown in Figure 5.17(a-b) at the Bragg peak position Q
and slightly away. Beginning in the paramagnetic phase, the sample was cooled
in an electric field of approximately 550 V mm−1 . The plots show a close-up
around the multiferroic transition TN 2 , which is indicated by a dashed line. The
temperature was determined by fitting the xSF intensity using a power law function
as described by Tolédano et al. [178]. Above the transition, the intensity is equally
distributed in both channels, which is expected for the scattering from a spin
density wave. Below the transition, both channels become unequal, with their
~⊥ × M
~ ∗ )x , arising from
difference being the chiral magnetic component, −i(M
⊥
the spiral spin structure. The application of a reversed electric field lead to the
complete switched-over of the scattered intensities in both channels. With this
test, we could approve that the difference purely arises from the chiral domains
poled by an electric field.
The diffuse scattering slightly away from the Bragg reflection shows a similar
behaviour, shown in Fig. 5.17(b). While cooling, the intensities in the two channels
separate due to a poling of chiral fluctuations in the electric field. At the transition
TN 2 , the intensity increases when the fluctuations become static. Their correlation
length diverges and they are no longer visible away from the Bragg peak position.
The remarkable observation in this scan is the presence of chiral scattering above
TN 2 , inside the SDW phase. This diffuse chiral scattering is only visible up to
12.67 K, which is about 1 % above the transition. The scans were performed using
a temperature step of 0.005 K and a counting time of ∆T = 120 s, yielding an
optimal statistic with neutron counts of the order of 106 . It is surprising that the
chiral diffuse scattering is limited to about 0.15 K above the transition, whereas
diffuse magnetic scattering was observed up to 1 K above (cf. Fig. 5.16). The
chiral diffuse scattering was measured using a higher instrument resolution of
−1
−1
∆E ≈ 0.13 meV at k = 1.2 Å (compared to ∆E ≈ 0.25 meV at k = 1.5 Å ).
This corresponds to accessible time scale of approximately 30 GHz for scattering
from fluctuations. The energy analysis in a TAS experiment defines the limit for
the accessible energy and time range.
Our results agree with the observation of the critical slowing down of ferroelectric
fluctuations in MnWO4 reported by Niermann et al. [203]. Using broadband
dielectric spectroscopy, they followed the softening of an electric mode between
TN 2 and 1.5 % above in the range of 0 to 8 GHz. These electric fluctuations are
coupled via the DM mechanism to the vector chirality of the magnetic structure,
rendering them visible using polarized neutrons. One is tempted to assume that
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(a) Q = (−0.214, 0.5, 0.457), −2kV
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Figure 5.17.: Chiral magnetic scattering in MnWO4 at IN14. Temperature dependence
of scattered neutron intensity in the cross sections σxx̄ (+xSF) and σx̄x (-xSF) at the
~ = (−0.214, 0.5, 0.457) (a) and slightly away (+4° in ω) (b).
Bragg peak position Q
An electric field of +550 V mm−1 was applied to the sample along ~b upon cooling. The
transition temperature TN 2 determined by a power law fit (solid line) is indicated by a
dashed line.

both experimental observations, from this section and from Ref. [203], arise from
the same microscopic phenomenon.
We find a similar scenario in TbMnO3 , where the ferroelectric polarization is
likewise induced by a spiral spin structure via the DM interaction [15]. On one
hand, Finger et al. documented the existence of chiral diffuse magnetic scattering
in a range of 2 K above the multiferroic phase [137]. Diffuse magnetic scattering,
on the other hand, is present in the entire SDW phase ranging from 28 to 42 K, as
demonstrated in Section 4.2.2.
We can state that in MnWO4 , chiral magnetic fluctuations were only observed in a
limited region above the multiferroic transition, whereas magnetic fluctuations are
visible even at higher temperatures, similar to the fluctuations in TbMnO3 [137].
One possibility to explain this discrepancy is the effect of electric poling. Chiral
fluctuations can only be detected in polarized neutron experiments when the
fluctuations are poled by an electric field (which applies also to the observation of
corresponding ferroelectric polarizations).
The energy induced by the electric field can be estimated by assuming a simple
model of electric dipoles. The potential energy of a dipole p~ = Q · ~l in an electric
~ is given as D = E
~ · p~. The microscopic dipole moment is connected to
field E
the electric polarization via the volume, P~el = d~p/dV . When the AF2 structure is
static, the volume is equal to the volume of the crystal for a monodomain state.
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Figure 5.18: Energy induced by an constant electric field on correlated ferroelectric regions in a double-logarithmic scale.
The field energy was calculated using
Equation 5.1 with the values given in the
plot. The horizontal dashed line denotes
the thermal energy of TN 2 = 12.3 K.

Above the ferroelectric transition TN 2 , the volume of correlated ferroelectric regions
decreases drastically and changes strongly with temperature. For fluctuations with
an isotropic correlation length ξ, we obtain:
D=

4π ~ ~
· E · Pel · ξ 3 .
3

(5.1)

The relation between induced field energy and size of correlated regions is shown
in Fig. 5.18. The curve was calculated using the value of the electric field applied
during the experiment, E ≈ 550 V mm−1 , and the maximum electric polarization
measured in MnWO4 , Pel,b = 60 µC m−2 [17]. The chiral component of the magnetic fluctuations could be measured up to 12.55 K, slightly above the ferroelectric
transition TN 3 = 12.3 K. The thermal energy TN 3 is indicated by a horizontal
dashed line in the graph. This value can be understood as a threshold. With
increasing temperature, the correlation length decreases and so does the field
energy. Below the threshold, at ξ ≈ 100 Å, the thermal energy overcomes the field
energy and the fluctuations are no longer poled by the electric field. This cancels
out the net polarization as well as the chiral component, to which our experiment
is sensitive.
Experimentally, it is very difficult to directly access the correlation length of fluctuations in the AF3 phase, since the diffuse signal is dominated by static Bragg peak
scattering. At D7 it was possible to separate AF2 and AF3 type fluctuations in
the paramagnetic phase using neutron polarization analysis (cf. Fig 5.15). Looking
at the temperature dependence of fluctuations along ~b, it seems likely that the
threshold correlation length is only exceeded in a narrow range above the transition
temperature.
The comparison of our simple estimation with experimental data thus supports
the assumption that the field energy can only pole the ferroelectric fluctuations in
a narrow range above the phase transition.
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Figure 5.19.: Rocking scan over the magnetic Bragg peak position at Q
(−0.214, 0.5, 0.457) in MnWO4 at IN11. (a) Scan above and below the antiferromagnetic phase transition. A Gaussian function was fitted to the data. (b) Intensity
mapping at several temperatures, the intensity is logarithmically color coded. (c) Temperature dependence of intensity at the Bragg peak position and slightly away. The
corresponding angles are indicated by dashed lines in (a).

5.2.4. Relaxation times of magnetic fluctuations
An experimental technique which is perfectly suited to investigate fluctuations in
a material over a huge time scale is neutron spin-echo spectroscopy (NSE). It has
been successfully demonstrated in TbMnO3 , that magnetic fluctuations within
the ordered phase can be observed using the spin-echo spectrometer IN11 at the
ILL [209, 210]. In the following, we will describe the determination of relaxation
times of magnetic diffuse scattering in the paramagnetic and the SDW phase.
Throughout the experiment, both samples described at the beginning of this chapter
were investigated, yielding consistent data. The experiment was done in paramag~ = (0.214, 0.5, −0.457), a magnetic Bragg position of the
netic NSE mode around Q
SDW-structure. The NSE spectra were normalized by xyz-polarization analysis,
~ and y complementing the Cartesian set (cf.
where z was the vertical, x parallel to Q
Fig. 5.5). In a NSE experiment, the incident neutron beam is not restricted to be
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Figure 5.20.: Neutron spin echo spectra in MnWO4 at IN11. The spectra were obtained
at several temperatures in the PM, AF3 and AF2 phases at: (a) Bragg peak position
~ = (−0.214, 0.5, 0.457) and (b) after a rotation of ω = 1.1° away from the peak
Q
position. An exponential decay function was fitted to the data.

monochromatic. We worked with a range of ±18 % around a neutron wavelength
−1
of λi = 5.5 Å (Ei = 2.7 meV and ki = 1.14 Å ). The flipping ratio was F R = 20.
The instrument was used in the IN11A setting with a two-dimensional multidetector arm with a length of approximately 5 m [79]. This provides a good
angular resolution, which is optimal for the study of fluctuations near a strong
static signal.
Figure 5.19(a-b) shows the profile of the magnetic Bragg reflection determined
~ = (0.214, 0.5, −0.457) at 12.0 K. A Gaussian function
by sample rotation at Q
was fitted to the peak. The particular profile matches the TAS data described
previously in Section 5.2.1: one side of the peak is contaminated by small misoriented crystallites, whereas the intensity on the other side rapidly decreases to the
value of the background. Dashed lines indicate two exemplary sample positions
ω = 278.1° (Bragg peak scattering) and 279.2° (diffuse scattering). The evolution
of scattered intensity at these two positions is shown in Fig. 5.19, reproducing
the same behaviour of static and diffuse scattering in the paramagnetic and the
ordered AF3 phase as presented in the previous sections.
Figure 5.20(a) shows the NSE spectra at the magnetic Bragg position for temperatures from the paramagnetic phase to the ordered AF3 phase. The data nicely
shows the slowing down of the fluctuations at the onset of the magnetic Bragg
peak at TN 3 . An exponential function of the form S = S0 e−τ ·t was fitted to the
data to describe the decay of polarization. The resulting relaxation times are
the red points of Figure 5.21. Similarly, the NSE spectra slightly away from the
magnetic Bragg peak at ωdiffuse = ωBragg + 1.1° are shown in Figure 5.20(b) for
several temperatures in the AF3 and AF2 phase. The resulting relaxation times
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Figure 5.21.: Characteristic relaxation times obtained by neutron spin echo spectra
~ = (0.214, 0.5, −0.457) and after a small sample rotation
at the Bragg peak position Q
at several temperatures at IN11. A power law was fitted to the peak values yielding a
critical exponent ν = 0.66(15). Dashed lines indicate the phase transitions TN 3 and TN 2 .
The inset shows the Q-dependence of the relaxation time. A quadratic function was
fitted to extrapolate the value at the Bragg peak position.

are marked as green points in Figure 5.21.
Finally, the relaxation times extracted from the NSE spectra at different temperatures and positions relative to the magnetic Bragg peak are summarized in
Figure 5.21. The temperature dependence at the Bragg peak position was fitted
using a power law function. The resulting critical exponent ν = 0.66(0.15) perfectly
matches the value of a three-dimensional XY transition ν = 0.669 [149], expected
for the PM→AF3 transition [150].
The critical phenomena in RMnO3 multiferroics were investigated by Harris et al.
using Landau theory. Their approach may also be applied to MnWO4 , which shows
similar successive transitions PM→SDW→spiral [198]. Following this approach,
the upper PM→AF3 belongs to the universality class of the XY model, which
implies a critical exponent of ν = 0.669 (D = 2, d = 3b ) [149]. The ferroelectric
transition AF3→AF2 is in the 3d-Ising universality class, yielding ν = 0.707
(D = 1, d = 3) [149].
The surprising finding, which has strong similarities with the previous results on
TbMnO3 , is that the diffuse scattering is unaffected by the magnetic transition at
TN 3 , whereas it clearly bears the signature of a Q-dependent slowing down at TN 2 .
The relaxation time of fluctuations inside the AF3 phase the Bragg peak position
b

One differs between the dimensionality of the order parameter D and the dimension of system
d.
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could not be accessed experimentally due to the strong overlaying signal of the
static structure. It was attempted to extrapolate this value by measuring the
Q-dependence of fluctuations. The inset of Figure 5.21 shows the Q-dependence
of the inverse relaxation times at different temperatures above TN 2 versus the
relative distance to the magnetic Bragg reflection. A quadratic function was fitted
to extrapolate the value at the Bragg peak. We obtain a value of about 2.2 ns−1
for the fluctuation at q = 0, which varies only slightly with temperature. This
corresponds to a frequency of approximately 0.5 GHz. This value is of the same
order of the ferroelectric fluctuations close to the multiferroic transition measured
by broad dielectric spectroscopy [203].
While Niermann et al. find a critical slowing down of the relaxation times close to
TN 2 , our results show almost no temperature dependence in the temperature range
from 12.6 to 13.0 K [203]. The neutron experiment suffers from the fact that the
weak scattering from fluctuations in the AF3 phase is dominated by strong scattering from the static structure. We succeeded to measure the fluctuations slightly
away from the static Bragg peak position, due to the broadening of quasi-elastic
scattering. The circumstances, nevertheless, change close to the AF2 transition:
at the critical slowing down the correlation lengths of fluctuations diverges which
results inevitably in a sharpening of the scattered signal. Therefore we are no
longer able to detect these fluctuations away from the Bragg peak position.
Another difference to the results from Niermann et al. is, that their experimental
technique only resolves ferroelectric fluctuations which can be unambiguously
addressed to the multiferroic AF2 phase. The presented approach using spin-echo
spectroscopy sees all magnetic fluctuations in the system, which renders it very
difficult to isolate those who purely arise from the AF2 phase.

5.3. Magnetic excitations in the multiferroic
phase
The study of the chiral magnetic component, which helped investigating the diffuse magnetic scattering, can also be applied to the excitation spectrum of spiral
spin structures. It has been demonstrated in Section 4.4.3, that in the case of
TbMnO3 such experiments can give substantial information helping to understand
the systems dynamics.
Until now, only the magnon dispersion in the commensurate AF1 phase has been
studied experimentally in MnWO4 [182, 184]. In the AF2 phase, the excitation
spectra change drastically, shown by a recent INS investigation at the magnetic
zone center [137]. Similar to the case of the multiferroic phase of TbMnO3 , three
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excitations have been found, which were distinguished as a low energy phason
mode and two modes being polarized perpendicular to the plane of the magnetic
spiral.
The experiment presented in this section directly followed the investigation of
diffuse scattering reported in Section 5.2.3. A single crystalc was installed at the
cold neutron TAS instrument IN14 at the ILL. The sample was placed between
parallel aluminum plates to enable the application of an electric field along the
direction of ferroelectric polarization ~b and was mounted in [−0.21, 0, 0.45]/[0, 1, 0]
scattering geometry. The analyzed neutron energy was fixed at Ef = 3.0 meV
−1
(kf = 1.2 Å ) and a beryllium filter was used to eliminate higher order reflections.
Longitudinal polarization analysis was achieved by a supermirror bender in the
incident neutron beam and a set of Helmholtz coils at the sample stage. The
neutron flux at the sample was increased by using a vertical focusing monochromator and a double-focusing PG analyzer. This is called a half-polarized setup,
because the PG analyzer is insensitive to the polarization of neutrons. The energy
resolution was determined to be ∆E ≈ 0.13 meV at the elastic line. An additional
experiment was performed at the cold neutron TAS instrument 4F1 at the LLB,
Saclay, yielding consistent results.
The experiment was performed in half-polarized setup, where in the two channels
c

The crystal was grown by C. Tölzer and C. Lee [204] and prepared by J. Stein at the University
of Cologne.
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Figure 5.24.: Dispersion of the chiral magnetic component, σx̄ − σx , in MnWO4 at 9 K
~ = (−0.24 · HL, 0.5, 0.457 · HL) (a) and Q
~ = (−0.24, K, 0.457) (b) at IN14. An
along Q
electric field of +550 V mm−1 was applied to the sample along ~b.

with the spin parallel and anti-parallel to the scattering vector, the chiral contributions appear with opposite sign. This particular setup has the advantage of
simplicity and significantly higher count rates, rendering inelastic measurements
more efficient. Spin-flip and non spin-flip channels along one polarization direction
can no longer be distinguished in this setup (e.g. σxx̄ and σxx ). We will use the
~ and σx̄ for a polarization
following notation: σx for a polarization parallel to Q
~ It was verified before that all inelastic signal was purely magnetic.
antiparallel to Q.
The zone center excitation spectrum at 9 K, inside the ferroelectric AF2 phase,
~ = (−0.214, 0.5, 0.457).
is shown in Figure 5.22 at the magnetic Bragg peak Q
The intensity significantly differs in both channels, indicating chiral magnetic
component. At low energies, the difference is enhanced. The low energy mode
is believed to be the in-plane phason mode which should carry a chirality. At
higher energies, the deviation is smaller and so is the chiral component. The
upper modes were identified as out-of-plane modes and should thus possess no
chirality (just as in the case of TbMnO3 , see Section 4.4.3). Our results thus
agree with the interpretation of Finger et al. [137]. The scan was performed with
two electric field configurations, 550 V mm−1 and −550 V mm−1 , proving that the
deviating intensity in both channels originates from the reversed chiral domain of
the magnetic spiral.
Further away from the magnetic Bragg peak, the chiral character of the modes
significantly. An exemplary scan at ~q = (0, 0.2, 0) (relative moment transfer
within a Brillouin zone) is shown in Fig. 5.23. The spectra in both channels
could be well described by fitting three Gaussian functions. Their positions are
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Chiral dispersion, T = 9 K
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Figure 5.25: Dispersion and chiral
ratio of magnon modes in MnWO4
at 9 K along [0, 1, 0] at IN14. The positions and chiral components of the
three low-energy modes were determined by Gaussian fits (cf. Figs. 5.24
and 5.25). An electric field of
+550 V mm−1 was applied to the
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indicated by black arrows. We find the coexistence of both chiral states at one
position. A similar observation was made in the multiferroic phase of TbMnO3
(see Chapter 4.4.3 for more details). In TbMnO3 , the coexisting modes of opposite
chirality were found at higher energies. By modeling the spin wave dispersion, it
could be shown that these modes are dispersing from the adjacent Brillouin zone.
In the present case of MnWO4 , the origin of opposite chirality might be more
complex.
The dispersion of magnetic excitations and especially of the chiral component
was followed along the directions of the scattering plane. Figure 5.24 shows the
subtraction of both channels along [−0.21, 0, 0.45] (left) and [0, 1, 0] (right). The
~ ⊥ ×M
~ ∗ )x ·2. Along both directions, the presence
subtraction yields σxx̄ −σx̄x =−i(M
⊥
of a mode with opposite chirality can be observed. Furthermore the chirality is
~ = (0, 0.5, 0). The loss of
completely lost at the magnetic zone boundary Q
chirality can be explained by symmetry, when changing the Brillouin zone at the
zone boundary. The coexistence of both chirality states inside one zone must be
due to folding of modes, and has also been observed in the multiferroic spiral phase
of TbMnO3 , cf. Section 4.4.3.
The results from the fitting of the excitation spectra along [0, 1, 0] are summarized
in Figure 5.25. At all positions the spectra in both channels could be described
using three Gaussian functions. Figure 5.25(a) shows the energy dispersion of
modes, and Figure 5.25(b) shows the corresponding chiral ratio. The colors denote
the different modes. By looking at the dispersion it seems possible that a mode
crossing occurs at K ≈ 0.6. The most remarkable observation is the strong opposite
chirality of the low-energy mode.
It was attempted to model the magnon modes in the multiferroic AF2 phase using
linear spin wave theory. As described in Section 4.4.3, the chirality of modes in
the multiferroic phase of TbMnO3 was successfully modeled using the program
SpinW [94]. Until now only the dispersion in the collinear AF1 phase could be
modeled, using a set of nine to eleven exchange interaction parameters [182, 184].

122

5.4. Conclusion
1200
9.00K
12.40K
12.55K
12.65K
13.00K

Difference σ−x − σx (cts/90sec)

Q =(−0.214, 0.5, 0.457)
1000
800

+2kV

600
400
200
0
0.2

0.4

0.6
Energy (meV)

0.8

1

Figure 5.26: Temperature dependence
of the chiral component, σx̄x − σxx̄ ,
~ =
at the magnetic zone center Q
(−0.214, 0.5, 0.457) in MnWO4 at IN14.
An electric field of +550 V mm−1 was applied to the sample along ~b. The chirality
disappears above the ferroelectric transition at TN 2 .

The complexity of the system, given by the large number of competing exchanges,
renders it difficult to describe the frustrated spiral phase and no satisfying model
could be obtained by spin wave calculation.
Finally we discuss the evolution with temperature of the chiral magnetic component.
Figure 5.26 shows the subtraction of both channels along x for various temperatures
in the AF2 and AF3 phase. Upon increasing temperature, the spectral weight
continuously decreases and shifts to lower energies. This is in agreement with
the temperature dependence of the zone center excitations, which shift to lower
energies for increasing temperatures [137, 182]. The chirality of modes decreases
upon cooling and is lost at the AF2→AF3 transition at TN 2 . This agrees with the
understanding that magnetic excitations of a collinear SDW should not carry a
chiral component. This is the case for the AF3 phase in MnWO4 .

5.4. Conclusion
This chapter presents a comprehensive study of magnetic fluctuations in the
spin-induced multiferroic MnWO4 . Different neutron scattering techniques with
polarization analysis were applied in order to investigate the correlation length and
the direction of the fluctuations. We were able to separate contributions from the
SDW and the spiral order. The temperature dependence of the contributions along
~b demonstrates the almost continuous nature of the PM→SDW→spiral transition.
Diffuse magnetic scattering, which arises from magnetic fluctuations, is present
in the system up to two times the transition temperature of TN 3 = 13.5 K, which
indicates the strong frustration of competing exchange interactions. It could be
shown that the fluctuations close to TN 3 are mainly polarized along the direction
of the easy-axis anisotropy ~eac , while they become isotropic at higher temperatures.
In addition, the usage of polarized neutrons helped to analyze fluctuations along
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~b which arise from the spiral phase. The comprehensive dataset documents a
characteristic shape of the magnetic fluctuations, which is directly linked to the
complex magnetic exchange interactions in MnWO4 .
These fluctuations along ~b could also be observed and characterized inside the
ordered AF3 phase, which shows the almost continuous transition towards the
spin spiral phase. Relaxation times of the fluctuations determined by neutron spin
echo spectroscopy confirm this assumptions. The fluctuations along ~b seem to be
unaffected from the ordering of moments along ~eac at TN 3 , the transition of the
spin-density-wave.
The spin-spiral structure of the AF2 phase induces a ferroelectric polarization via
the DM mechanism [17], and the sign of polarization can be attributed to the sign
of vector chirality [13]. This vector chirality should also be an intrinsic property of
the fluctuations along ~b in the AF3 phase. By applying an electric field, it was
shown that these magnetic fluctuations can be electrically poled in the dielectric
phase. The magnetic fluctuations of chiral character can be compared to the critical
slowing down of electric fluctuations observed by dielectric spectroscopy [203].
In addition, the excitation spectrum in the multiferroic phase was investigated.
The magnon modes possess a strong chiral component, which could be poled by
an applied electric field. The chiral component of the magnon modes could be
followed along two directions in reciprocal space. Remarkable is the observation of
modes of reversed chirality relative to the static Bragg peak. These modes may
arise due to back-folding of magnon branches and could help to validate models
for the spin-wave dispersion in the multiferroic phase.
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Chapter

6

Magnetic phase diagram of
NaFe(WO4)2

The discovery of a spin-driven multiferroic phase in
MnWO4 in 2006 [17, 46, 47] motivated the research for
ak=k9.88kÅ
multiferroicity in other materials of the tungstate fam- NaFe(WO4)2
bk=k5.72kÅ
monoclinickP2/ck(13)
ck=k4.94kÅ
ily [212]. The metal ion M 2+ in M WO4 can be subβk=k91.33°
stituted by a magnetic ion with the same valency or kic=(-0.485,k0.5,k0.48)
by a combination of mono- and trivalent ions. Instead
PM
Spiral
mkinkac+b
of the spin-spiral of MnWO4 , the resulting compounds
kic
often develop a simple collinear antiferromagnetic strucT(K)
3.9
ture [174, 180, 211] and no electric polarization was
observed [212].
Figure 6.1.: Crystal parameters
First dielectric experiments on NaFe(WO4 )2 indicated and magnetic phase transitions in
the presence of an electric polarization in the low tem- NaFe(WO4 )2 [187, 211].
perature phase [212]. This experimental observation
and the complex magnetic phase diagram [187, 213] are
in contradiction to the simple collinear structure proposed in the literature [211],
rendering this material interesting for further investigations.
In this chapter, a detailed neutron diffraction study of the magnetic phase diagram
of NaFe(WO4 )2 is presented for magnetic fields applied along the monoclinic axis.
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Figure 6.2.: (a) Crystal structure of NaFe(WO4 )2 . Tungsten (grey), iron (blue) and
sodium (blue) ions are surrounded by oxygen (red) octahedra. These octahedra form
planes perpendicular to ~a. The size of the atoms reflects their relative ion radius [118].
(b) Iron octahedra form chains along ~c.

6.1. Introduction
6.1.1. Crystal and magnetic structure
The crystal structure of the double tungstate NaFe(WO4 )2 can be described in
the monoclinic space group P2/c with lattice parameters a = 9.88 Å, b = 5.72 Å,
c = 4.94 Å and a monoclinic angle of β = 90.33° [214]. An overview of the crystal
and magnetic structure of NaFe(WO4 )2 is given in Fig. 6.1. The metal ions are
surrounded by edge-sharing [O6 ]-octahedra and aligned in planes parallel to the
bc-plane. The structure is shown in Figure 6.2(a). Layers containing [NaO6 ]
octahedra and [FeO6 ] octahedra, respectively, are separated by layers that contain
[WO6 ] octahedra only. Hence, the unit cell of NaFe(WO4 )2 is doubled along ~a,
with respect to the natural wolframites MnWO4 and FeWO4 [174, 180].
In NaFe(WO4 )2 , the Fe3+ ions carry a finite magnetic moment. Similar to the
case of MnWO4 , the magnetic Fe3+ ions form zig-zag chains along the c-axis (see
Fig. 6.2(b)). In spite of the long distance between the Fe3+ -planes, NaFe(WO4 )2 develops a three-dimensional magnetic structure at temperatures below 5 K. The analysis of neutron powder diffraction yielded a collinear antiferromagnetic structure
with magnetic moments aligned parallel to the a-axis [211]. The magnetic reflections were indexed with a commensurable propagation vector of ~kc = (0.5, 0.5, 0.5).
Nyam-Ochir et al. claim the antiferromagnetic super-superexchange coupling along
~b and ~c causes the doubling of the magnetic unit cell along these directions, whereas
the mechanism for the coupling along the extended a-axis remains unclear [211].
The substitution of the magnetic site with Cr2+ also leads to a long-range threedimensional magnetic order but a mixed occupation of Fe3+ and Cr3+ destroys the
magnetic order [211].
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Figures 6.3(a-c) show the magnetic susceptibility of NaFe(WO4 )2 along the principal crystallographic directions measured on a single crystal. The high temperature
−1
part was fitted using the inverse Curie-Weiss function χ−1
(T + θ) yielding
m = C
Weiss-temperatures around θ = −8.5 K in the monoclinic plane and an effective
magnetic moment of
pµef f,exp = 5.932(15) µB , which matches perfectly the expected
value of µef f = 2 S(S + 1) = 5.92 µB for a spin-only moment of Fe3+ with
S = 5/2 [53]. The results agree with values determined from powder [211].
The low temperature part of the susceptibility is shown in Fig. 6.3(a). All three
curves show a broad maximum at about 14 K. At lower temperatures the behaviour
is different along each direction. Perpendicular to the monoclinic axis, along ~a* and
~c*, the susceptibility drops rapidly, whereas along ~b only a small decrease is seena .
In a uniaxial antiferromagnet, the temperature dependence of the susceptibility
strongly depends on the relative direction of the applied magnetic field and the
ordered magnetic moments. Fields applied parallel to the moments yield a decrease
of susceptibility below the phase transition. For fields applied perpendicular the
susceptibility is constant for decreasing temperatures [53]. From this we can deduce
that the magnetic moments in NaFe(WO4 )2 are mainly aligned in the ac-plane
with a small component along ~b. We find a transition temperature of 3.9 K which
is indicated by a black dotted line in the inset. The ratio of Curie-Weiss and Neel
temperature, f = θCW /TN ≈ 2.2, shows that the system is frustrated [215]. The
Neel temperature was confirmed by specific heat measurements upon heating and
cooling [216]. The transition along ~b is slightly shifted towards lower temperatures
due to the applied magnetic field along this direction.
Finally in Figure 6.3(c), we show the induced magnetization for fields applied along
~b and ~c*. The magnetization per field (cf. Figure 6.3(d)) changes at magnetic
fields of about 1.5 K giving a hint for a spin-flop transition.

6.1.2. Magnetic phase diagram and dielectric
measurements
The phase diagram of NaFe(WO4 )2 for a magnetic field applied along the principal axes was determined by M. Ackermann and Y. Sanders at the University
of Cologne [213]. We will present the performed macroscopic measurements to
demonstrate the complexity of the system. Figure 6.4(a) shows the thermal expansion of NaFe(WO4 )2 along the monoclinic axis ~b for magnetic fields applied
along the same direction. The curves are shown for selected fields upon cooling
and heating. A transition below 4 K is visible in magnetic fields up to 11 T. In the
a

Note that in the monoclinic system ~bk~b* is valid.
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Figure 6.3.: Magnetic susceptibility of NaFe(WO4 )2 along principal crystallographic
directions: (a) low temperature behaviour and (b) Curie Weiss fit to the high temperature
part. The inset in (a) shows the derivative of the susceptibility with respect to the
temperature. A magnetic field of 0.1 T was applied to the sample. (c) Magnetization on
NaFe(WO4 )2 for magnetic fields applied along ~b and ~c*. (d) Magnetization per applied
magnetic field for B||b. Measurements were performed by S. Heijligen.

case of increasing magnetic fields, the transition shifts towards lower temperatures.
In low fields up to 1 T a hysteresis is visible which disappears in higher fields. The
perturbations in the curves at 2 K are caused by stabilization problems of the
temperature controller [213].
The magnetostriction of NaFe(WO4 )2 along the monoclinic axis ~b for magnetic
fields applied along the same direction at selected temperatures is shown in Figure 6.4(b). The measurements were performed after cooling from the paramagnetic
phase in increasing and decreasing magnetic fields at constant temperatures. At
temperatures below 3 K, two transitions occur when the field is increased, at
about 2 T and 12 T. The upper transition shifts towards lower fields at higher
temperatures. When the field is decreased again only one sharp feature is visible.
At the field of the lower transition only a minor anomaly can be detected. The
magnetostriction curves confirm the transition temperatures determined by thermal
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Figure 6.4.: (a) Thermal expansion and (b) magnetostriction of NaFe(WO4 )2 along
the monoclinic axis for magnetic fields applied along ~b. The data was obtained upon
decreasing and increasing temperature or magnetic field (black and red curves). (c)
Resulting magnetic-field versus temperature phase diagram. All figures are taken from
Ref. [213].

expansion at higher fields.
The resulting phase diagram determined by anomalies in the macroscopic measurements is shown in Figure. 6.4(c). Ackermann comes to the conclusion that
NaFe(WO4 )2 undergoes a glass-like transition in low fields into a mixed partially
magnetically ordered phase AFmixed . In higher fields applied along ~b, the antiferromagnetic order AF is completed and the phase is stable even in decreasing
fields [213].
The phase diagrams along ~a* and ~c* are rather complex and show several transitions in high magnetic fields which might as well be explained by the incomplete
magnetic order at zero-field [213]. We will focus in the following on the case of
magnetic fields applied along the monoclinic axis.
Preliminary pyro-electric current experiments have been performed by S. Jodlauk
and S. Albiez [212,213]. They found evidence of an electric current but it could not
be surely attributed to a ferroelectric phase. The experiments have been revised
and repeated on single crystals along the principal crystallographic directions with
the application of a magnetic field. Upon cooling, no electric current could be
detected. Upon heating, an electric signal could be detected along ~a* and ~c* which
was interpreted as an effect of frozen charge carriers. The authors conclude that
NaFe(WO4 )2 is neither multiferroic nor linear magnetoelectric [213].
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6.2. Neutron diffraction in the zero field phase
Neutron scattering experiments were conducted at the triple-axis spectrometers
(TAS) IN3 (thermal) and IN14 (cold) at the ILL to investigate the temperature
dependence of the zero field magnetic phase. In a TAS experiment, one is restricted
~ space to a scattering plane spanned by two vectors. In order to access the
in Q
incommensurability along all three crystallographic directions, the experiment had
to be repeated with three different crystal orientations. At IN14, we worked with
−1
an analyzed neutron energy of 3.5 meV (kf = 1.3 Å ) and a sample orientation of
[1, 1, 0]/[0, 0, 1]. At IN3, we worked with an analyzed neutron energy of 14.7 meV
−1
(kf = 2.66 Å ) and a sample orientation of [1, 0, 1]/[0, 1, 0] and [0, 1, 1]/[100]. The
single crystal (13 × 8 × 2mm3 ) used for the experiment has been grown from melt
by P. Becker at the University of Cologne [212].

6.2.1. Temperature dependence of magnetic order
The temperature dependence of the magnetic transition in NaFe(WO4 )2 determined by macroscopic measurements was discussed in Section 6.1.2. The thermal
expansion curves showed a hysteresis-like behaviour of the phase transition which
was interpreted as a glass-like transition towards a partially ordered magnetic
phase [213].
~ scans along [1, 1, 1] over the magFigures 6.5(a) and (b) show intensity maps of Q
~ = (−0.5, 0.5, 0.5) upon cooling and heating. At about 4 K,
netic satellites at Q
two strong incommensurate Bragg peaks develop whose positions are temperature
dependent. The incommensurate splitting of the magnetic Bragg peaks in the zero
field magnetic phase have been observed first during the diploma thesis [187]. The
magnetic satellites are accompanied by weak third-order reflections and scattered
signal at the commensurate Bragg peak position. Above the transition temperature, diffuse scattering is visible. Three Gaussian functions were fitted to the
data to take into account the intensities at the two incommensurate positions
and the commensurate position in the center. The signal at the commensurate
Bragg position is weak in comparison to the incommensurate peaks but cannot be
attributed to λ/2 contamination from a structural peak since its intensity varies
with temperature. A detailed analysis of this finding is restricted by the weakness
of the effect and the fact that the magnetic satellites are so close to each other.
Our data suggests that the commensurate signal grows towards lower temperatures
which comes along with a broadening of the width of the incommensurate satellites.
A development of a second magnetic phase would lower the correlation length of
the primary structure which would be visible in a broadening of the magnetic
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Figure 6.5.: Magnetic phase transition in NaFe(WO4 )2 upon cooling and heating at
~ scans along the position of the magnetic Bragg
IN3. (a), (b) Intensity mapping of Q
~
reflection Q = (−0.5, 0.5, 0.5) upon cooling and heating through the phase transition.
The color is logarithmically coded. Gaussian peaks were fitted to the data. (c) Peak
intensities of both magnetic satellites. The fitted power law function M 2 = c(TC − T )2β )
yields a transition temperature of T = 3.76(2) K and a critical exponent of β = 0.10(2).
(d) positions of the satellites relative to the commensurate Bragg point, (e) Peak intensity
of the incommensurate third-order signal upon heating and cooling. The onset of the
third-order reflections coincides with the modulation of the propagation vector.
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reflections. The presence of a commensurate magnetic signal and higher order
reflections of the incommensurate satellites are both indicators that the present
magnetic structure is perturbated.
The appearance of the third-order reflections may be attributed to an anharmonic
perturbation of the incommensurate structure. A perturbated sinusoidal wave
can be described by additional wave vectors using Fourier transformation. Higher
order harmonics often indicate squaring-up of the magnetic structure. This is an
expected feature at low temperatures as an incommensurate sinusoidal spin-density
wave cannot be the ground state of a local moment system [217]. The ratio of first
and third-order satellites is in the order of I1st /I3rd ≈ 100/1 in the present case.
Figure 6.5(c) shows the temperature dependence of the fitted peak intensity of the
first-order satellites. Unlike expected from the thermal expansion data we did not
find a hysteresis behaviour of the transition temperature and only minor variations
in the peak intensity. Fitting a power law to the data, we get the same transition
temperature of about 3.8 K for the cooling and heating cycle. This finding perfectly
agrees with the temperature determined from the magnetic susceptibility within
the accuracy of the used cryostat.
In Figure 6.5(d), the fitted peak position of the first-order magnetic satellites are
shown for the cooling and heating cycles. The distance to the commensurate position is plotted against the temperature. Both satellites show the same behaviour
within a cycle, but the temperature dependence is different for heating and cooling.
Upon cooling, the incommensurability decreases continuously with temperature.
Upon heating, the value of the incommensurability is locked-in up to 3.0 K and
increases in higher temperatures. The temperatures match the hysteresis-like
behaviour found in the thermal-expansion data (cf. Fig. 6.4(a)). The fluctuation
of intensity in the heating curve may be assigned to a non-perfect temperature
stabilization of the cryostat.
Finally in Figure 6.5(e), we show the temperature dependence of the relative peak
intensities of the third-order magnetic satellites. Again we find the same hysteresis
behaviour upon heating and cooling as in the thermal-expansion data. The corresponding transition temperatures match perfectly the quasi lock-in temperatures
of the incommensurability.
We can conclude that the magnetic transition temperature of NaFe(WO4 )2 is
at 3.9 K and that the hysteresis-like behaviour found in thermal-expansion data
can be assigned to perturbations of the magnetic ordering. These perturbations
are visible as third-order magnetic satellites in the neutron diffraction data. The
presence of scattered magnetic intensity at the commensurate Bragg positions may
reflect a coexistence of incommensurate and commensurate magnetic order. A
spin-glass behaviour can be excluded as the present magnetic structure leads to
sharp Bragg reflections. This result is further supported by measurements of the
field-cooled and non-field-cooled magnetic susceptibility. No field dependence is

132

6.2. Neutron diffraction in the zero field phase
(a) Q = (H,K,K)

(b) Q = (H,K,−H)

−0.45

−0.5

L (r.l.u.)

−0.47

K (r.l.u.)

H (r.l.u.)

(c) Q = (H,H,L)
−0.45

−0.5

−0.5

−0.53

−0.55

−0.55
0.45

0.5
K (r.l.u.)

0.55

−0.55

−0.5
H (r.l.u.)

−0.45

0.48

0.5
H (r.l.u.)

0.52

~ scans along magnetic Bragg peaks of NaFe(WO4 )2
Figure 6.6.: Intensity mapping of Q
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at 3.8 K in three different orientations: (a) Q
~
~ = (0.5, 0.5, −0.5) in [0, 0, 1]/[1, 1, 0].
Q = (−0.5, −0.5, 0.5) in [0, 1, 0]/[1, 0, 1] and (c) Q
The color is logarithmically coded. Dashed lines indicate the commensurate Bragg peak
position.

visible, whereas for a spin-glass system one would expect an irreversibility of the
susceptibility below the transition [218].

6.2.2. Magnetic propagation vector
~ scans along two magFigures 6.6(a-c) show two-dimensional intensity maps of Q
netic satellites in NaFe(WO4 )2 in three different crystal orientations at 3.8 K. The
black cross indicates the commensurate peak position. This temperature is slightly
below the magnetic transition temperature, where the splitting of the satellites
is most pronounced (cf. Section 6.2.1). The intensity is logarithmically coded
and diffuse scattering is visible around the static Bragg peaks. The images can
~ space.
be understood as two-dimensional cuts through the three-dimensional Q
In Figure 6.6(a), the single crystal was oriented along [1, 0, 0]/[0, 1, 1] and was
measured at the spectrometer IN3. The splitting of the incommensurate magnetic
satellites occurs along both axes of the scattering plane. The splitting along [1, 0, 0]
can be projected to be ∆H = 0.03. Figure 6.6(b) was recorded at IN3 in the
scattering plane [0, 1, 0]/[1, 0, 1]. In this orientation the splitting is only present
along [1, 0, 1]. Within the experimental precision we cannot determine a splitting
along the monoclinic axis and ∆K = 0. Finally at the spectrometer IN14 the
crystal was oriented along [0, 0, 1]/[1, 1, 0]. The splitting is again present along
both axes and we can project a value of ∆L = 0.04 for the incommensurability
along ~c*.
We can conclude that the incommensurable splitting of the magnetic propaga-
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tion vector in the zero-field phase of NaFe(WO4 )2 only occurs perpendicular
to the monoclinic axis ~b. This is a symmetry plane of the Brillouin zone for
the space group P 2/c. The propagation vector at 3.8 K was determined to be
~kic = (−0.485, 0.5, −0.48).

6.2.3. Diffuse magnetic scattering
In the previous sections, we mentioned the presence of diffuse magnetic scattering
in the paramagnetic phase of NaFe(WO4 )2 . Aim of this section will be to investi~ dependence of the diffuse scattering. The experiment
gate the temperature and Q
was performed at the spectrometer IN3 using a single crystal of NaFe(WO4 )2 in
the orientation [1, 0, 0]/[0, 1, 1].
Figures 6.7(a) and (b) show two-dimensional intensity maps along the commensu~ = (−0.5, 0.5, 0.5) at 4.0 K and 4.2 K, inside the paramagnetic
rate Bragg peak Q
phase. At 4.0 K the diffuse scattering is well centered around the incommensurate
Bragg peak positions. The signal is rather sharp along [0, 1, 1] and significantly
broadened along [1, 0, 0]. At 4.2 K this situation is even more pronounced. The
diffuse scattering remains centered at the commensurate value along [0, 1, 1] and is
nearly constant along the a* axis.
~ scans along [0, 1, 1] over the commensurate Bragg peak
Figure 6.7(c) shows Q
~ = (−0.5, 0.5, 0.5) at different temperatures above the magnetic transiposition Q
tion. Diffuse scattering is present up to 6 K which is almost twice the transition
temperature of TN = 3.9 K suggesting a low-dimensional or frustrated character of
the system. This finding is in perfect agreement with the magnetic susceptibility
data, cf. Figure 6.3(a). Magnetic resonance studies on NaFe(WO4 )2 revealed a
two-dimensional character of the magnetic order and the ratio of intralayer J to
interlayer exchange J 0 was estimated to be J 0 ≈ 10−6 J [219].
We now focus on the anisotropy of the magnetic correlations. Figure 6.7(d) shows
~ scans along [1, 0, 0]. The diffuse scattering is
the temperature dependence of Q
significantly broadened along this direction. By fitting the data with a Lorentzian
function, one can determine the correlation length of the diffuse order. The finite
instrument resolution can be neglected in the investigated temperature range
because the diffuse signal is significantly broadened.
The temperature dependence of the correlation length along both directions is
shown in Figure 6.7(e). NaFe(WO4 )2 crystallizes in a layered structure with separated planes of Na, Fe and W parallel bc (see Fig. 6.2 and [214]). The distance of
the magnetic ions along ~a* is almost 10 Å. The weakness of the coupling along
~a* is visible in the two-dimensional diffuse scattering in the paramagnetic phase.
Correlations between the magnetic moments first occur below 10 K inside the
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Figure 6.7.: Diffuse scattering in NaFe(WO4 )2 . Two-dimensional intensity mapping of
~ scans along magnetic Bragg Q
~ = (−0.5, 0.5, 0.5) upon heating through the phase
Q
transition in the orientation [1, 0, 0]/[0, 1, 1] at (a) 4.0 K and (b) 4.2 K at IN3. The
~ scans through commensurate Bragg
color is logarithmically coded. (c) and (d) show Q
position along [0, 1, 1] and [1, 0, 0] at several temperatures above the magnetic transition.
Diffuse magnetic scattering is present up to 6 K. The correlation length ξ determined by
Lorentzian fits for both directions is given in (e). A power law function ξ = c(T − Tc )ν
was fitted to the data yielding a transition temperature of Tc = 3.90(5) K and a critical
exponent of ν = −0.90(10).
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bc-plane, where the magnetic moments form zig-zag chains. The planes are first
decoupled along ~a leading to two-dimensional diffuse scattering. Only at lower
temperatures the system develops correlations between the planes.

6.3. Symmetry analysis
A symmetry analysis of NaFe(WO4 )2 has been done using BasIreps (implemented
in the FullProf suite [81]) in order to solve the complex magnetic structures of
the low field and high field phases of NaFe(WO4 )2 . The program is based on
the method of representation analysis developed by Bertaut [126, 221, 222]. The
crystallographic space group is P 2/c (13), its symmetry elements are listed in
Table. 6.1. The magnetic moments of Fe3+ are located at the special Wyckoff site
2e at (0, y, 1/4) which has two-fold symmetry and a multiplicity of two.
Nyam-Ochir et al. were able to describe the magnetic neutron powder data with a
commensurate propagation vector of ~kc = (0.5, 0.5, 0.5) [211]. The corresponding
little group is G~kc = {1, 2, 1̄, c} which is identical to the space group of the structure.
It contains one two-dimensional irreducible representation Γ1 . The character table
and the corresponding symmetry conditions for the magnetic moments are given
in Table 6.2. In the case of the commensurate propagation vector, ~kc and −~kc
are equivalent and the star of ~kc consists of one vector. The two-dimensional
representation allows the two symmetry connected moments in the crystallographic
unit cell to be either collinear or canted. For a given moment (u, v, w), the second
moment can align according to the four possibilities: (u, v, w), (u, v̄, w), (ū, v, w̄)
and (ū, v̄, w̄).
In Section 6.2.2, it has been shown that the propagation vector of the zero-field
magnetic phase is incommensurate in the monoclinic plane and is of the form
~kic = (δH , 0.5, δL ) (see also Section 6.5.1 and [187]). With the incommensurability
along ~a* and ~c* the little group of the magnetic structure changes to G~kic = {1, c}.
It contains two one-dimensional irreducible representations Γ1,2 . The character
table and the corresponding symmetry conditions for the magnetic moments are
Table 6.1: Symmetry elements of the
monoclinic space group P 2/c (no. 13)
with the unit axis ~b [220].
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Element

Symmetry operation

1

x, y, z

2

0, y, 1/4

x̄, y, z̄ + 1/2

1̄

0, 0, 0

x̄, ȳ, z̄

c

x, 0, z

x, ȳ, z + 1/2
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Γ1

1

2

1̄

c

1 0

1 0

0 1

0 1

0 1

0 -1

1 0 -1 0

1

c

x, y, z

x̄, ȳ, z̄

u, v, w

x, y, z

x, ȳ, z + 1/2

Γ1

1

a

u, v, w

a · (u, v̄, w)

Γ2

1 -a

u, v, w

a · (ū, v, w̄)

p, q, r

Table 6.2: Character table
and symmetry conditions of
the little Group G~kc = P 2/c,
~kc = (0.5, 0.5, 0.5).

Table 6.3: Character table and symmetry
conditions of the little Group G~kic = P c,
~kic = (δH , 0.5, δL ) with a = e−2πi·δL ·rz .

given in Table 6.3. In the case of the incommensurate propagation vector, ~kic and
−~kic are not equivalent and the star of ~kic contains two vectors. Since the c glide
plane connects the two Fe sites in the unit cell and since c belongs to G~kic , both
sites thus belong to one orbit and can be described by three parameters u, v, w, cf.
Table 6.3.

6.4. Structure determination of the zero-field
phase
The magnetic structure of the zero field magnetic phase of NaFe(WO4 )2 was
investigated at the single-crystal four-circle diffractometer D10 at the ILL. Two
single crystals of similar size (13 × 8 × 2 mm3 and 6 × 7 × 2 mm3 ) were used
for the experiment. The D10 diffractometer was equipped with a 80 × 80 mm2
microstrip area detector and was used with two wavelengths 1.26 Å and 2.36 Å.
Magnetic Bragg reflections were recorded at 1.75 K and structural Bragg reflections
were recorded at 12 K, well above the magnetic phase transition. The magnetic
propagation vector ~kic = (0.485, 0.5, 0.48) of NaFe(WO4 )2 is incommensurate
(see Sections 6.5.1 and 6.2.2). The resolution of the chosen neutron wavelength
did not allow to measure the magnetic satellites separately as the values of the
incommensurabilities are close to the commensurate vector ~kc = (0.5, 0.5, 0.5)
and the reflections overlap. The collection of magnetic peaks has been done by
long scans at the positions in Q-space generated by the commensurate propagation vector. The refinement was done in the space group P 2/c with the lattice
parameters given in Figure 6.1 and was done using FullProf [81]. The datasets
from both single crystals yield quantitatively the same results and we will present
only the results from one dataset. The single crystal sample was the same as the
one used for the neutron diffraction experiment discussed in Section 6.2.
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Crystal structure
Structural reflections were recorded at 12 K in the paramagnetic phase. At a
neutron wavelength of 1.26 Å, a total of 766 reflections were collected. For the refinement 367 independent nuclear reflections were used. The internal and weighted
R-values are 1.64 and 1.83, respectively. The results of the refinement of the
structural parameters are given in Table 6.4. Isotropic temperature factors and
anisotropic extinction correction (model 4 in FullProf ) were used for the refinement.
The values for the atomic positions correspond very nicely to the results obtained
from powder data [211] and the anisotropic extinction parameters well describe
the plate like shape of the crystal. One can estimate the necessity of an absorption
correction for cylindrical shaped crystals by calculating the product of the linear
attenuation factor of the scattered sample with the radius of the sample. In the
case of NaFe(WO4 )2 , the attenuation factor is µ = 0.194 cm−1 and the average
diameter of the sample is approximately 0.5 cm. For products well below a value of
1, a correction for absorption is not necessary, which is the case for our sample [223].
The structural dataset can also be used to verify the occupation of the different
atomic sites. It was mentioned before that the mechanism of the magnetic coupling
along the extended a-axis is still matter of question. One possible explanation could
be stacking faults of Na+ and Fe3+ which would decrease the distance along this
axis. The coherent neutron scattering length of sodium and iron are bN a = 3.63 fm
and bF e = 9.45 fm which makes a differentiation of both elements possible. The
refinement with FullProf yields a deviation of only 1 to 2 % per site. The layered
structure is thus well ordered and an influence of stacking faults on the magnetic
structure can be a-priori excluded.

Magnetic structure
Magnetic Bragg reflections were recorded at 2 K in the ordered phase. At a neutron
wavelength of 1.26 Å, a total of 423 reflections were collected. For the refinement
411 independent magnetic reflections were used. As mentioned before, the incommensurate satellites could not be measured independently. The resolution at the
given wavelength was not high enough to separate the two satellites corresponding
to ~kic,1 = (0.485, 0.5, 0.48) and ~kic,2 = (−0.485, 0.5, −0.48). Instead we used
the commensurate propagation vector to measure the magnetic reflections and
integrated over both peaks. The refinement program FullProf allows to treat
the list of measured intensities in a way that the contribution of two neighboring
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Table 6.4.: Structural parameters of NaFe(WO4 )2 at 12 K. The data was recorded at
the diffractometer D10 and the refinement was done using FullProf [81].
2

x

y

z

Uiso (Å )

Fe

0.0

0.67074(19)

0.25

0.04(2)

Na

0.5

0.6971(6)

0.25

0.35(5)

W

0.23704(14) 0.1831(2)

0.2572(3)

0.12(3)

O1

0.35385(12) 0.3813(3)

0.3816(3)

0.25(3)

O2

0.10888(13) 0.6226(3)

0.5923(3)

0.22(2)

O3

0.33177(13) 0.0897(2)

0.9533(3)

0.22(3)

O4

0.12606(13) 0.1215(3)

0.5757(3)

0.17(2)

RF 2 = 3.70, RwF 2 = 3.55, RF = 2.87, χ2 (I) = 4.13

magnetic satellites is summed up in clusters and the incommensurate propagation
vector could be used for the refinement.
Different models were used to describe the data. In a first step, a general symmetry
of P 1 was assumed with two independent Fe sites in the crystallographic unit
cell. The two sites were described by identical Fourier coefficients and a phase
shift φ~k,c between those two moments. This condition is necessary since both
sites are still connected by symmetry (cf. Table 6.3) which requires an equal
distribution of the magnetic moment. A comparison of the refinements using
different models is given in Table 6.5. Analysis of neutron powder data yielded a
model with a commensurate propagation vector and moments aligned antiparallel
along ~a [211]. This model, however, is not compatible with the single crystal data
from the D10 diffractometer. The fit can be improved by allowing the spins to
align in the ac-plane. Another minor improvement can be achieved when we allow
an additional component along the monoclinic axis. This result agrees with the
analysis of the magnetic susceptibility. As discussed in Section 6.2.1, we expect
an ordered magnetic moment in the ac-plane with a small additional component
along the monoclinic axis.
The fit results are similar for a collinear spin density wave (SDW) and a spin spiral
rotating in the ~eac -~b plane. The vector ~eac denotes the direction of the easy axis in
the ac-plane. Spin spirals with a different rotation axis are not compatible with
the data. We now take into account the symmetry analysis for the case of an
incommensurate propagation vector ~kic,1 = (0.485, 0.5, 0.48), cf. Table 6.3. Both
Fe sites are connected by a glide plane c along the monoclinic axis and have a
phase difference of φ~k = 2π × 0.24. The refinement gives the best result for the case
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Table 6.5.: Residual values for the refinements of the magnetic reflections of NaFe(WO4 )2
taken at 2 K on D10 using different models.

COM a SDW a SDW ac SDW abc Spiral ~eac -~b (1) Spiral ~eac -~b (2)
RF 2

47.8

47.9

15.0

14.9

15.1

11.7

RwF 2

51.8

51.8

16.0

15.6

15.5

13.3

RF

29.2

29.2

9.1

9.1

9.0

7.1

239.0

240.0

22.7

22.1

21.6

9.9

χ2 (I)

of an elliptical spin spiral with moments rotating in the ~eac -~b plane. This model
is compatible with either of the two irreducible representations Γ1 and Γ2 and
the fit results do not allow to distinguish between them. A combination of both
representation does not improve the fit and it can be stated that one representation
is sufficient to describe the zero-field magnetic structure in NaFe(WO4 )2 . The
difference of the two spiral models, ~eac -~b (1) and ~eac -~b (2), is the rotation of the
two moments in the crystallographic unit cell relative to each other. In the model
’Spiral ~eac -~b (1)’, which is the combination of both irreducible representations,
the moments rotate along the same direction, whereas using only one irreducible
representation, the moments rotate in the opposite direction (model ’Spiral ~eac -~b
(2)’).
The lengths
p of the major and the minor principal axis of the elliptical spiral are
Mmax = (Mx2 + M z 2 ) = 4.88 µB and Mmin = My = 1.09 µB , with a ratio of
Mmin /Mmax = 0.22. The angle between the major principal axis and the a-axis is
47.8°. A model of the magnetic structure is shown in Figure 6.8. Given the strong
deformation of the ellipse, the magnetic moments cannot order at every position
in the lattice, similar to the case of a spin-density-wave. After integration over the
ellipse, we get an average oriented moment of about 3.5 µB which is less than 60 %
of the moment of Fe3+ . The model described by FullProf only accounts for the
harmonic incommensurate spin spiral. The anharmonic perturbations (’squaring
up’) and the coexisting commensurate phase (cf. Section 6.2.1) are not taken into
account and lower the ordered magnetic moment.
The incommensurate spin spiral of this model breaks the inversion symmetry of the
crystal which opens the possibility for a magnetoelectric effect and a ferroelectric
polarization in this phase [6]. In Section 6.1.2, we discussed the dielectric experiments that have been performed on NaFe(WO4 )2 [213]. In the zero field phase no
pyro-electric current was detected and the material is thus not ferroelectric. The
~ ij × (S
~i × S
~j ) is nonzero in the proposed
inverse Dzyaloshinskii-Moriya effect D
magnetic structure but it does not lead to a net electric polarization. The two
magnetic moments in the crystallographic unit cell rotate in the opposite direction,
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Figure 6.8.: Magnetic structure of NaFe(WO4 )2 at 2 K as determined by single crystal
diffraction on D10: (a) Crystallographic unit cell with magnetic moments and oxygen
ions and (b) evolution of the spiral along ~c. The ellipses show the rotation plane of the
magnetic moments with the principal axes ~eac and ~b.

relative to each other, and thus the effect cancels out as the cross product of
neighboring spins switches sign during one period of the spiral [197, 224]. A similar
situation was discussed for the AF3 phase in MnWO4 where two opposing spirals
prohibit a ferroelectric polarization [225].
In Figure 6.9, we compare our determined magnetic model with the one proposed
on the basis of neutron powder diffraction data [211]. The program FullProf was
used to simulate neutron diffractograms for nuclear and magnetic scattering at a
wavelength of 2.4 Å. For the calculation of the magnetic scattering, two different
models were taken into account. To simulate the powder data from the literature, a collinear magnetic structure with moments along ~a and a commensurate
propagation vector of ~kc = (0.5, 0.5, 0.5) was used. For the ’Spiral ~eac -~b’ curve,
the incommensurate spin spiral model determined in this section was used. The
resolution was adapted to the neutron powder data from the literature. The small
incommensurability is difficult to be resolved within the given resolution from
powder diffraction. The different orientation of the moments in both models only
results in minor changes in the diffractograms which can easily be overseen or
misinterpreted. Nyam-Ochir et al. mention that an additional component along
~c also described the data well but did not improve the fit. In NaFe(WO4 )2 , the
lattice parameters are a = 9.88 Å, b = 5.72 Å, c = 4.94 Å and β = 90.33(4)° [214].
The distance along ~a and ~c are connected by almost a factor of two and it is difficult
to distinguish them in a powder experiment. We argue that both datasets, from
powder and single crystal diffraction, can be described by the model determined
in this section.
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Figure 6.9.: Calculated neutron powder diffractograms for nuclear and magnetic scattering at a wavelength of 2.4 Å using FullProf. The brown line corresponds to the model
proposed by Nyam et al. and the blue line corresponds to single crystal model found in
this work [211]. The subtraction of both curves is shown below in red.

6.5. Neutron diffraction of high-field phases
6.5.1. Magnetic field dependence of the propagation
vector
The influence of magnetic fields applied along the monoclinic axis ~b on the magnetic
structure of NaFe(WO4 )2 was investigated by neutron diffraction in the diploma
thesis [187]. The experiment was performed at the four-circle diffractometer 6T2
at the LLB in Saclay, France. The same single crystal was used for the experiment
as for experiments previously described. We will briefly summarize the results in
this section.
Figure 6.10(a) shows the intensity map of rocking scans along the magnetic
~ = ( 0.5, −0.5, −0.5) for magnetic fields applied along the
Bragg peak position Q
monoclinic axis ~b. The intensity is logarithmically color coded. The application of
the magnetic field along the monoclinic axis strongly affects the incommensurate
splitting of the satellites. At a magnetic field of about 1.2 T, the satellites merge
into one commensurate peak. The field was first increased to a maximum field of
5 T and then decreased to zero field at constant temperature. In decreasing fields,
only a modulation of the intensity is visible and the scattered intensity remains
at the commensurate position. Gaussian functions have been fitted to the data
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Figure 6.10.: Magnetic field dependence of the magnetic structure in NaFe(WO4 )2 at
6T2. (a) Intensity mapping of rocking scans along the magnetic Bragg peak position
~ = (0.5, −0.5, −0.5) in magnetic fields applied along ~b at 1.6 K. (b) Corresponding
Q
Bragg peak intensities of incommensurate (IC1 and IC2) and commensurate (COM)
reflections fitted by Gaussian functions. Lines between points are a guide to the eye.
Data taken from [187].

and resulting amplitudes are shown in Figure 6.10(b). The first transition at 1.2 T
perfectly matches the phase transition observed in the magnetostriction data (cf.
Figure 6.4(b)). The system undergoes a phase transition from a paramagnetic
towards an incommensurate magnetic structure with a propagation vector of
~kic = (δH , 0.5, δL ) at low temperatures. When the magnetic field is decreased again,
the system stays in the commensurate magnetic phase and only a modulation of the
scattered intensity of the Bragg peaks is visible. We can thus assign three different
magnetic phases as low-field incommensurate (LF-IC), high-field commensurate
(HF-C) and low-field commensurate (LF-C).

6.5.2. Commensurate magnetic structures
The results from the zero field diffraction data will help to analyze the data
collected in the high field magnetic phase of NaFe(WO4 )2 . In Section 6.5.1. we
summarized the results of the experiment at the 6T2 diffractometer. In addition
to the temperature and magnetic field dependence of the propagation vector, 36
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Table 6.6.: Comparison of magnetic structures in NaFe(WO4 )2 in magnetic fields
applied parallel ~b. The orientation of the moments in the crystallographic unit cells
are given and the corresponding propagation vectors are ~kc = (0.5, 0.5, 0.5) (C) and
k~ic = (0.485, 0.5, 0.48) (IC). The models were determined from experiments at D10 and
~ AF for site 1 and the symmetry
6T2 using FullProf. We list the Fourier coefficients M
−2πi·k
·r
z
z
relation for site 2, with a = e
. The induced ferromagnetic magnetization,
MF E (B), is deduced from SQUID data (Fig. 6.3(c)).

B||b (T) MF M (B) (µB )

Phase

~ AF (µB )
M

Symmetry

∠(~eac , ~a) (°)

0

0

LF-IC

( 3.3,-i·1.1, 3.6) a · (u, v̄, w)

47.7

5

1.28

HF-C

( 2.5, 0.8, 2.1)

(ū, v̄, w̄)

39.7

3

0.75

HF-C

( 3.0, 0.8, 3.0)

(ū, v̄, w̄)

44.8

2

0.50

HF-C

( 3.0, 0.5, 3.3)

(ū, v̄, w̄)

48.1

1

0.25

LF-C

( 2.7, 1.5, 3.3)

(u, v̄, w)

50.4

0

0

LF-C

( 2.5, 2.1, 3.1)

(u, v̄, w)

50.7

magnetic reflections were collected at 1.6 K in 0 T, 5 T and again 0 T. The instrument was equipped with a cryomagnet which cannot be used in combination with
the Eulerian cradle. One was thus restricted to a two-dimensional scattering plane.
The installed lifting counter geometry made it nevertheless possible to move the
detector up to 30° perpendicular out of the scattering plane in order to increase the
~ space. The small number of reflections and the absence of reflections
accessible Q
along the ~b lowers the completeness and of the data. A precise refinement of the
magnetic structure is not possible but the data gives significant information about
the orientation of the moments in the different magnetic phases.
The 6T2 zero field data confirms the model for the magnetic structure determined
from the D10 data in the LF-IC phase. As a result, we get the same incommensurate spin spiral with main axes along ~eac and ~b. The ratio between the components
along ~c and ~a is Mz /Mx ≈ 1.1 which corresponds to an angle of 47.7° to the a-axis.
A model of the magnetic structure is shown in Figure 6.8(a).
Figure 6.11(a) shows a model of the magnetic structure determined from the 6T2
data in a magnetic field of 5 T applied along the monoclinic axis. The figure
shows the addition of the commensurate antiferromagnetic phase and the induced
ferromagnetic moment along ~b (see also Table 6.6). The propagation vector of the
HF-C phase changes to a commensurate ~kc = (0.5, 0.5, 0.5). The moments in the
crystallographic cell are collinear antiferromagnetically ordered with components
along all three axis: Mx = 2.54(10) µB , My = 0.84(14) µB and Mz = 2.12(10) µB
yielding a total ordered moment of M = 3.4 µB . This model only describes the
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Figure 6.11.: Magnetic structures of NaFe(WO4 )2 at 1.6 K as determined by single crystal diffraction on 6T2 with magnetic fields applied along ~b: (a) High-field commensurate
phase at 5 T and (b) low-field commensurate phase zero field. The induced ferromagnetic
magnetization was not taken into account.

moments ordered according to the commensurate propagation vector. We can
deduce from the magnetization at 2 K (cf. Fig. 6.3(c)) that fields applied along ~b
induce an additional ferromagnetic moment of about MF M = 1.3 µB . This induced
moment leads to an increase of intensity at the nuclear Bragg peak positions. The
ratio between the components along ~c and ~a is Mz /Mx ≈ 0.8 which corresponds
to an angle of 39.7° to the a-axis. This value is significantly smaller than in the
incommensurate zero field phase.
Finally, Figure 6.11(b) shows the model of the magnetic structure determined with
the zero field data, directly after decreasing the field from 5 to 0 T at a constant
temperature of 1.6 K. The propagation vector in the LF-C phase is the same as in
the high field phase, ~kc = (0.5, 0.5, 0.5). The best fit was achieved with canted
moments in the crystallographic unit cell with components along all three axis:
Mx = 2.5(3) µB , My = 2.1(2) µB and Mz = 3.1(4) µB yielding a total ordered
moment of M = 4.5 µB . The ratio between the components along ~c and ~a is
Mz /Mx ≈ 1.2 which corresponds to an angle of 50.7° to the a-axis. This value is
similar to the one in the high field phase. The transition from the HF-C to the
LF-C phase is visible in a modulation of scattered intensity (Fig. 6.10(a)) and as a
spin-flop transition in the magnetization data (cf. Fig. 6.3(d)). A comparison of the
models in the incommensurate low field phase (IC-LF), commensurate high field
phase (C-HF) and the commensurate low field phase (C-LF) is given in Table 6.6.
The analysis of the crystallographic space group combined with the commensurate
propagation vector of the magnetic structure yield a little group of G~k = {1, 2, 1̄, c},
cf. Table 6.2). To determine the magnetic space group of the two distinct magnetic
structures we now have to take into account the orientation of the moments and
their transformation under different symmetry operations. In a classical description,
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magnetic moments are represented by axial vectors (or pseudo-vectors). These
vectors transform like polar vectors under proper rotations, but change sign under
improper symmetry operation such as inversion and mirrors [222]. In the case of
the collinear moments in the HF-C phase, we determine a loss of the glide plane c
and the two-fold rotation which is due to the canting with respect to the monoclinic
plane. The inversion has to be combined with the time reversal operator 10 which
switches the sign of the moment. This leaves us with a magnetic space group of
P 1̄0 for the HF-C phase. From the magnetic symmetry one can also derive the
compatibility of the system with magnetoelectric invariants, following the Neumann
principle [226]. The corresponding magnetic point group 1̄0 does not allow a linear
magnetoelectric effect (only the quadratic term EHH is allowed) [31, 227].
Similarly we determined the magnetic space group for the LF-C phase as P c0 .
Here, the relative canting of the two moments in the unit cell destroys the two-fold
rotation and the inversion symmetry. The corresponding magnetic point group m
allows the linear magnetoelectric effect EH [31, 227].
In all three magnetic structures, the centrosymmetry of the crystallographic space
group P 2/c is broken which opens the possibility of a ferroelectric polarization [228].
We already discussed the absence of such a polarization induced by the DM effect in
the LF-IC phase. In the HF-C phase, all magnetic moments are (anti-)parallel and
the DM mechanism would again not lead to a polarization. The case is different
for the LF-C phase where the moments in the unit cell are canted. Applying
Equation 2.6 to the spin chain along ~c leads to a net ferroelectric polarization
along the monoclinic axis. The pyrocurrent was measured along ~b in the LF-C
phase but no evidence for a ferroelectric polarization was found.

6.6. Conclusion
The double tungstate NaFe(WO4 )2 is isostructural to the well studied spiral multiferroic MnWO4 . The magnetic phase diagram of NaFe(WO4 )2 was investigated
intensively using elastic neutron scattering in the zero-field phase and in the high
field phases in magnetic fields applied along the monoclinic axis ~b. An analysis of
the different magnetic structures together with the study of the complex temperature and magnetic field dependence of the propagation vector helped to explain
the magnetic phase diagram.
At zero field, it could be demonstrated that the Fe magnetic moments order directly
in a spin spiral with a incommensurate propagation vector k~ic = (0.485, 0.5, 0.48)
at 3.9 K. The spiral is elliptically distorted with the major axis of the spiral along
~eac and the minor axis along ~b. The incommensurability decreases with temperature
and freezes in at a temperature of 2.0 K. Upon heating, the incommensurability
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shows a hysteresis-behaviour, which could be related to an anharmonic distortion
of the spiral. The hysteresis effect of the propagation vector allows to explain
features visible in thermal expansion data, which do not show the transition but
the change of incommensurability [213].
The direct transition into the spiral state is in contrast to other systems such
as MnWO4 and TbMnO3 , where the spiral phase follows a sinusoidal modulated
phase [11, 175]. The spiral transition can be described by a single irreducible
representation, which explains the absence of an electric polarization in this phase.
Spin spirals of opponent rotation direction are equally present in the system and
cancel out the effect of the DM mechanism. In MnWO4 , the spiral state is described
by two representations, which allow the rotation direction to be along the same
direction, inducing a finite electric polarization.
In magnetic fields applied along ~b, the magnetic structure becomes commensurate
with a propagation vector of k~c = (0.5, 0.5, 0.5). The collinear ordered magnetic
moment develops components within the monoclinic plane, as well as perpendicular
to it. When the field is decreased again, at a constant temperature, the magnetic
order shows a spin-flop. The propagation vector remains commensurate but the
magnetic moments in the unit cell are canted relative to each other. This phase is
similar to the commensurate ground state of MnWO4 [175].
From the magnetic phase diagram, we can assume that the magnetic ground
state of NaFe(WO4 )2 is the commensurate low-field phase [229]. Upon cooling,
the system first orders incommensurately and subsequently remains in this local
minimum, due to a loss of thermal energy. Magnetic fields applied along ~b lead to
a transition into the commensurate state.
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7

Ni0.42Mn0.58TiO3, a
magnetoelectric spin glass

The discovery of spin-induced ferroelectricity and giant magnetoelectric effects in magnetically frustrated
aM=MM5.09MÅ
bM=MM5.09MÅ
transition-metal oxides attracted much interest due to Ni0.42Ti0.58- TiO3
hexagonal,MR3M(148)
cM=14.02MÅ
their exciting physical mechanism and their potential
γM=M120°
kMn=(0,M0,M0)
applications [5]. In most materials studied, the magne- kNiMM=(0,M0,M0.5)
toelectric properties are coupled with the spin chirality
spinMglass
spinMglass
PM
Min-plane
Mperp.
via the inverse Dzyaloshinskii-Moriya interaction [15,43].
Generally, the effect is studied in systems that exhibit
T(K)
9.5
6.0
long-range magnetic order. However, very recently Yamaguchi et al. showed that long-range order actually Figure 7.1.: Crystal parameters
is not needed [18]. They find a finite magnetoelectric and magnetic phase transitions in
effect in a material with only short-range ordering.
Ni0.42 Mn0.58 TiO3 [230, 231].
The Nix Mn1−x TiO3 -system develops a spin-glass (SG)
phase at low temperatures for Ni concentrations between x = 0.4 and 0.5. An electric polarization could be induced in this phase
by crossed magnetic and electric fields [18]. This off-diagonal linear magnetoelectric effect was explained by an induced ferrotoroidal order in the short-range
order [18, 232].
In this chapter, the study of the spin glass system Ni0.42 Mn0.58 TiO3 using unpolarized and polarized neutron scattering methods is presented. The ordering in the
frustrated spin-glass phase and the behavior of the short-range order in applied
magnetic and electric fields will be discussed. Finally, the magnetic excitations in
the spin-glass phase were measured and compared to simulation using linear spin
wave theory.
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Figure 7.2: Ilmenite-type crystal structure of the M TiO3 series, with M 2+ being a transition
metal ion. M 2+ and Ti4+ ions
are in an octahedral environment
and form sheets in the hexagonal plane which are alternately
stacked along ~c. Each metal ion
is surrounded by six oxygen ions.

7.1. Introduction
7.1.1. The Nix Mn1-x TiO3 system
Materials of the Nix Mn1−x TiO3 system crystallize in a trigonal centrosymmetric
structure which can be described in the space group R3̄ (no. 148) [230, 231]. The
system is isostructural to ilmenite (FeTiO3 ), such as other M TiO3 systems with
a magnetic transition metal ion M =Mn2+ , Co2+ , Ni2+ and Zn2+ [233, 234, 235].
Throughout this chapter, the trigonal system is described in the hexagonal setting
which is commonly used nowadays. In some publications, the rhombohedral setting
was applieda . The crystal structure is shown in Fig. 7.2. Tetravalent Ti and
divalent M -ions form well defined planes parallel to the hexagonal ab-plane and
and are regularly stacked. Since Ti4+ is non-magnetic, the magnetic layers are
only weakly coupled, forming a 2D honey-comb lattice in the hexagonal ab-plane.
The members of the M TiO3 group show only small deviations in their crystallographic parameters, which makes them suitable for studying compounds with
mixed magnetic moments. These mixed systems are of particular interest when
competing exchange interactions or anisotropies of the end members lead to frustration. This is the case for the Nix Mn1−x TiO3 system [236]. We will first discuss
the end compounds of this series before we focus on the mixed state.

a

The conversion of Miller indices of the rhombohedral setting (h, k, l) to the hexagonal setting
(H, K, L) is: H = h − k, K = k − l and L = h + k + l.
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NiTiO3
The magnetic structure in MnTiO3 and NiTiO3 was investigated in an early
neutron diffraction study by Shirane et al. [233]. In NiTiO3 , the magnetic
moments were found to order in an layered antiferromagnetic structure below
TN ≈ 23.2 K [237, 238]. Ferromagnetic layers in the hexagonal plane are coupled
antiferromagnetically along ~c. The resulting magnetic unit cell is doubled along
~c with a propagation vector of ~kN i = (0, 0, 0.5). The moments are oriented
within the hexagonal plane but the precise direction within the plane could not be
determined [233]. Both, crystal and magnetic structure, have inversion symmetry
1̄ and thus do not allow for a magnetoelectric effect. A high temperature phase of
M TiO3 exists, which is non-centrosymmetric, and which is metastable at room
temperature [239]. Ferro- and magnetoelectric properties in this phase have been
predicted [240] and measured in NiTiO3 [241, 242].
A detailed theoretic study of the magnetic properties in the M TiO3 ilmenites
was published by Goodenough et al. [234]. Looking at the electron occupation
of interacting orbitals, they argue that for Ni2+ the superexchange couplings in
the hexagonal ab-plane are ferromagnetic, which is also the case for systems with
M =Fe2+ and Co2+ . The super-superexchange interaction via the non-magnetic
Ti4+ layer should accordingly be antiferromagnetic and weak relative to the intralayer exchange [234]. The ordered magnetic moment of µef f = 2.25 µB determined
by neutron diffraction at 4.2 K is smaller than the spin-only moment µef f = 2.83 µB
for Ni2+ , with S = 2/2 and a quenched orbital moment [233]. Shirane et al. mention the possibility of incomplete order of Ni and Ti sites that can lead to the
reduction of the ordered moment (also observed by Ohgaki et al. [243]). The cation
disorder in NiTiO3 seems to strongly depend on the crystal quality, because there
are also reports of an complete order [235]. Susceptibility measurements yield
a larger effective magnetic moment of µef f = 3.24 µB indicating a contribution
of a slightly unquenched orbital moment [244]. This could explain the observed
finite single-ion-anisotropy of Ni2+ which overcomes the spin-dipol interaction and
confines the magnetic moments in the hexagonal plane [238].

MnTiO3
In MnTiO3 , the magnetic moments order below TN ≈ 63.6 K and are aligned along
the hexagonal axis ~c [245]. The moments form an antiferromagnetic G-type structure with propagation vector ~kM n = (0, 0, 0) [233]. This can be explained by the
magnetic exchange interactions. The eg orbitals of Mn are single-occupied yielding
an antiferromagnetic coupling along ~c, as it is the case for other ilmenite systems
M TiO3 with M =Ni, Co and Fe. The t2g orbitals in the hexagonal plane are single-
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occupied, which leads to an antiferromagnetic superexchange interaction [234].
This is in contrast to other M TiO3 , where the strongest in-plane exchange is ferromagnetic [234]. The intra-plane interactions
found to be significantly stronger
P wereP
compared to inter-plane interactions ( Jinter / Jintra ≈ 0.035(5)), resulting in
a 2D-like character of the magnetic susceptibility. Furthermore, Akimitsu et al.
report the observation of 2D-like diffuse magnetic scattering above TN and the
investigation of the critical exponents suggests a cross-over effect from 2D to 3D
behaviour above TN [246].
The isolated Mn2+ ion has a spin of S = 5/2 and zero orbital momentum, yielding
µef f = 5.92 µB . No spin-orbit coupling is expected and the weak confinement
of moments along ~c can be explained purely by dipole interaction, which favors
moments to be aligned along the long axis [245]. An ordered magnetic moment of
only µef f = 4.55 µB at about 4 K was determined by neutron diffraction [233, 247].
The origin of the reduced moment is unclear and was attributed to either an
incomplete Mn-Ti order [233] or the existence of di- and trivalent Mn ions [248].
The magnetic space group of MnTiO3 is R3̄0 and allows for the linear magnetoelectric effect, which is in contrast to NiTiO3 [233]. By symmetry, αxx = αyy , αzz ,
and αxy = −αyx of the magnetoelectric tensor are allowed to be non-zero. The
material is thus dielectric at zero-magnetic field but can be polarized in applied
electric and magnetic fields. It was demonstrated by Mufti et al. by measuring
Pel as function of H that the diagonal term αzz of the magnetoelectric tensor in
MnWO4 is finite [249]. The microscopic origin of the ME effect could be explained
by spin-dependent metal-ligand hybridization [250].

Phase diagram of Ni0.42 Mn0.58 TiO3
The end members of the system, MnTiO3 and NiTiO3 , exhibit simple antiferromagnetic structures, which are coupled antiferromagnetically along the hexagonal
c-axis and are not frustrated in the honey-comb lattice. Differences between both
magnetic structures consists of their orthogonal easy magnetization directions and
the sign of the nearest intra-plane exchange interaction. Both should result in a
strong frustration for intermediate concentrations.
Figure 7.3 shows the schematic magnetic phase diagram of Nix Mn1−x TiO3 for
varying temperature and Ni-concentration determined by Ito et al. [230]. At low
Ni-concentrations, the system orders in the magnetic structure of MnTiO3 , denoted
as AF-Mnk . An increase of Ni introduces frustration into the system, visible in a
reduction of TN , and the development of a second phase transition. The in-plane
single-ion-anisotropy of Ni competes with the dipole interaction. As a result, the
direction of moments rotates from the c-axis to the ab-plane. The angle between
the ordered magnetic moment m
~ and the hexagonal plane is strongly dependent
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Figure 7.3.: Schematic diagram of magnetic phases of the Nix Mn1−x TiO3 system,
reproduced from Ref. [230]. The relative spin orientations of the ordered phases AF-Mnk ,
AF-Mn⊥ (both G-type) and AF-Ni (A-type) are illustrated on the right. Black dotted
lines separate the spin glass (SG) phase from the reentrant spin glass regions. The
concentration investigated in this work is indicated by a red dashed line.

on the Ni concentration x and T in this region. In the diagram, this region is
simplified as one area, denoted AF-Mn⊥ . Yoshizawa et al. revealed that this region
is subdivided in at least four different phases [236]. At high Ni-concentrations
x > 0.5, the system orders in the magnetic A-type structure of NiTiO3 (AF-Ni).
This phase is stable almost down to an equal concentration of Ni and Mn. It seems
plausible that due to the stronger anisotropy of Ni moments, the phase is less
perturbed by Mn doping. The three magnetic structures are schematically shown
on the right side of Fig. 7.3.
For an intermediate Ni-concentration between x = 0.4 to 0.5, the absence of longrange magnetic order has been deduced from the lack of an anomaly in specific
heat measurements [230]. These compounds were proposed to exhibit a spin-glass
transition that is visible in a clear splitting of the magnetization curves measured
in magnetic field or in zero-field cooling [230]. Ni and Mn ions are randomly
distributed on the M -sites and their competing intra-plane interaction destroys
the development of a long-range order. In analogy to a glass state of matter, a
frozen state of disordered atoms, the spin glass state describes the freeze-in of
magnetic moments with short-range order only.
The freezing of magnetic moments in the spin glass phase has been furthermore
investigated by neutron diffraction. Kawano et al. find weak intensity at the
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AF-Ni Bragg peak positions arising from quasi-elastic magnetic scattering [231].
The temperature dependencies from the magnetic susceptibility as well as the
magnetic scattering show two anomalies which Kawano et al. interpret as successive
spin glass transitions. They argue that the single-ion-anisotropy of Ni leads to a
separation of in-plane and out-of-plane magnetic components, following the theory
of SG systems with planar anisotropy [251]. Accordingly, they distinguish the
k
transition of the component in the ab-plane, TSG = 9.5(10) K, and the transition
⊥
of the component along ~c, TSG
= 6.0(5) K [231]. In general, such systems with
planar anisotropy are referred to as XY spin glasses [252].
Such a spin glass phase at an intermediate region of concentration has also been
observed for the systems Fex Mn1−x TiO3 [253] and Cox Mn1−x TiO3 [254]. In all
cases, the magnetic frustration is due to the unique position of Mn ions among the
other transition metal ions in the M TiO3 series in terms of exchange interaction
and single-ion-anisotropy [234].

7.1.2. Magnetoelectric effect in the spin-glass phase
The end compounds of the Nix Mn1−x TiO3 system not only differ from each other
in magnetic nearest-neighbor in-plane exchange and anisotropy, but also in their
magnetoelectric properties. While the magnetic structure of MnTiO3 allows for the
linear magnetoelectric effect, it is excluded by symmetry in NiTiO3 . Yamaguchi
et al. investigated the electric polarization P in dependence of applied magnetic
fields for several Ni concentrations in the region of the SG phase [18, 232]. For
concentrations of x = 0.40 and x = 0.42, they find an induced polarization in
crossed magnetic and electric fields. The corresponding magnetoelectric tensor has
non-zero off-diagonal terms αxy = −αyx b . All diagonal terms were found to be
zero, which is in contrast to the case of MnTiO3 [249]. It is thus likely that the
induced electric polarization in Ni0.42 Mn0.58 TiO3 is caused by another effect.
The linear magnetoelectric (ME) effect is allowed only in magnetic insulators in
which time reversal and space inversion symmetry are simultaneously broken. The
ordering of magnetic moments breaks the time reversal symmetry. The space
inversion is an element of the centrosymmetric space group R3̄ and can only be
broken by a specific arrangement of moments. This explains the existence of the
ME effect in MnTiO3 and its absence in NiTiO3 . The linear ME effect is mostly
discussed in terms of ordered magnetic structures and only few reports exist about
such an effect in disordered systems (e.g. Ref. [255]).
In most materials studied, the magnetoelectric properties are coupled with the spin
~i × S
~j via the inverse DM interaction [15,16]. Another multi-spin variable
chirality S
b

The following coordinate system was applied: X k [110], Y k [1̄10], Z k [001].
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that couples directly with magnetoelectric properties is the toroidal moment, which
is given by the cross product between the positions ~ri of the magnetic ions and
~i :
their spins S
~t ∝

X

~i .
~ri × S

(7.1)

i

The sign of the toroidization ~t changes with both, space reversal and time inversion but it is invariant against the simultaneous inversion of both [31, 256]. A
non-vanishing ~t can be achieved by a ring of magnetic moments. In the presence
~ and
of such an order, antisymmetric ME effects are allowed, i.e. P~F E ∝ ~t × H
~ ∝ ~t × E
~ [31, 256]. The field, which directly couples to a ferrotoroidal order, is
M
an inhomogeneous magnetic field with a non-vanishing curl that may align with
the ring of magnetic moments. Such a magnetic field, however, can only exist in
the presence of electric currents. Crossed magnetic and electric fields are also able
to pole the ferrotoroidal moments profiting from the non-diagonal terms in the
magnetoelectric tensor [256].
Yamaguchi et al. use this approach to describe the linear off-diagonal magnetoelectric effect observed in Ni0.42 Mn0.58 TiO3 [18]. They argue that for the case
of zero-field cooling, the spins freeze completely randomly which cancels out the
toroidization. However, by cooling the system under crossed magnetic and electric
fields, the formation of a net toroidization would give rise to a gain in energy.
This renders the system magnetoelectric, even in the lack of long-range magnetic
order [18].
Recently, Chi et al. investigated the Nix Mn1−x TiO3 system with x = 0, 0.33,
0.5 and 0.68 by neutron diffraction and pyroelectric measurements [257]. The
authors find additional elements of the ME tensor for x = 0.33, which are excluded
in MnTiO3 . Chi et al. relate this finding to the rotation of Mn moments. For
increasing Ni concentration, the Mn moments rotate from ~c towards the ab-plane.
While the AF-Mnk -order has 3̄0 symmetry, the rotation axis is lost in AF-Mn⊥ and
the magnetic space group reduces to P 1̄0 [257]. In this space group there are no
restrictions for the ME tensor [227].

7.2. Magnetic properties of the spin-glass phase
The surprising finding of a linear magnetoelectric effect in the spin glass phase
of Nix Mn1−x TiO3 raises the question of the microscopic origin of the effect.
The proposition of a ferrotoroidal spin arrangement induced by crossed magnetic and electric fields by Yamaguchi et al. can be verified by neutron diffrac-
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tion. There are three reports about neutron studies of the spin glass phase in
Ni0.42 Mn0.58 TiO3 [230, 231, 236]. All of them were performed well before the discovery of the ME effect and focus primarily on the temperature dependence of
specific magnetic reflections.
This section will focus on the magnetic properties of Ni0.42 Mn0.58 TiO3 at low
temperatures and in zero-field.

7.2.1. Sample characterization
A large single crystal of Ni0.42 Mn0.58 TiO3 has been grown in a floating-zone furnace
by A. A. Nugroho at the University of Cologne. The constant Ni concentration of
x = 0.42 was verified using energy-dispersive X-ray spectroscopy.
The temperature dependence of the magnetization in the hexagonal plane along
[1, 1, 0] is shown in Fig. 7.4, carried out with a SQUID magnetometer. The curves
were measured upon heating after cooling the sample in a magnetic field (FC),
and in zero-field (ZFC). Both curves show an anomaly at about 10 K, indicating
a magnetic phase transition. This temperature can be assigned to the spin glass
transition of spins in the easy plane. At lower temperatures the curves split up
in a typical manner of spin glass systems: in the absence of a magnetic field, the
moments freeze-in randomly at the spin-glass transition, while during field-cooling,
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Figure 7.4.: (left) Temperature dependence of field-cooled (FC) and zero-field-cooled
(ZFC) magnetic susceptibility of Ni0.42 Mn0.58 TiO3 in a field of 0.5 mT applied parallel
k
⊥ ) to the
to [1, 1, 0]. The spin glass transitions parallel (TSG ) and perpendicular (TSG
easy-plane anisotropy are marked by black arrows. (right) X-ray Laue image of a single
crystal of Ni0.42 Mn0.58 TiO3 with the [1, 1, 0] direction parallel to the beam.
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perpendicular at selected temperatures along the Bragg peak position Q
The amplitude (c) and correlation length (d) determined by fitting of a Lorentzian
function are given on the right.

moments tilt along the direction of the applied magnetic field [218]. The second
transition, where the magnetic components perpendicular to the planar anisotropy
freeze-in, occurs at about 6 K and is visible as a kink in the ZFC magnetization.
The magnetization of the sample perfectly agrees with the one reported in reference [18] and should thus exhibit the same spin glass phase.
The right site of Fig. 7.4 shows an image of nuclear Bragg reflections obtained
with an X-ray Laue camera. The single crystal was aligned with [1, 1, 0] being
parallel to the beam. The image testifies the good sample quality and shows no
defects. The Bragg reflections could be well described using the following crystal
parameters and the space group R3̄: a = b = 5.09 Å, c = 14.02 Å and γ = 120°.

7.2.2. Temperature dependence of magnetic reflections
In order to get an overview of the temperature dependence of magnetic scattering
in Ni0.42 Mn0.58 TiO3 , a single crystal was mounted in [1, 1, 0]/[0, 0, 1] scattering
geometry in a cryostat on the thermal neutron TAS instrument IN3 at the ILL.
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−1

The neutron energy was fixed to E = 14.7 meV (k = 2.66 Å ).
~ =
Figure 7.5(a-b) shows elastic Q-scans at the magnetic Bragg peak position Q
(0, 0, −1.5) of the AF-Ni phase along two directions for several temperatures above
and below the SG transition. From the temperature dependence we can deduce
that the signal is of purely magnetic origin as it vanishes at higher temperatures.
Even at 1.8 K, the scattered intensity is weak in comparison to the scattering from
nuclear Bragg peaks (cf. I(0,0,3) 5 · 104 cts/20sec). The onset of magnetic scattering
at a temperature of TN,N i ≈ 10 K coincides with the kink of magnetization in
Fig. 7.4(a). The increase of intensity is rather strong and the correlation length in
the hexagonal plane and perpendicular to it spans up to 40 Å at 2 K. The AF-Mn
order is thus almost long-ranged in Ni0.42 Mn0.58 TiO3 .
The scattered intensities at nuclear and magnetic Bragg reflections allows to
estimate the ordered magnetic Ni-moment in the AF-Ni phase. The ratio of
structure factors of nuclear and magnetic Bragg peak at both positions is rN i,calc =
I(0,0,3) /I(0,0,1.5) ≈ 1.23. The ratio was calculated assuming the structure factor of
Ni0.42 Mn0.58 TiO3 and a complete ordering of Ni moments with an effective magnetic
moment of µef f = 2.25 µB determined by neutron diffraction [233]. To obtain
a value for the corresponding experimental ratio, one has to take into account
the different linewidth of nuclear and magnetic order. The AF-Ni reflections are
enlarged along [0, 0, L] by a factor of 1.5 in comparison to nuclear reflections. For
simplicity, we assume that this factor is isotropic, i.e. that the correlation of the
Ni-order is isotropic in the crystal. In general on a TAS instrument, the resolution
is relaxed along the vertical direction, and we can neglect the enlargement factor
along this direction. The magnetic intensity has thus to be multiplied with the
square of the enlargement factor, accounting for the enlargement in the scattering
plane. We determine an experimental ratio of nuclear and magnetic intensity as
rN i,exp = I(0,0,3) /I(0,0,1.5) ≈ 20. The intensity of scattered neutrons is proportional
to the square of the structure factor, which itself is proportional to the magnetic
moment of the scattering object:
I ∝ F 2 ∝ µ2ef f .

(7.2)

From this considerations, we can estimate that about 25 % of the Ni-moments in
Ni0.42 Mn0.58 TiO3 contribute to the magnetic scattering at 2 K.
Furthermore, the diffuse nature of magnetic scattering is visible by the broad shape
of the reflections. A Lorentzian function was fitted to the data in order to determine
the intensity and linewidth. Fig. 7.5(c) shows the temperature dependence of
determined peak intensities along both directions. The resulting smooth increase
of scattered intensity perfectly agrees with a previous neutron study at this Bragg
position [231]. The linewidths were used to calculate the correlation length of the
diffuse scattering, which is shown in Fig. 7.5(d). Above the transition, magnetic
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Figure 7.6.: Temperature dependence of neutron scattering at the position of the AFMM order in Ni0.42 Mn0.58 TiO3 at IN3. (a) Intensity mapping of scans along [0, 0, L] at
~ = (−1, 0, 2) in a logarithmic scale. (b) Scattered intensities
the Bragg peak position Q
determined by subtraction of the high temperature curve at 37 K arising from magnetic
order. A Lorentzian function was fitted to the scans to extract the amplitude (c) and
the correlation length (d).

correlations primarily exist in the hexagonal plane, while below the SG transition
the correlations are similar along and perpendicular to the hexagonal plane.
Let us turn to Bragg positions of the AF-Mnk and AF-Mn⊥ structure. The difference of both MnTiO3 -type structures is the orientation of magnetic moments
relative to the hexagonal axis. The precise orientation of moments was investigated
using spherical neutron polarization analysis and will be discussed in Section 7.3.
Both structures have zero propagation vector and the magnetic reflections overlap
with the reflections from the crystal structure [233].
Figure 7.6(a) shows a logarithmic intensity mapping of Q-scans along the Bragg
~ = (−1, 0, 2). The Bragg peak signal is dominated by temperatureposition Q
independent nuclear scattering. The temperature-dependent magnetic scattering is
visible as diffuse scattering around the peak position. In order to study the evolution
of magnetic scattering with temperature, the intensity from the high-temperature
scan at T = 38 K was subtracted from intensities at lower temperatures. Fig. 7.6(b)
shows the resulting curves, which can be well described using a Lorentzian function.
Both temperature dependencies, of the scattered intensity and the correlation
length, differ from the behaviour of the AF-Ni reflection, shown in Figures. 7.6(c-d).
While significant magnetic intensity persists already at 20 K, well above the SG
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transition temperature, the correlation length of the AF-Mnk phase only spans
over a limited range along ~c. The reduced correlation length of Mn moments may
arise due to the perturbation by the single-ion-anisotropy of Ni moments which
rotates the orientation of Mn moments from ~c into the ab-plane.
Again, it is possible to estimate the ordered magnetic moment by a comparison
of experimental and calculated intensities. For this, we assume a complete ordering of Mn moments in Ni0.42 Mn0.58 TiO3 with an effective magnetic moment of
µef f = 4.55 µB determined by neutron diffraction [233]. The AF-Mn-type reflections are significantly broadened, resulting in an enlargement factor of 9.2 relative
to a nuclear reflection in the scattering plane. By applying Eq. 7.2 and the same
assumptions as described before, we can estimate a contribution of about 25 % of
Mn-moments to the broad scattering at the AF-Mnk positions.
The presented data allow the conclusion that frozen fluctuations of both magnetic
structures, MnTiO3 -type AF-Mnk and NiTiO3 -type AF-Ni, coexist in the spin-glass
phase of Ni0.42 Mn0.58 TiO3 . The magnetic reflections could be well described with a
Lorentzian function suggesting a cluster glass type ordering of moments. While the
AF-Ni-reflections are sharp, indicating an almost long-range order of Ni moments,
the Mn-reflections are significantly broadened, indicating a short-range order of
AF-Mn-type order. The simple comparison of nuclear and magnetic intensities
yield a equal contribution of about 25 % of Ni and Mn moments to the magnetic
intensities.

7.2.3. Q-dependence of magnetic reflections
A different experimental setup was used in order to investigate the Q-dependence
of magnetic scattering in the spin-glass phase of Ni0.42 Mn0.58 TiO3 . A large single
crystal (30 × 6 × 6 mm3 ) was mounted in [1, 0, 0]/[0, 0, 1] scattering geometry in
a cryostat on the thermal neutron TAS instrument IN8 at the ILL. The incident
neutrons were selected using the (1, 1, 1) Bragg reflection of a silicon monochromator. Instead of a single-detector, the multi-detector F latCone was installed, which
covers a wide scattering angle [84]. The neutron energy was set to E = 18.6 meV
−1
(k = 3.0 Å ).
The instrumental procedure with the FlatCone analyzer persist of a rotation of
~ ω))
the sample at a constant energy transfer. Such a scan creates a surface in (Q,
space which is defined by the vectors spanning the scattering plane. At zero energy
transfer one obtains an intensity map of elastic nuclear and magnetic scattering.
For a better comparison with the comprehensive experimental data, we calculated
the structure factors in Ni0.42 Mn0.58 TiO3 arising from the nuclear structure, and
the magnetic phases AF-Mnk , AF-Mn⊥ and AF-Ni. The magnetic intensities were
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Figure 7.7.: Calculated intensities neutron scattering in Ni0.42 Mn0.58 TiO3 in several
scattering planes. The structure factor was calculated for the nuclear structure (nuc)
and the magnetic phases AF-Mnk , AF-Mn⊥ and AF-Ni. The reflection condition for
the nuclear R3̄ structure is −h + k + l = 3n. The size of the dots corresponds to the
logarithmic value of the structure factor within one scattering map. A different intensity
scale was used for each map.
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calculated assuming a equal distribution of antiferromagnetic domains. The logarithmic peak intensities are shown in Figure 7.7 for the scattering planes [H, 0, L],
[H, K, 0], [H, K, 1] and [H, K, 2]. Nuclear Bragg reflections obey the reflection
~ nuc = (h, k, l) with −h + k + l = 3n [220].
condition for the space group R3̄: Q
This condition is modified for the different magnetic structure structures. In
the AF-Mnk -phase, the moments are parallel ~c and scattering at Bragg positions
~ = (0, 0, L) is excluded due to the condition for magnetic scattering. In addition,
Q
~ = (H, K, 0) for the G-type magnetic
the structure factors sums up to zero at Q
structures AF-Mnk and AF-Mn⊥ . Magnetic scattering of the AF-Ni-phase is only
visible at half-integer L, due to the finite propagation vector of the structure along
the c-axis.
Figures 7.8(a-b) show the intensity mapping of neutron scattering in the [H, 0, L]
plane at 30 K and below the spin-glass transition at 2 K. The experimental data
(black frame) was symmetrized by a two-fold rotation. The same logarithmic scale
was used for both maps. Nuclear reflections are found at the expected positions
and the extinction rules are preserved, indicating a monodomain crystal structure.
Remarkable is the enhanced intensity along the hexagonal axis ~c at integer h. The
diffuse scattering along ~c has also been reported for Nix Mn1−x TiO3 with x = 0
and 0.33, in a diffuse neutron scattering study [257]. They may arise due to partial
disorder of M 2+ and T i4+ , resulting in stacking faults [233]. Another remarkable
~ = (±1.5, 0, ±3),
observation is the existence of super-structure reflections at Q
which could indicate an ordering of Mn and Ni ions. These super-structure reflections have also been found in X-ray diffraction at half-integer h [258].
The difference in the scattering maps at both temperatures can be attributed
to magnetic scattering from the spin-glass phase. The subtraction I2K − I30K is
shown in Fig. 7.8(c) in a linear color scale. Magnetic reflections are visible at
the positions of the nuclear reflections, arising from the AF-Mnk order, and at
positions indicated by the propagation vector ~k = (0, 0, 0.5), arising from the
AF-Ni order. Dashed lines indicate cuts through the 2D-data along [H, 0, H] and
[0, 0, L] which are shown in Fig. 7.8(d).
The sample was reorientated in order to access the scattering in the hexagonal
ab-plane. Figures 7.9(a-b) show the intensity mapping of neutron scattering in this
plane at 30 K and 2 K. The experimental data (black frame) was symmetrized by
a two-fold rotation and the same logarithmic scale was used for both maps. Strong
nuclear reflections are visible at positions corresponding to the R3̄ space group.
The cut along the hexagonal plane at both investigated temperatures reveals an
odd shape of nuclear reflections, that was not visible in the [H, 0, L] diffraction
maps. The intensity at the Bragg position is accompanied by smaller reflections at
a larger scattering angle. From the experiment, we can deduce two informations
for the nuclear satellites: their intensity does not change with temperature and
they are only visible in the hexagonal plane. An ordering of Mn and Ni ions
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Figure 7.8.: Intensity mapping of neutron scattering in the [H, 0, L] plane in
Ni0.42 Mn0.58 TiO3 at IN8. (a) and (b) show scattering maps at 30 K and 2 K in a
logarithmic scale. The black curve highlights the measured data, the other half was symmetrized. (c) Subtraction of the high temperature data to show the magnetic scattering
in a linear scale. Dashed lines indicate the directions of line cuts shown in (d).

in the hexagonal plane may lead to these features. Further investigations are
necessary to determine the origin of this nuclear satellites. Due to the weakness of
these anomalies and their nuclear nature, we will exclude them from the following
analysis of the magnetic scattering.
The subtraction of both intensity maps reveals the contribution of magnetic scattering in Fig. 7.9(c). Cuts along different directions are indicated as dashed lines
and are shown in Fig. 7.9(d). Weak scattering is present at the Bragg positions
of the nuclear structure, even though one would not expect magnetic scattering
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Figure 7.9.: Intensity mapping of neutron scattering in the [H, K, 0] plane in
Ni0.42 Mn0.58 TiO3 at IN8. (a) and (b) show scattering maps at 30 K and 2 K in a
logarithmic scale. The black curve highlights the measured data, the other half was symmetrized. (c) Subtraction of the high temperature data to show the magnetic scattering
in a linear scale. Dashed lines indicate the directions of line cuts shown in (d).

in the [H, K, 0] plane. Scattering from the AF-Ni phase is not visible due to the
finite length of the propagation vector along ~c. And the G-type orientation of
moments in the AF-Mnk structure leads to a cancellation of the magnetic structure
factor for any Bragg position with L = 0. The presence of scattering at this positions is likely due to disorder along ~c, which breaks the symmetry of the structure.
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Figure 7.10: Sketch of the scattering geometry of
Nix Mn1−x TiO3 for neutron polarization analysis. The discshaped sample is placed between aluminum plates along
[1, 1, 0]. An electric field can be applied along this direction.
The sample is aligned in a way that [1, 0, 0] and [0, 0, 1] span
the horizontal scattering plane, with [1̄, 2, 0] being vertical
at all times. The hexagonal ab-plane, indicated as light
gray plane, is perpendicular to the scattering plane.

7.3. Polarized neutron diffraction

Further insight into the alignment of the magnetic moments of Ni and Mn in the
spin-glass phase of Ni0.42 Mn0.58 TiO3 can be gained by looking at the polarization
dependence of scattered intensity. Spherical neutron polarization analysis is a
powerful tool, which is perfectly suited to determine the orientation of magnetic
moments in a crystal [102].
A single crystal of Ni0.42 Mn0.58 TiO3 was mounted in a cryostat at the cold neutron
TAS instrument IN14 at the ILL. The instrument was equipped with the CryopadIII, a zero-field polarimeter which enables to independently choose the orientation
of incident and scattered neutron spin [109]. The flat shaped crystal (d = 2.5 mm)
was held between two aluminum plates in order to apply a homogeneous electric
field along the [1, 1, 0] direction. Throughout the experiment, we worked worked
−1
with a fixed neutron energy of E = 4.0 meV (k = 1.55 Å ) and a beryllium filter
on ~kf to suppress scattering from higher orders. The neutron beam was polarized
by a supermirror bender and analyzed using the (1, 1, 1) reflection of a Heusler
monochromator. The flipping ratio on a magnetic Bragg peak was almost 34,
which corresponds to a neutron polarization approx. 94 %.
The geometry of the experiment is schematically shown in Fig. 7.10. The scattering
plane is spanned by the directions [1, 0, 0] and [0, 0, 1] and the direction vertical to
the plane is [1̄, 2, 0] in the hexagonal setting. The polarization directions always
~ z vertical, y k z × x.
fulfill the conditions: x k Q,
The first part of the experiment was done in zero-field, in order to determine the
orientation of the magnetic moments in the frustrated spin-glass phase. The second
part is dedicated to the influence of magnetic and electric fields on the magnetic
structure.

165

7. Ni0.42 Mn0.58 TiO3 , a magnetoelectric spin glass

(a) Q = (0,0,−1.5)
xSF
ySF
zSF

6000

(b) Q = (−1,0,2)

2000

xSF
ySF
zSF

1500
1000
500

Intensity (cts/5sec)

Intensity (cts/5sec)

8000

Intensity (cts/5sec)

10000

4000

2000

0
0

5

10
15
20
Temperature (K)

25

(c) Q = (−1,0,−1)

2000

xSF
ySF
zSF

1500

1000
0

10

20
30
Temperature (K)

40

Figure 7.11.: Polarization analysis of temperature dependent magnetic scattering
in Ni0.42 Mn0.58 TiO3 at IN14. The scattered spin-flip intensity along the polarization
~ AF −N i = (0, 0, −1.5), (b)
axes x, y and z are shown at the Bragg positions (a) Q
~ AF −M n = (−1, 0, 2) and (c) Q
~ AF −M n = (−1, 0, −1). The orientation is chosen so
Q
~
that x is aligned parallel Q, z is parallel [1, 2, 0] and y is perpendicular to x and z.

7.3.1. Temperature dependence and polarization of
ordered magnetic moments
In agreement with the experimental results from the previous section, we find
diffuse magnetic signals at low temperatures at positions corresponding to both
magnetic structures of the mother compounds MnTiO3 (AF-Mnk ) and NiTiO3
(AF-Ni). Figure 7.11(a) shows the temperature dependence of spin-flip cross sections along the polarization directions at a Bragg position of the AF-Ni structure,
~ AF −N i = (0, 0, −1.5). The scattered intensity increases when approaching the
Q
SG-transition at 10 K. The ratio of intensity of the polarization channels along
y and z is constant with temperature. Table 7.1 summarizes the polarization
directions at the investigated Q-positions. The equal distribution of intensity along
y and z allows the assumption that the magnetic moments of the AF-Ni order lay
in between those axis in the hexagonal plane.
The temperature dependence of the polarized intensities at the AF-Mn Bragg
~ = (−1, 0, 2) and Q
~ = (−1, 0, −1) are shown in Fig. 7.11(b-c). At both
positions Q
positions, the scattered intensity increases below 25 K, which has been observed
before in the unpolarized neutron experiment. Unlike the case for the AF-Ni reflection, where the intensity vanishes at higher temperatures, we find strong scattering
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~ x (r.l.u) y (r.l.u)
Q,
¯
(0, 0, 1.5)
(1, 0, 0)

z (r.l.u)

(1̄, 0, 2)

(1̄, 0, 5̄)

(1̄, 2, 0)

(1̄, 0, 1̄)

(1̄, 0, 10)

(1̄, 2, 0)

(1̄, 2, 0)

Table 7.1: Polarization directions in
Ni0.42 Mn0.58 TiO3 for specific Bragg positions at IN14.

even at 40 K. Spin-flip processes are purely magnetic and should thus unambiguously distinguish nuclear from magnetic scattering. Nevertheless, the incomplete
polarization of neutrons leads to a mix of non-spin-flip and spin-flip processes,
defined by the flipping ratio. With the given flipping ratio, 6 % of the neutrons are
polarized in the opposite direction. The finite temperature-independent intensity
at high temperatures can thus completely be attributed to scattering from the
strong nuclear scattering at the same Bragg position.
At both positions, the ratio of scattering along y and z changes with temperature,
indicating a rotation of magnetic moments in the sample. The directions of the
polarization axes, given in Tab. 7.1, allow one to understand the process. At
about 10 K, the scattering is mainly in the ySF channel, which is sensitive to
~ and y. This implies that the moments are oriented
moments perpendicular to Q
in the hexagonal plane. At this temperature, the ordering of Ni-moments sets
in, and their planar anisotropy seem to influence the alignment of Mn-moments.
Ni0.42 Mn0.58 TiO3 was discussed to show the behaviour of a XY spin-glass, in which
k
moments parallel to the planar anisotropy freeze-in at TSG = 12 K [231]. At this
temperature the Mn-ordering corresponds to a AF-Mn⊥ -type.
Below T = 10 K the polarization scheme changes drastically and scattering in the
zSF channel dominates at 2 K. It can be explained by the ordering of moments
primarily along ~c, the moment direction of the AF-Mnk structure. The increase of
intensity perfectly coincides with the freeze-in temperature of moments perpendicular to the planar anisotropy at 6.0(10) K [231]. The scattered intensity in the ySF
channel persists down to base temperature, which suggests either a coexistence
of AF-Mnk and AF-Mn⊥ order, or a tilt of magnetic moments between ~c and the
hexagonal plane.
The polarization analysis can be used to determine the different nuclear and magnetic components that contribute to the scattered intensity. Table 7.2 summarizes
the obtained values at different AF-Mnk and AF-Ni Bragg reflections at 2 K for
the following components: nuclear scattering (N N ∗ ), total magnetic scattering
~⊥ ·M
~ ∗ ), magnetic scattering along y and z (My My and Mz Mz ) and the chiral
(M
⊥
~⊥ × M
~ ∗ )x ). The terms were calculated from spin-flip and
magnetic term (−i(M
⊥
non-spin-flip cross sections measured at the corresponding Bragg peak positions
(see Tab. 3.1 for their composition).
The experimental values can be compared to the values obtained by a structure fac-
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Table 7.2.: Experimental nuclear and magnetic scattering components determined by
neutron polarization analysis at different Bragg positions in Ni0.42 Mn0.58 TiO3 at 2 K.
The intensities were normalized to a monitor of 200 (cts/0.5 s).

~ (r.l.u.)
Q

NN∗

~⊥ ·M
~∗
M
⊥

My My

Mz Mz

~⊥ ×M
~ ∗ )x
−i(M
⊥

(0, 0, 3̄)

852(2)

2.0(6)

0.9(6)

1.1(6)

0.2(4)

(1̄, 0, 1̄)

250(2)

5.6(5)

4.0(4)

1.6(4)

-0.6(4)

(1, 0, 2̄)
¯
(0, 0, 1.5)

287(2)

7.1(4)

5.1(4)

2.0(4)

-0.1(3)

0.13(40)

28.2(5)

14.5(6)

13.7(5)

-0.6(5)

(1, 0, 2.5)

1.4(3)

7.3(3)

2.0(3)

5.4(3)

-0.1(2)

tor calculation. The nuclear part was calculated assuming a random distribution of
Ni and Mn ions, a perfect order of M 2+ and Ti4+ sites and no atomic displacement
factors. The magnetic part was calculated assuming a contribution of AF-Mnk -,
AF-Mn⊥ - and AF-Ni-type ordering. The effective moment was calculated as:
µef f = ccrystal · cmagnetic · µtotal ,

(7.3)

with the moment-concentration ccrystal , the ordering of moments cmagnetic and the
effective moment of the fully ordered structure. The parameters were the following:

AF-Mnk :

ccrystal = 0.58, cmagnetic = 0.30, µM n = 4.55 µB
moments parallel ~c.
AF-Mn⊥ : ccrystal = 0.58, cmagnetic = 0.15, µM n = 4.55 µB
moments in ab-plane (equal distribution of 120° domains).
AF-Ni:
ccrystal = 0.42, cmagnetic = 0.25, µN i = 2.25 µB
moments in ab-plane (equal distribution of 120° domains).
The calculated nuclear and magnetic components at the same Bragg peak positions
as the experiment are summarized in Tab. 7.3. In Section 7.2.3, it was discussed
that the magnetic reflections were significantly broadened, relative to the nuclear
reflections, due to the short-range magnetic order. The experimental values in
Tab. 7.2 were obtained by counting at the Bragg peak position. In order to be
able to compare experimental values with the calculated structure factors, one
has to correct for the broadening of the reflections. We use the same enlargement
factors as described in Section 7.2.3, while assuming an isotropic broadening within
the scattering plane and an neglectable vertical broadening, due to the relaxed
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Table 7.3.: Calculated nuclear and magnetic scattering components at different Bragg
positions in Ni0.42 Mn0.58 TiO3 . The intensities were normalized to the experimentally
~ AF −M n = (−1, 0, 2). The magnetic intensiobserved nuclear scattering intensity at Q
ties were calculated assuming a superposition of AF-Mnk -, AF-Mn⊥ - and AF-Ni-type
structures, as described in the text.

~ (r.l.u.)
Q

NN∗

~⊥ ·M
~∗
M
⊥

My My

Mz Mz

~⊥ ×M
~ ∗ )x
−i(M
⊥

(0, 0, 3̄)

1130.75

1.27

0.64

0.64

0.00

(1̄, 0, 1̄)

604.56

6.87

5.33

1.53

0.00

(1, 0, 2̄)
¯
(0, 0, 1.5)

287.00

9.13

6.82

2.31

0.00

0.00

25.47

12.74

12.74

0.00

(1, 0, 2.5)

0.00

9.23

2.53

6.70

0.00

instrumental resolution.
The calculated intensities were scaled to the experimental nuclear cross section
~ = (1, 0, −2). The calculated nuclear cross sections at Q
~ = (0, 0, −3) and
at Q
~ = (−1, 0, −1) overestimate the experimental values. Without further corrections,
Q
such as the nuclear displacement factors and a Lorentz-correction, such deviations
are possible. Our qualitative analysis aims at the polarization dependence at
specific Bragg positions, for with our model is sufficient.
The magnetic part can be relatively well described by the given model. The
ratios between scattering along y and z are consistent, and both, experiment and
calculation, find a vanishing chiral component. Deviations exist in the intensities
of the strong nuclear reflections.
The scattering at the AF-Ni Bragg positions is purely magnetic. The finite experimental values for N N ∗ are due to statistical deviations. For the calculation
of the AF-Ni-phase, we assumed an equal distribution of 120°-domains in the ab
and a contribution of 25 % of Ni-moments in Ni0.42 Mn0.58 TiO3 to the scattering.
The absolute values, as well as the component separation along y and z, of the
calculation nicely match the experimental values.
The contribution of magnetic scattering at the AF-Mn-type positions is more
complex. The component separation suffers from the strong nuclear part, which
inserts strong statistical errors for the magnetic components. In addition, the
direction of magnetic moments is uncertain and is probably canted relative to
the ~c. The calculation at the nuclear Bragg positions was done assuming a superposition of AF-Mnk - AF-Mn⊥ -type ordering. The experimental data can be
relatively well described assuming a contribution of 30 % of Mn-moments to the
AF-Mnk ordering and 15 % of Mn-moments to the AF-Mn⊥ ordering. The values are given for Mn-moments in Ni0.42 Mn0.58 TiO3 . This would correspond to
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a tilting of Mn-moments of α ≈ 26° relative to the c-axis. Chi et al. observed
an angle of α ≈ 80° for a Ni concentration of x = 0.33, which was temperature
dependent and could be significantly reduced in magnetic field applied along ~c [257].

7.3.2. Influence of magnetic and electric fields
After the discussion of the zero-field spin-glass phase, we can continue with the
investigation of influences of crossed magnetic and electric fields on the alignments
of magnetic moments in Ni0.42 Mn0.58 TiO3 . Yamaguchi et al. proposed the evolution
of a toroidal moment which accounts for the observed magnetoelectric effect [18].
Induced toroidal moments modulate the zero-field alignment of magnetic moments
which can be detected by spherical neutron polarization analysis. This technique
has already been successfully applied to detect different antiferromagnetic domains
in magnetoelectric [259] and ferrotoroidal compounds [260].
The Cryopad option at IN14 allows, in addition to the diagonal terms, the determination of off-diagonal terms of the polarization matrix, where incident and
scattered neutron are polarized along different directions [108]. Taking into account
the three polarization axes, there exists a total of 36 spin-flip and non-spin-flip
cross-sections, cf. Table 3.1. Furthermore, this allows to separate nuclear-magnetic
interference terms N Mi (with i = y, z). A net toroidal moment may arise due to a
reorientation of magnetic moments or a structural displacement of magnetic ions
(cf. Eq. 7.1). The first one can be detected even by linear polarization analysis.
The latter one leads to a relative shift of nuclear and magnetic phases which
can directly be measured by looking at term N Mi , requiring spherical neutron
polarimetry [102].
The control of neutron polarization with Cryopad is done using a zero-field environment at the sample stage. This prohibits the use of external magnetic fields. It
is nevertheless possible to cool the sample in magnetic and electric fields outside of
the Cryopad and return the sample at constant temperature. Toroidal moments,
if present, would freeze-in below the spin-glass transition and persist even in the
absence of applied fields. The same scattering geometry was used as described in
Fig. 7.10. An electric field of 200 to 600 V mm−1 was applied along [1, 1, 0] and
a magnetic field of 1 T was applied along vertical to the scattering plane along
[1̄, 2, 0], creating an angle of 60° between the fields. Between each field setting, the
sample was heated up to 30° in the paramagnetic phase.
The comparison of several AF-Mnk and AF-Ni reflections revealed no significant
change in the scattered magnetic intensities. Also, no additional magnetic reflections were observed. This is consistent with the measurement of the specific heat
in applied magnetic fields of equal strength. No anomaly was observed in the
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curves which lead Yamaguchi et al. to the conclusion that no long-range order is
induced by the field [18].
Specific scattering components derived from the polarization analysis at different settings of the magnetic and electric field are summarized in Table 7.4.
The corresponding cross sections were determined at the AF-Mn Bragg position
~ = (−1, 0, 2) at 2 K. We start with the discussion of magnetic scattering along
Q
the polarization direction y and z. In an applied magnetic field, the scattering in
Mz increases, which is the direction of the magnetic field. The magnetic moments
seem to tilt along the direction of the field. This is equivalent to a poling of
antiferromagnetic domains. The scattering in My increases in positive magnetic
field, while it decreases in negative magnetic fields. The scattering in My and Mz
seems to be unaffected by the electric field.
The nuclear-magnetic interference terms also show strong deviations by the applied
fields. While both real terms are close to zero at all settings, the imaginary parts
change drastically. ImMy∗ N and ImMz∗ N increase in positive magnetic fields and
change their sign in negative magnetic fields. The electric field again appears to
have no influence on the scattering components.
The same scattering components, that have been derived from experimental neutron polarization analysis, were calculated from the magnetic and nuclear structure
factor of Ni0.42 Mn0.58 TiO3 . The results are given in the same Table 7.4, below the
experimental values. The table reads as follows: the first three rows were calculated
assuming the AF-Mnk -phase with an equal distribution of domains (top), and the
positiv (middle) and negative (bottom) 180°-domains. The seven subsequent rows
were calculated assuming the AF-Mn⊥ , which consists of 60°-domains. The first
row was calculated assuming equal distribution of antiferromagnetic domains, while
for the rows below the direction of the moments is given on the left. The simulated
intensities were normalized to My My∗ of AF-Mnk . The different correlation length
of the magnetic and nuclear reflections has not been taken into account. It is thus
not possible to compare the absolute values of the simulated and experimental
intensities. Nevertheless, the comparison of relative changes of intensities due to
the influence of the applied field can be analyzed.
The nuclear-magnetic interaction terms allow to investigate antiferromagnetic
domains. For example, the AF-Mnk -phase consists of two 180° domains. The
reversal of the magnetic moments is visible in this terms, as shows the comparison
of the imaginary part ImMy∗ N for both domains in Table 7.4. The AF-Mn⊥ phase
contains six equivalent antiferromagnetic domains. These domains show a finite
My and Mz component and are thus distinguishable via ImMy∗ N and ImMz∗ N .
First, we compare the zero-field experimental data in Table 7.4 with the simulated
values. The finite intensities in My My∗ and Mz Mz∗ yield a tilt of magnetic moments
away from the c-axis, which can be described by a superposition of AF-Mnk - and
AF-Mn⊥ -type order. For an equal distribution of antiferromagnetic domains, the
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Table 7.4.: Magnetic and electric-field dependence of magnetic scattering components
~ AF −M n = (−1, 0, 2) at 2 K. The intensities were
in Ni0.42 Mn0.58 TiO3 , determined at Q
normalized to a monitor of 200 (cts/0.5 s). The electric field was applied along [1, 1, 0]
and the magnetic field applied along [1̄, 2, 0]. Below, simulated intensities are shown
for different domain constellations of the AF-Mnk and AF-Mn⊥ order. The simulated
intensities were normalized to My My∗ of AF-Mnk .

B (T) E (kV)

My My∗

Mz Mz∗

ReMy N

ReMz∗ N

ImMy∗ N

ImMz∗ N

5.1(4)

2.0(4)

-0.3(5)

0.5(6)

0.7(7)

8.2(7)

0

0

+1

-1.5

8.1(7) 30.3(6)

-1.4(7)

-0.5(7)

8.2(6)

74.9(7)

+1

+0.9

8.0(6) 16.2(5)

0.5(7)

0.3(5)

6.6(7)

54.4(6)

-1

-1.2

12.1(4)

-0.2(4)

-0.6(4)

-2.6(4)

-38.8(5)

-1

+0.5

-0.9(7) 18.9(6)

-0.3(7)

0.2(7)

-6.2(7)

-65.1(9)

My My∗

Mz Mz∗

ReMy∗ N

ReMz∗ N

ImMy∗ N

ImMz∗ N

AF-Mnk

1.00

0.00

0.00

0.00

0.00

0.00

[0, 0, 1]

1.00

0.00

0.00

0.00

-0.50

0.00

[0, 0, 1̄]

1.00

0.00

0.00

0.00

0.50

0.00

AF-Mn⊥

0.19

0.70

0.00

0.00

0.00

0.00

[1, 0, 0]

0.39

0.00

0.00

0.00

-0.31

0.00

[1̄, 0, 0]

0.10

1.04

0.00

0.00

0.15

0.51

[0, 1̄, 0]

0.10

1.04

0.00

0.00

0.15

0.51

[1, 0, 1̄]

0.39

0.00

0.00

0.00

0.31

0.00

[0, 1, 0]

0.10

1.04

0.00

0.00

-0.15

-0.51

[1̄, 0, 1]

0.10

1.04

0.00

0.00

-0.15

-0.51

Simulation
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0.8(4)
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N M interaction terms should all cancel to zero. The fact, that the interaction term
ImMz∗ N shows a significant intensity indicates a preferred direction of domains in
the crystal, which breaks the symmetry.
In all field settings, the experimental values for ReMy∗ N and ReMz∗ N are close to
zero within the error bars. This is in agreement to the simulated values, which are
zero for all domain configurations. The imaginary parts ImMy∗ N and ImMz∗ N are
strongly enhanced when the field are applied. The value of ImMz∗ N even exceeds
the values My My∗ and Mz Mz∗ . This enhancement is probably due to the strong
nuclear part N , which enters the interaction N M . The term ImMz∗ N is only present
for domains of the AF-Mn⊥ -order. This shows that the applied magnetic field
further rotates the moment in the ab-plane, with is also visible in an enhancement
of Mz . Finally, we can analyze the change of sign of the experimental interaction
terms. In an positive magnetic field, ImMy∗ N and ImMz∗ N are positive. A negative
magnetic field switches the sign of both terms. This behaviour is also shown by the
simulated intensities of the AF-Mn⊥ -domains [0, 1̄, 0] and [0, 1, 0]. The comparison
of experimental and simulated nuclear-magnetic interaction terms thus indicate,
that it was possible to switch antiferromagnetic domains in the spin-glass phase of
~ = (−1, 0, −1)
Ni0.42 Mn0.58 TiO3 . The analysis at the AF-Mn Bragg positions Q
~ AF −M n = (0, 0, −3) is shown in appendix C.
and Q
Yamaguchi et al. observed finite ME tensor elements αxy = −αyx . By the application of crossed magnetic and electric field, one would expect a sign change by
the reversal of either one of the fields. Our experimental data report a switching
of domains by the reversal of the magnetic field. The sign of the electric field,
nevertheless, seems not to affect the domain population. This might be related
to a memory effect. For example in MnWO4 it has been observed, that the first
field-cooling set a preferred direction for the magnetic moments [50]. This preferred
direction was only removed after heating up to room temperature. In the presented
experiment, the crystal was heated to 30 K between the field-cooling.
The presented results from the neutron polarization analysis may indicate that the
short range AF-Mn order alone accounts for the ME effect in Ni0.42 Mn0.58 TiO3 .
The AF-Mn structure breaks the inversion symmetry and allows for the linear
magneto-electric effect [257]. The magnetoelectric tensor of MnTiO3 has non-zero
diagonal and off-diagonal terms [249]. The terms αxx and αxy were also measured
by Yamaguchi et al. in Nix Mn1−x TiO3 at x = 0.38. Nevertheless, the diagonal
term αxx vanished at x = 0.40 and above, while the off-diagonal term persisted up
to x = 0.42. The explanation for this behaviour cannot be deduced from the given
dataset.
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0

Figure 7.12.: Polarization analysis of zone center excitations in Ni0.42 Mn0.58 TiO3 at
~ AF −M n = (−1, 0, 2) at 30 K and 2 K. (b) Excitation
IN14. (a) Excitation spectrum at Q
~
spectrum at QAF −N i = (0, 0, −1.5) at 2 K. For each spectrum the scattering for spin-flip
(filled circles) and non spin-flip (open circles) processes along the polarization axis x
are shown. At 2 K, the intensities in the spin-flip channels along y and z are given for
specific energies.

7.4. Magnetic excitations in the spin-glass phase
The coexistence of AF-Mnk and AF-Ni type magnetic order in Ni0.42 Mn0.58 TiO3
raises the question of the interaction of magnetic moments in the spin-glass phase.
The diffuse scattering maps shown in Section 7.2.3 indicate short-range order
in the hexagonal plane which is only weakly coupled along ~c. The study of the
excitation spectrum allows one to investigate determine the coupling constants
and anisotropies from the spin-wave dispersion.
In the following we will discuss the origin of the zone center excitations and present
a complete picture of their Q-dependence. Finally, the dispersion of modes is
compared to the excitation spectrum of pure MnTiO3 .

7.4.1. Zone center excitations
Subsequently to the polarization analysis of elastic scattering, we investigated the
polarization analysis of zone center excitations at AF-Mnk and AF-Ni Bragg reflections. A single crystal of Ni0.42 Mn0.58 TiO3 was mounted in [100/[001] scattering
geometry on IN14 with Cryopad, as described in Section 7.3. We worked with a
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−1

fixed final neutron energy of Ef = 4.0 meV (kf = 1.55 Å ). An energy resolution
of ∆E ≈ 0.18 meV was determined on the elastic line.
~ AF −M n = (−1, 0, 2) is
The polarization analysis of the zone center spectra at Q
shown in Fig. 7.12(a) for the spin-flip and non-spin-flip channels along x. The
spectrum is rather broad at the superposed nuclear and magnetic reflection. The
polarization analysis verifies the origin of the inelastic signal to be purely magnetic.
In addition, the full xyz polarization analysis at specific energies enables to state,
that the magnetic spectra is nearly isotropic.
~ AF −N i = (0, 0, −1.5) reveals a similar picture, cf. Fig. 7.12(b).
The energy scan at Q
The intensity shows the same energy dependence as at the AF-Mnk zone center
and purely arises from magnetic excitations. The similarity of the data indicates
once more a weak coupling between hexagonal planes. A differentiation between
AF-Mnk and AF-Ni modes is not possible. The broadening of the excitation
−1

spectrum is intrinsic to the system, which has been verified using kf = 1.2 Å
with increased energy resolution.
The application of polarized neutrons verified the magnetic nature of zone center
excitations and their isotropic character. This is a non-trivial information as the
Bragg reflections of nuclear and AF-Mnk structure overlap. Experiments using
polarized neutrons suffer from the reduced neutron intensity, rendering especially
inelastic scans very time-consuming. The following study can be done using unpolarized neutrons which has the advantage of an increased neutron flux and the
possibility to cover a larger region in Q-space.

7.4.2. Q-dependence of magnetic excitations
The dispersion of the magnetic excitations in the spin-glass phase of Ni0.42 Mn0.58 TiO3
was investigated at the cold neutron TAS instrument Panda at the FRM II. The
large single crystal (30 × 6 × 6 mm3 ), that had been used for previous experiments,
was installed in the same [100]/[001] scattering geometry. The experiment was
−1
performed with a final neutron energy of Ef = 4.0 meV (kf = 1.55 Å ), double
focusing monochromator and analyzer and a Be-filter on ~kf . The energy resolution
was comparable to the previous experiment, ∆E ≈ 0.14 meV.
Figure 7.13(a) shows zone center scans at several AF-Mnk and AF-Ni Bragg peak
positions at 2 K. The data strengthens the assumption that the inter-plane interaction is weak, as they seem to differ only in scattered intensity modulated by the
magnetic form factor.
A different situation is visible within the hexagonal plane. Figure 7.13(b) shows
~ AF −M n = (−1, 0, −2).
scans along QH at a different energy transfer around Q
Above 4 meV the peak at the center splits up, showing a dispersion-like be-
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(a) T = 3K, Energy scans

(b) T = 3K, H scans

900

600
500

4 meV
6 meV
8 meV

500
400
300
200
100
0

400

0.5

1
1.5
Q = (H, 0, −2)

2

(c) T = 3K, L scans
Intensity (cts/3min)

Intensity (cts/3min)

700

Intensity (cts/3min)

(1, 0, −2)
(1, 0, 1)
(1, 0, 2.5)
(0, 0, 4.5)

800

600

300
200
100
1

2

3
4
Energy (meV)

5

6

1000
4 meV

H=1
H=0

500

0
−4

−2

0
2
Q = (H, 0, L)

4

Figure 7.13.: Q-dependence of magnetic excitations in Ni0.42 Mn0.58 TiO3 at 3 K indicating correlations in the hexagonal plane: (a) Energy scans at several AFM-M
and AFM-N zone center positions, (b) Constant Q-scans at the Bragg peak position
~ AF −M n = (−1, 0, −2), (c) extended Q-scans perpendicular to the hexagonal plane at
Q
4 meV, measured at PANDA.

haviour. The observation of collective magnetic excitations in the spin-glass phase
of Ni0.42 Mn0.58 TiO3 is quite remarkable. Elastic diffraction studies have obtained
an order of approximately 25 to 45 % of magnetic moments and the correlation
length only spans over some 10 Å (cf. Section 7.2).
Similar scans along QL do not show any evidence of a dispersion. Figure 7.13(c)
shows two of such scans at 4 meV. The scattered intensity only diminishes in
accordance to the magnetic form factor showing no correlation along ~c.
The dispersion-like feature in Ni0.42 Mn0.58 TiO3 turned out to exceed the maximum
energy transfer on instruments with cold neutrons. A subsequent experiment was
performed at the thermal neutron TAS instrument IN8 at the ILL, in order to
access the whole energy range of the dispersion. The instrument was equipped
with the FlatCone multi-detector, which covers a large area in Q-space. The same
large crystal of the previous experiment was mounted in two different scattering
geometries, [100]/[001] and [100]/[010], in order to obtain a complete picture of the
excitation spectrum in the spin-glass phase of Ni0.42 Mn0.58 TiO3 . The final energy
−1
of the neutrons was Ef = 18.6 meV (kf = 3.0 Å ) and the energy resolution can
be estimated to be ∆E ≈ 0.8 meV.
Experiments with FlatCone are generally conducted by performing sample rota-

176

7.4. Magnetic excitations in the spin-glass phase
tions at a constant energy transfer at two or more positions of the multi-detector.
The resulting data forms a concentric surface at constant energy in (Q, ω)-space.
Figure 7.14 shows a collection of these maps obtained along [H, 0, L] at 2 K ranging
from 2 to 12 meV (see Fig. 7.8 for the corresponding elastic map). Black frames
indicate the original data which was symmetrized by a two-fold rotation to fill the
map. All maps were produced using the same linear color scale and can directly
be compared. The maps demonstrate the absence of dispersion along QL and
thus confirm the assumption provided by previous experiments. Modulation of
scattered intensity along ~c only arises from a combination of magnetic structure
factor and the magnetic form factor.
The regions of strong intensity split up above 6 meV, showing a dispersion in the
hexagonal plane. The dispersion extends up to 12 meV. Additional maps at higher
energies have been collected to verify the absence of inelastic scattering. Sharp
spots, which are present in all maps, can be attributed to spurious effects from
strong nuclear Bragg peak scattering.
The excitation spectrum inside the hexagonal plane [H, K, 0] is presented in Figure 7.15 (see Fig. 7.9 for the corresponding elastic map). At low energies the
scattered intensity is located at lattice positions indicated with (h, k, 0), h+k = 2n.
Towards higher energies the modes disperse concentrically and before they disappear above 12 meV.
At this point it should be mentioned again that this system does not exhibit a
completely ordered magnetic structure at low temperatures. Instead the magnetic
moments freeze-in in a spin-glass manner with short-ranged regions of AF-Mnk
and AF-Ni type order (cf. Section 7.2).
The excitation spectrum seems to be dominated by the AF-Mn order. This can
be understood by a comparison of the ordered magnetic moment of Mn and Ni
ions in Ni0.42 Mn0.58 TiO3 . In Section 7.3.1 we estimated an ordering of 25 % of Ni
moments and 45 % of Mn moments. In addition, we have to take into account
the maximum effective moment of Ni and Mn as determined by neutron diffraction [233], µef f,N iT iO3 = 2.25µB and µef f,M nT iO3 = 4.55µB . By using Equation 7.3,
we can derive the ratio as follows:
µef f,N i
0.42 0.25 2.25µB
=
·
·
≈ 0.20 .
µef f,M n
0.58 0.45 4.55µB

(7.4)

The intensity of magnetic neutron scattering is proportional to the square of the
ordered magnetic moment, I ∝ M⊥2 , yielding a ratio of intensity of IN i /IM n ≈ 0.04.
This comparison explains that the inelastic signal is dominated by the AF-Mn
order from the Mn moments in Ni0.42 Mn0.58 TiO3 .
Intensity maps in the [H, K, 1] plane and the temperature dependence of inelastic neutron scattering maps in the [H, K, 0] plane are presented in the appendix C.2.
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Figure 7.14.: Intensity mapping of magnetic excitations in Nix Mn1−x TiO3 in the
[H, 0, L] plane in Nix Mn1−x TiO3 at 2 K at IN8. The scattered neutron intensity was
collected at constant energies from 2 to 12 meV. The same linear color scale was used
for all maps. Black lines surround the measured data, the maps were completed by
symmetrization.
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Figure 7.15.: Intensity mapping of magnetic excitations in Nix Mn1−x TiO3 in the
[H, K, 0] plane in Nix Mn1−x TiO3 at 2 K at IN8. The scattered neutron intensity was
collected at constant energies from 2 to 14 meV. The same linear color scale was used
for all maps. Black lines surround the measured data, the maps were completed by
symmetrization.
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Figure 7.16.: Spin wave calculation in MnTiO3 using SpinW [94]. (left) Exchange
interaction paths in MnTiO3 in the hexagonal ab-plane and between the planes along ~c.
The positions of the M 2+ ions and the six shortest distances are shown. (right) Calculation of magnetic excitations along [0, 0, L] and [H, 0, 0] in MnTiO3 . The parameters
used for the calculation are given in the inset.

7.4.3. Spin wave model
The comprehensive dataset of the excitation spectrum in the spin-glass phase of
Ni0.42 Mn0.58 TiO3 obtained on IN8 leads to the assumption that the dispersion
is dominated by the AF-Mnk -type order. Todate et al. reported the magnon
dispersion in MnTiO3 at 4.2 K, obtained by inelastic neutron scattering [247].
Their model describing the Q-dependence of modes consists of three in-plane and
three out-of-plane interaction paths, which have been discussed before theoretically
by Goodenough et al. [234]. The interactions between the M 2+ sites are shown
in Figure 7.16(a). The index Ji denotes the order of paths in terms of moments
distance. Consistent with theoretical aspects of the superexchange and supersuperexchange paths, Todate et al. find all exchanges to be antiferromagnetic [234,
247].
The magnon dispersion of MnTiO3 was modeled with SpinW, a MATLAB code for
linear spin wave calculations (see Section 4.3 for details). The reported dispersion
along [0, 0, L] and [H, 0, 0] could be reproduced using the following set of exchange
interactions: J1 = 1.25 meV, J2 = 0.02 meV, J3 = 0.38 meV, J4 = 0.19 meV,
J5 = 0.32 meV, J6 = 0.09 meV and an easy axis anisotropy SIA = 0.01 meV,
confining the moments along ~c.
The model for MnTiO3 was slightly modified to describe spin-wave-dispersion
observed in Ni0.42 Mn0.58 TiO3 . The energy scans at the magnetic zone centers did
not show a gap, arising from an anisotropy. Accordingly, the anisotropy was set to
zero. In addition, we will neglect the weak interactions J2 and J6 . The calculated
dispersion along ~c and ~a using the modified model is shown in Fig. 7.16(b).
The described model for MnTiO3 was used to simulate scattering maps at constant
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energy transfer, which can directly be compared to experimental data of the
spin-glass phase in Ni0.42 Mn0.58 TiO3 . Intensity maps along [H, 0, L] and [H, K, 0]
at specific energies are shown in Figure 7.17. The maps can be compared to the
experimental data in Figure 7.14 and Figure 7.15. The calculation takes into
account the magnetic form factor, the Bose factor at 2 K and an energy resolution
of ∆E = 0.8 meV.
The calculated intensity maps nicely reproduce the experimental data in the
[H, K, 0] plane, clearly showing the hexagonal symmetry. The distribution of weak
and strong reflections in the[H, 0, L] also fits the experiment rather well. One
discrepancy between simulation and experiment lays in the correlation along ~c,
which is stronger in MnTiO3 .
The magnon dispersion of the MnTiO3 model and the experimental data from
Ni0.42 Mn0.58 TiO3 can be compared directly by producing vertical cuts through the
~ E) space. This has been done for both experimental orientations, [H, 0, L]
(Q,
(Fig. 7.18) and [H, K, 0] (Fig. 7.19). The organization of both figures is the same.
The top image shows the three-dimensional experimental data set with the energy
being on the vertical axis. Vertical planes indicate the 2D-cuts through the dataset.
Below, the experimental data is shown on the left side and the calculation on the
right. The experimental data was treated using the MATLAB -code fcplot [85].
The dispersion in the hexagonal plane can be described surprisingly well by the
MnTiO3 model. The deviation of simulation and experimental data at low energies
arises from strong Bragg peak scattering, which is visible at higher energies due to
the finite energy resolution. Scattering from static Bragg peaks has not been taken
into account for the calculation. The range of the dispersion and the spectral weight
is correctly reproduced. The cut along the c-axis is more difficult to interpret. If
there would be only weak interaction along ~c, one would expect at flat mode at
low energies. Instead, the experimental data shows a broad mode up to 5 meV
with only little QL -dependence. It seems plausible that interactions along ~c exist
as proposed by the model, yet they are limited to small correlated regions. The
regions are independent of each other and thus smear out the dispersion along the
hexagonal axis.
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Figure 7.17.: Neutron scattering intensities of constant energy planes calculated for
MnTiO3 using SpinW [94]. Intensity mappings of scattering in the [H, 0, L] plane (left)
and in the [H, K, 0] plane (right) are shown at different constant energies. The intensity
is linearly color-coded. The calculation takes into account the magnetic form factor, the
Bose factor at 2 K and an energy resolution of ∆E = 0.8 meV.
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Figure 7.18.: Comparison of measured (IN8) and calculated neutron scattering intensities in Nix Mn1−x TiO3 at 2 K in the [H, 0, L] plane. Intensity mappings of scattering along
~ = (H, 0, 4.5) and Q
~ = (−1, 0, L) are shown. (right) Cuts from data determined on
Q
IN8. The corresponding planes are indicated on the top. (left) Intensities calculated
using SpinW [94] for the AF-Mnk order in MnTiO3 , taking into account the magnetic
form factor, the Bose factor and an energy resolution of ∆E = 0.8 meV.
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Figure 7.19.: Comparison of measured (IN8) and calculated neutron scattering intensities in Nix Mn1−x TiO3 at 2 K in the [H, K, 0] plane. Intensity mappings of scattering
~ = (H, 1, 0) and Q
~ = (H, H + 2, 0) are shown. (right) Cuts from data
along Q
determined on IN8. The corresponding planes are indicated on the top. (left) Intensities
calculated using SpinW [94] for the AF-Mnk order in MnTiO3 , taking into account the
magnetic form factor, the Bose factor and an energy resolution of ∆E = 0.8 meV.
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The comparison of experimental data and simulation showed that the dispersion
in Ni0.42 Mn0.58 TiO3 can be described by assuming an AF-Mnk -type model with
Mn moments only. In the spin-glass phase, nevertheless, short-ranged regions of
AF-Mnk and AF-Ni order coexist, which are formed by Mn and Ni moments. The
simulation hence implies that the excitation spectrum is not disturbed by the
frustration introduced by Ni moments and that Ni moments contribute to the
AF-Mnk fluctuations.

7.5. Conclusion
In this chapter, the magnetic ordering of Mn and Ni moments in the spin-glass
system Ni0.42 Mn0.58 TiO3 was presented. The properties of the magnetic structure
and the magnetic excitations were investigated using unpolarized and polarized
neutron scattering. The compound arose interest due to its magnetoelectric effect
that was observed inside the short-range magnetic phase [18].
The detailed analysis of the magnetic scattering in the spin-glass phase revealed
a distinct contribution of Ni and Mn moments. Diffuse magnetic signal is
present at the Bragg peak position of the magnetic order of the parent compounds Ni0.42 Mn0.58 TiO3 and MnTiO3 . This shows that a short-range order of
Ni0.42 Mn0.58 TiO3 -type and MnTiO3 -type coexist in the spin-glass phase. The moments of the Mn ions are tilted relative to the c-axis. It was possible to estimate a
contribution of 25 % of Ni moments and 45 % of Mn moments to the total magnetic
scattering.
The dependence of crossed magnetic and electric field on the magnetic order in
the spin-glass phase was investigated using spherical neutron polarimetry. It could
be shown that a magnetic field applied parallel to the hexagonal plane aligns the
Mn-moments within the plane. The antiferromagnetic domains could be controlled
by a reversal of the magnetic field.
Finally, we were able to measure the magnetic excitations in the spin-glass phase. A
comprehensive dataset was obtained within the hexagonal plane and perpendicular
to it. The excitations are found to be significantly broadened along the c-direction,
indicating a weak coupling of the hexagonal planes along ~c. The magnon dispersion
in the hexagonal plane is comparable to the MnTiO3 mother compound [247].
The magnetic excitation spectrum in the spin-glass phase could be well described
by linear spin wave theory. The applied model could be derived by taking into
account only a contribution of the Mn-moments.
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Summary
This work contains experimental studies on the magnetic properties of four different
transition-metal oxides with the focus on multiferroic and magnetoelectric effects.
These studies will be summarized in the following.
The multiferroic phase of TbMnO3 was intensively studied since its observation
in 2003 [5]. The magnetic frustration in the ab-plane and the coupling between
Mn and the Tb-subsystem are the reason for the complexity of the system and its
fascinating magnetoelectric effects. Within this work, it was possible to investigate
the properties of the successive magnetic phase transitions and the dynamics in
the multiferroic phase.
The detailed analysis of the magnetic fluctuations in the paramagnetic and the
spin-density-wave phase of TbMnO3 revealed significant diffuse scattering arising
from the Tb and the Mn-subsystems. The contributions could be distinguished
using neutron polarization analysis and it was shown that magnetic fluctuations of
the bc spin-spiral are present throughout the ordered SDW phase. This indicates
an almost continuous transition towards the spin-spiral phase.
The magnetic excitations in the multiferroic spiral phase were studied in the past by
inelastic neutron scattering [12] and different models for the spin-wave dispersion
were proposed [114, 143]. We presented a comprehensive dataset of the excitation
spectrum in the multiferroic phase obtained by time-of-flight spectroscopy. We
developed a model of the Mn-subsystem in order to describe the magnon dispersion
using linear spin wave theory. The model takes into account the nearest-neighbor
exchanges along ~c and in the ab-plane, as well as the next-nearest-neighbor exchange
along ~b. At the zone center, we find an in-plane mode and two out-of-plane modes
of the spiral. The splitting of the out-of-plane mode was achieved by introducing
a distorted easy-plane anisotropy. The model is able to quantitatively describe the
full spin-wave dispersion in the multiferroic phase.
Multiferroic materials of spin origin are perfect candidates to study electromagnons,
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which are coupled phonon-magnon excitations. The polarization of the zone center
mode derived from the spin-wave model predicts one electrically active magnon
mode. The energy of this mode agrees with observations from infrared spectroscopy [57] and inelastic neutron scattering [12]. This supports the assumption
that the lowest of the electromagnetic excitations observed in TbMnO3 can be
attributed to the DM mechanism. Furthermore, the spin-wave model could describe
the dispersion of the chiral component, which was observed by poling a single
crystalline sample in an electric field.
The magnetic excitation spectrum was also studied in the multiferroic high-field
phase in magnetic fields parallel ~b. The analysis of the Q-dependence allowed for
the separation of in-plane and out-of-plane modes at the magnetic zone center.
The energy of the mode which is predicted to be electrically active by the DM
mechanism is found at the same energy as a reported electric mode [60]. This
finding supports again the existence of an electromagnon in TbMnO3 of DM
origin.
The tungstate MnWO4 is another multiferroic material of spin origin. Upon cooling,
the spins order first in a spin-density wave before a spiral order is realized, which
induces the ferroelectric polarization [175]. We studied the diffuse quasi-elastic
scattering in all magnetic phases. By the separation of contributions from the
SDW and the spiral order, we could demonstrate the almost continuous nature
of the PM→SDW→spiral transition. A comprehensive dataset of the magnetic
fluctuations was obtained documenting a characteristic shape of the magnetic
fluctuations, which is linked to the complex magnetic exchange interactions in
MnWO4 .
The vector chirality of the spiral structure is directly correlated to the ferroelectric
polarization of the multiferroic phase [13]. The chirality of the diffuse scattering
could be poled by an electric field and observed using polarized neutron analysis.
The poling was only possible in a small range above the transition, which could be
explained by comparing the energy of the electric field with thermal fluctuations.
The chiral character of the fluctuations can be compared to the critical slowing
down of electric fluctuations observed by dielectric spectroscopy [203].
Furthermore, we report the magnetic excitations in the multiferroic phase. The
magnon modes possess a strong chiral component, which could be poled by applying
an electric field. As in the study of TbMnO3 , we find modes of both chiral states
which coexist within one Brillouin zone.
The double tungstate NaFe(WO4 )2 exhibits a complex magnetic phase diagram
and shows strong hysteresis effects [213]. We investigated the magnetic structure
in the zero-field phase and in the high field phases in magnetic fields applied along
the monoclinic axis ~b using elastic neutron scattering.
It could be demonstrated that the Fe magnetic moments order directly in a spin
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spiral with incommensurate propagation vector k~ic = (0.485, 0.5, 0.48) at 3.9 K.
The rotation plane of the Fe moments is similar to the multiferroic phase of
MnWO4 [175]. This magnetic phase does not induce a ferroelectric polarization,
as the DM effect is canceled out by the symmetry of the moments in the unit cell.
The incommensurability of the structure is strongly temperature dependent and
could be related to an anharmonic distortion of the spiral. The hysteresis effect
of the propagation vector directly corresponds to features in thermal expansion
data [213].
In magnetic fields applied along ~b, the magnetic structure becomes commensurate
with a propagation vector of k~c = (0.5, 0.5, 0.5). This commensurate phase should
be the ground state of NaFe(WO4 )2 , since it persists even after the subsequent
removal of an magnetic field at constant temperature. This phase is similar to the
commensurate ground state of MnWO4 [175].
The ilmenite Ni0.42 Mn0.58 TiO3 develops a spin-glass phase due to a frustration
of magnetic interactions and anisotropies [18]. We were able to investigate the
magnetic properties of the Ni and Mn-subsystems and presented a comprehensive
study of the dynamic correlations.
In the spin-glass phase, we find contributions at the magnetic Bragg peak position
of NiTiO3 and MnTiO3 -type. The elastic signal is significantly broadened, indicating an incomplete magnetic order. It was possible to estimate a contribution of
25 % of Ni moments and 45 % of Mn moments to the total scattering. The onset
of the Ni-order can be attributed to a sharp feature in the magnetic susceptibility,
while the Mn-order develops continuously. Spherical neutron polarimetry was
applied in order to analyze the orientation of the moments. The Ni moments
are aligned in the ab-plane while the Mn-moments can be described by a canting
relative to the c-axis.
The antiferromagnetic domains could be controlled by crossed magnetic and electric
fields, which were applied within the hexagonal plane. Our observations indicate
that the MnTiO3 -type magnetic order can be accounted for the magnetoelectric
effect which was observed in the spin-glass phase [18]. The G-type magnetic
ordering breaks the inversion symmetry and allows for finite elements of the ME
tensor.
The magnetic excitations in the spin-glass phase were studied intensively by unpolarized and polarized neutrons. We collected a comprehensive dataset which
documents correlated hexagonal planes which are only weakly coupled along the
c-axis. It was found that the inelastic scattering primarily arises from the Mnsubsystem. A model was developed which only slightly deviates from the spin-wave
model of MnTiO3 [247]. The calculated neutron intensity maps are able to reproduce the main features of the experimental data.
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A

Unit conversion
The properties of the incident and final neutron beam are often given in different units, adapted to the specific experimental approach. Table A.1 lists the
corresponding values for various neutron wavelengths.

Table A.1.: Conversion of units for neutron scattering. In general, neutrons are classified
as hot (0.4 Å< λ <1 Å), thermal (1 Å< λ <3 Å) and cold (3 Å< λ <20 Å).
−1

λ (Å) k (Å ) E (meV) v (m s−1 ) ν (THz)

T (K) ν̃ (cm−1 )

t (ps)

0.50

12.57

327.24

7912.07

79.12

3797.58

2639.18

0.01

0.80

7.85

127.83

4945.04

30.91 1483.43

1030.93

0.03

1.00

6.28

81.81

3956.03

19.78

949.40

659.80

0.05

1.50

4.19

36.36

2637.36

8.79

421.95

293.24

0.11

2.00

3.14

20.45

1978.02

4.95

237.35

164.95

0.20

2.36

2.66

14.66

1674.80

3.55

170.16

118.25

0.28

3.00

2.09

9.09

1318.68

2.20

105.49

73.31

0.46

4.00

1.57

5.11

989.01

1.24

59.34

41.24

0.81

5.00

1.26

3.27

791.21

0.79

37.98

26.39

1.26

8.00

0.79

1.28

494.50

0.31

14.83

10.31

3.24

10.00

0.63

0.82

395.60

0.20

9.49

6.60

5.06

25.00

0.25

0.13

158.24

0.03

1.52

1.06

31.60

50.00

0.13

0.03

79.12

0.01

0.38

0.26

126.39
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The following equations were applied to calculate the values in Table A.1 for the
given neutron wavelengths λ [71]:
2π
λ

wave vector k =
energy E =
velocity v =
frequency ν =
temperature T =

h2
2mn λ
q
2·E
mn

E
h
E
kB

wave number ν̃ = E/c
time t =

1
ν

neutron mass mn = 1.674 954 · 10−27 kg
speed of light c = 2.997 924 0 · 107 m s−1
Planck constant h = 6.626 18 · 10−34 J s
electron volt 1 eV = 1.6021 · 10−19 J
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B

SpinW code for TbMnO3
In Chapter 4.4, a model was presented to simulate the magnon dispersion in
the multiferroic phase of TbMnO3 (model M-II). The underlying code is presented
below. The calculation was done using MATLAB R2014a 64-bit [82] and the
library SpinW (version 2.1 revision 238) [94].
In order to use the space group Pbnm to describe the crystal structure of TbMnO3 ,
the following line had to be added at the bottom of the SpinW -file symmetry.dat:
231 P b n m: -x,-y,z+1/2;-x+1/2,y+1/2,-z+1/2;-x,-y,-z .

%%% CRYSTAL STRUCTURE %%%
%Definition of the Pbnm lattice.
tbmno = sw;
tbmno.genlattice('lat_const',[5.30 5.85 7.40],'sym','P b n m');
%Definition of the magnetic Mn3+ atom with S = 4 / 2.
tbmno.addatom('r',[1/2; 0; 0],...
'S',4/2,'label','MMn3','color', [40; 178; 223]);
%Definition of the oxygen atoms.
r1O = [0.1083; 0.4694; 0.25];
r2O = [0.7085; 0.3267; 0.0523];
tbmno.addatom('r',[r1O r2O],'S',[0 0],...
'label',{'O' 'O'},'color', [255 255; 0 0; 0 0]);
%Definition of the Tb atoms.
tbmno.addatom('r',[0.9836; 0.0810; 0.25],...
'S',0,'label','Tb','color', [200; 200; 200]);
%%% MAGNETIC STRUCTURE %%%
%Definition of k and the magnetic unit cell 1x7x1.
kinc=2/7; kvec=[0 kinc 0]; mucell=7;
Mb=[0 1 0]; Mc=[0 0 0.72];
ucell=[0.5 0.5 0 0;0 0 0.5 0.5; 0 0.5 0.5 0];
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%Generation of moments in unit cell.
longucell=[]; mom=[];
for i=0:(mucell-1)
longucell=[longucell ucell+[0 0 0 0;i i i i;0 0 0 0]];
end
for i=1:numel(longucell(1,:))
mom=[mom (Mc'*cos(2*pi*kvec*longucell(:,i))...
-Mb'*sin(2*pi*kvec*longucell(:,i) ))*(-1)^(2*longucell(3,i))];
end
tbmno.genmagstr('mode','direct','S',mom,'nExt',[1 mucell 1]);
%%% EXCHANGE INTERACTIONS %%%
%Definition of exchange parameters.
neta=-sin(2*pi*kinc*0.5)/sin(2*pi*kinc);
Jab=-0.3808; Jbb=neta*Jab; Jcc=+0.837;
tbmno.gencoupling
tbmno.addmatrix('label','Jab','value',Jab,'color','r');
tbmno.addmatrix('label','Jbb','value',Jbb,'color','g');
tbmno.addmatrix('label','Jcc','value',Jcc,'color','b');
tbmno.addcoupling('Jab',2);
tbmno.addcoupling('Jbb',6);
tbmno.addcoupling('Jcc',1)
%%% ANISOTROPY AND DM %%%
%Definiton of distorted easy plane.
D=-0.124*[0.0 sum(Mb) sum(Mc)];
tbmno.addmatrix('label','D','value',diag(D),'color',[1 1 1]*200)
tbmno.addaniso('D')
%%% DISPERSION IN AND OUT-OF-PLANE %%%
% polarization analysis in bc plane.
tbpol=tbmno.spinwave({[0 -1 1] [0 1 1] 100},...
'hermit',true,'formfact',true);
tbpol=sw_neutron(tbpol,'pol',true,'uv',{[0 1 0] [0 0 1]});
tbpol=sw_egrid(tbpol,'component','Sperp','Evect',linspace(0,10,100));
sw_plotspec(tbpol,'mode','color','dE',0.2,'axLim',[0 13]);
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C

Supplemental data for
Ni0.42Mn0.58TiO3

C.1. Field dependence of magnetic scattering
components
The dependence of magnetic scattering components on crossed magnetic and electric
fields in the spin-glass phase of Ni0.42 Mn0.58 TiO3 was discussed in Section 7.3.2 at
~ = (−1, 0, 2). The comparison of experimental and
the Bragg peak position Q
~ = (−1, 0, −1) and Q
~ = (0, 0, −3)
simulated compounds was also determined at Q
and is shown in Tables C.1 and C.2. The experimental values were determined
following the component separation in spherical neutron polarimetry, cf. Tab. 3.1.
The simulated components were determined by calculating the nuclear and magnetic
structure factors for different antiferromagnetic domain settings. The details of
the calculation are given in Section 7.3.2.
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Table C.1.: Magnetic and electric-field dependency of magnetic scattering components
~ AF −M n = (−1, 0, −1) at 2 K. The intensities were
in Ni0.42 Mn0.58 TiO3 , determined at Q
normalized to a monitor of 200 (cts/0.5 s). The electric field was applied along [1, 1, 0]
and the magnetic field applied along [1̄, 2, 0]. Below, simulated intensities are shown
for different domain constellations of the AF-Mnk and AF-Mn⊥ order. The simulated
intensities were normalized to My My∗ of AF-Mnk .

B (T) E (kV)
0

0

+1

-1.5

+1

+0.9

-1

-1.2

-1

+0.5

My My∗

Mz Mz∗

ReMy N

ReMz∗ N

ImMy∗ N

ImMz∗ N

4.0(4)

1.6(4)

0.6(6)

-0.2(6)

3.3(6)

6.8(6)

5.3(7) 23.9(6)

1.2(6)

0.6(3)

4.9(6)

62.4(6)

5.4(5)

9.9(5)

0.5(6)

1.0(6)

3.1(5)

39.5(5)

-3.0(5) 22.0(4)

-0.2(5)

-1.4(5)

1.3(5)

-79.6(9)

0.0(6)

14.5(5)

0.5(6)

-0.8(6)

1.0(4)

-47.8(7)

My My∗

Mz Mz∗

ReMy∗ N

ReMz∗ N

ImMy∗ N

ImMz∗ N

AF-Mnk

1.00

0.00

0.00

0.00

0.00

0.00

[0, 0, 1]

1.00

0.00

0.00

0.00

-1.13

0.00

[0, 0, 1̄]

1.00

0.00

0.00

0.00

1.13

0.00

AF-Mn⊥

0.05

0.55

0.00

0.00

0.00

0.00

[1, 0, 0]

0.10

0.00

0.00

0.00

0.35

0.00

[1̄, 0, 0]

0.02

0.82

0.00

0.00

-0.18

-1.03

[0, 1̄, 0]

0.02

0.82

0.00

0.00

-0.18

1.03

[1, 0, 1̄]

0.10

0.00

0.00

0.00

-0.35

-0.00

[0, 1, 0]

0.02

0.82

0.00

0.00

0.18

1.03

[1̄, 0, 1]

0.02

0.82

0.00

0.00

0.18

-1.03

Simulation
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Table C.2.: Magnetic and electric field dependency of magnetic scattering components
~ AF −M n = (0, 0, −3) at 2 K. The intensities were
in Ni0.42 Mn0.58 TiO3 , determined at Q
normalized to a monitor of 200 (cts/0.5 s). The electric field was applied along [1, 1, 0]
and the magnetic field applied along [1̄, 2, 0]. Below, simulated intensities are shown
for different domain constellations of the AF-Mnk and AF-Mn⊥ order. The simulated
intensities were normalized to My My∗ of AF-Mn⊥ .

B (T) E (kV)

My My∗

Mz Mz∗

ReMy N

ReMz∗ N

ImMy∗ N

ImMz∗ N

0.9(6)

1.1(6)

1.6(9)

-1.6(4)

4.9(4)

16.5(9)

0

0

+1

-1.5

12.3(8) 44.6(7)

-0.4(9)

1.6(5)

17.3(9)

174.6(9)

+1

+0.9

6.8(7) 21.2(6)

1.2(9)

1.1(4)

12.2(9)

115.5(9)

-1

-1.2

-4.3(4) 15.3(4)

-1.0(9)

-0.5(9)

-1.5(7)

-90.2(9)

-1

+0.5

-7.3(8) 24.9(7)

-1.1(9)

-1.8(9)

My My∗

Mz Mz∗

ReMy∗ N

ReMz∗ N

ImMy∗ N

ImMz∗ N

AF-Mnk

0.00

0.00

0.00

0.00

0.00

0.00

[0, 0, 1]

0.00

0.00

0.00

0.00

0.00

0.00

[0, 0, 1̄]

0.00

0.00

0.00

0.00

0.00

0.00

AF-Mn⊥

1.00

1.00

0.00

0.00

0.00

0.00

[1, 0, 0]

2.01

0.00

0.00

0.00

6.31

0.00

[1̄, 0, 0]

0.50

1.51

0.00

0.00

-3.16

-5.47

[0, 1̄, 0]

0.50

1.51

0.00

0.00

-3.16

5.47

[1, 0, 1̄]

2.01

0.00

0.00

0.00

-6.31

-0.00

[0, 1, 0]

0.50

1.51

0.00

0.00

3.16

5.47

[1̄, 0, 1]

0.50

1.51

0.00

0.00

3.16

-5.47

Simulation

0.5(3) -151.4(9)
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C.2. Magnetic excitations
In Section 7.4.2, inelastic neutron scattering data was presented in the spin-glass
phase of Ni0.42 Mn0.58 TiO3 . Supplemental data obtained at the thermal neutron
TAS instrument IN8 at the ILL will be presented in the following. The single crystal
sample was mounted in the [100]/[010] scattering plane, the final neutron energy
−1
was Ef = 18.6 meV (kf = 3.0 Å ) and the energy resolution can be estimated to
be ∆E ≈ 0.8 meV.
The instrument was equipped with the FlatCone multi-detector, which covers
a large area in Q-space. It allows for a vertical tilting of the detector plane of
−10 to 20°. This enables to access a momentum transfer which is vertical to the
horizontal scattering plane [84]. The scattering plane [H, K, −1] could be accessed
by a combined tilting of detector and a cryostat.
The elastic scattering map in the [H, K, −1] plane is shown in Figure C.1. The
intensity is logarithmically color coded. The intensity map significantly differs from
the [H, K, 0] elastic map, cf. Fig. 7.9. The strongest reflections can be attributed
to the nuclear structure, while the weak signal arises from diffuse magnetic and
nuclear scattering.
Figure C.2 shows intensity maps at an energy transfer of 4 meV and 8 meV at
2 K. The inelastic intensity is similar to the data obtained in the [H, K, 0] map, cf.
Figure 7.15. This demonstrates the weak coupling along the hexagonal axis ~c.
Finally, the temperature dependence of the inelastic signal in the [H, K, 0] plane
is shown in Figure C.3. The same color scale was used for all temperatures. The
inelastic signal significantly weakens upon heating, but is present up to 300 K.
The sharp features arising at higher temperatures can be attributed to phonon
scattering, whose intensity is enhanced by the Bose factor.

Figure C.1: Elastic neutron scattering map of Nix Mn1−x TiO3 at 2 K
in the [H, K, 1] plane at IN8. Dotted lines indicate the reciprocal directions [1, 0, 0] and [0, 1, 0]. The intensity is logarithmically color coded.
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Figure C.2.: Intensity mapping of magnetic excitations in Nix Mn1−x TiO3 in the
[H, K, 1] plane in Nix Mn1−x TiO3 at 2 K at IN8. The scattered neutron intensity was
collected at constant energies (a) 4 meV and (b) 8 meV. The same linear color scale was
used for both maps.

Figure C.3.: Temperature dependence of magnetic excitations in Nix Mn1−x TiO3 in the
[H, K, 0] plane in Nix Mn1−x TiO3 at IN8. The scattered neutron intensity was collected
at constant energy of 4 meV. The same linear color scale was used for both maps. The
black frame indicate the experimental data, the maps were completed by symmetrization.
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Hsieh, H.-J. Lin, C. T. Chen and L. H. Tjeng, Local symmetry and magnetic
anisotropy in multiferroic M nW O4 and antiferromagnetic CoW O4 studied by
soft x-ray absorption spectroscopy, Phys. Rev. B 82, 184429 (2010). [p. 96]

217

BIBLIOGRAPHY
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[p. 120]
[205] J. Stein, Diplomarbeit, Makroskopische und mikroskopische Untersuchungen
an Multiferroika, Universtität zu Köln, (2012). [p. 98]
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[258] T. Fröhlich, privat communication. [p. 162]
[259] P. J. Brown, J. B. Forsyth and F. Tasset, Studies of magneto-electric crystals
using spherical neutron polarimetry, Solid State Sciences 7, 682 (2005).
[p. 170]
[260] M. Baum, K. Schmalzl, P. Steffens, A. Hiess, L. P. Regnault, M. Meven, P.
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Glossary

Commonly used terms
AFM
EM
DM
FE
FM
INS
IR
ME
NRSE
NSE
PG
SIA
SOI
SDW
TAS
TOF
f M (Q)
~k
~
Q
ω
2θ
iSF
iNSF

Antiferromagnetic
Electromagnon
Dzyaloshinskii-Moriya
Ferroelectric
Ferromagnetic
Inelastic neutron scattering
Infrared
Magnetoelectric
Neutron resonance spin echo
Neutron spin echo
Polycrystalline graphite
Single ion anisotropy
Spin-orbit interaction
Spin-density wave
Triple-axis spectrometer
Time of flight
Magnetic form factor
Magnetic propagation vector
~ = ~kf − ~ki
Scattering vector Q
Angle of sample rotation
Scattering angle
Spin-flip cross section σīi along i
Non-spin-flip cross section σii along i
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Instruments and institutes
ILL
IN3
IN5
IN8
IN11
IN14/Thales
D7
D10

Institut Laue-Langevin, Grenoble (France)
Thermal neutron triple-axis spectrometer
Disk chopper time-of-flight spectrometer
Thermal neutron triple-axis spectrometer
Neutron Spin-Echo Spectrometer
Cold neutron triple-axis spectrometer with polarization analysis
Diffuse Scattering Spectrometer
Thermal neutron single-crystal four-circle diffractometer
with three-axis energy analysis

LLB
4F1
6T2

Laboratoire Leon Brillouin, Saclay (France)
Cold neutron triple-axis spectrometer with polarization analysis
Thermal neutron two-axis diffractometer with lifting detector arm

FRM II
TRISP
PANDA

Forschungsreaktor München II, Garching (Germany)
Thermal neutron resonance spin echo and triple-axis spectrometer
Cold neutron triple-axis spectrometer

Chapter 4
JAF M
JF M
JN N
TN
TF E
TT B
~kic = (0, qk , 0)
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Nearest-neighbor exchange along ~c
Nearest-neighbor exchange in the ab-plane
Next-nearest-neighbor exchange along ~b
Antiferromagnetic transition temperature
Ferroelectric transition temperature
Transition temperature of Tb-subsystem
Propagation vector of Mn-order

Chapter 5
AFM3, TN 3
AFM2, TN 2
AFM1, TN 1
~eac
~kic = (−0.214, 0.5, 0.457)
~kc = (−0.25, 0.5, 0.5)
Schärpf-angle

Incommensurate spin-density-wave phase
Incommensurate spin-spiral and ferroelectric phase
Commensurate collinear phase
Easy axis in the ab-plane
Incommensurate propagation vector
Commensurate propagation vector
Angle between direct beam and x-polarization axis at D7

Chapter 6
MS
Magnetostriction
TE
Thermal expansion
~eac
Easy axis in the ab-plane
~kic = (0.485, 0.5, 0.48) Incommensurate propagation vector
~kc = (0.5, 0.5, 0.5)
Commensurate propagation vector

Chapter 7
AF-Mnk
AF-Mn⊥
AF-Ni
SG
k
TSG
⊥
TSG

~ k~c
G-type structure, M
~ in ab-plane
G-type structure, M
~ in ab-plane
A-type structure, M
Spin glass
Freeze-in of moments parallel to the easy-plane anisotropy
Freeze-in of moments perpendicular to the easy-plane anisotropy
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Abstract
In this thesis, the magnetic properties of four transition-metal oxides are presented. Their multiferroic and magnetoelectric phases have been investigated by
means of different neutron scattering techniques.
The materials TbMnO3 and MnWO4 belong to the group of spin-induced multiferroics. Their ferroelectric polarization can be explained by the inverse DzyaloshinskiiMoriya interaction. Another common feature of both materials is the presence of
subsequent magnetic transitions from a spin-density wave to a spin spiral. The
features of the phase transitions have been studied in both materials and it could
be shown that diffuse magnetic scattering from the spin spiral is present even in
the ordered spin-density wave phase.
The excitation spectrum in the multiferroic phase of TbMnO3 was investigated in
detail and a comprehensive dataset was obtained using time-of-flight spectroscopy.
A spin-wave model could be obtained which can quantitatively describe the full
dispersion. Furthermore, the polarization of the zone-center excitations could be
derived which fit well to data from inelastic neutron spectroscopy and infrared
spectroscopy.
With the combination of spherical neutron polarimetry and a poling of the sample
by an electric field, it was possible to observe the chiral magnetic component
of the magnetic excitations in TbMnO3 and MnWO4 . The spin-wave model for
TbMnO3 obtained in this thesis is able to correctly describe the dispersion of this
component.
The double tungstate NaFe(WO4 )2 is isostructural to the multiferroic MnWO4 and
develops a complex magnetic phase diagram. By the use of neutron diffraction
techniques, the zero-field structure and high-field structures in magnetic field
applied along the b-axis could be determined. The data reveal a direct transition
into an incommensurate spin-spiral structure. The value of the incommensurability
is driven by anharmonic modulations and shows strong hysteresis effects.
The static and dynamic properties in the magnetoelectric spin-glass phase of
Ni0.42 Mn0.58 TiO3 were studied in detail. The spin-glass phase is composed of
short-ranged MnTiO3 and NiTiO3 -type order. The antiferromagnetic domains
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could be controlled by crossed magnetic and electric fields, which was visualized
using spherical neutron polarimetry.
A comprehensive dataset of the magnetic excitations in the spin-glass phase was
collected. The dataset revealed correlations in the hexagonal plane which are only
weakly coupled along the c-axis. The excitation spectra could be simulated by
taking into account the MnTiO3 -type order.
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Kurzzusammenfassung
Die vorliegende Arbeit beschäftigt sich mit dem Magnetismus in vier Übergangsmetalloxiden. Die magnetischen und magnetoelektrischen Phasen dieser Materialien wurden mittels verschiedener Methoden der Neutronenstreuung experimentell
untersucht.
Die Verbindungen TbMnO3 und MnWO4 gehören zu der Gruppe der Spin-induzierten Multiferroika. Die ferroelektrische Polarisation in diesen Materialien kann
mithilfe des inversen Dzyaloshinskii-Moriya Mechanismus erklärt werden. Beide Materialien zeigen eine Abfolge von magnetischen Phasen, von einer sinus-modulierten
Phase zu einer spiralen Phase. Die Eigenschaften der Phasenübergänge wurden
in beiden Materialien untersucht und es konnte gezeigt werden, dass diffuse magnetische Streuung der spiralen Phase bereits in der geordneten sinus-modulierten
Phase existiert.
Das Anregungsspektrum in der mulitferroischen Phase von TbMnO3 wurde detailliert untersucht und ein umfangreicher Datensatz wurde mittels NeutronenFlugzeitspektroskopie gemessen. Im Rahmen dieser Arbeit konnte ein Spinwellenmodel entwickelt werden, welches die komplette Dispersion qualitativ beschreiben
kann. Die Polarisation der Magnonen des Models im Zonenzentrum stimmen
sehr gut mit vorherigen Ergebnissen von inelastischer Neutronenstreuung und
Infrarot-Spektroskopie überein.
Die gleichzeitige Nutzung von sphärischer Neutronen-Polarimetrie und einem angelegten elektrischen Feld haben es ermöglicht den chiralen magnetischen Beitrag
der magnetischen Anregungen in TbMnO3 und MnWO4 zu messen. Das in dieser
Arbeit entwickelte Spinwellenmodel beschreibt die Dispersion dieser Beiträge korrekt in TbMnO3 .
Die Verbindung NaFe(WO4 )2 ist strukturgleich mit dem Multiferroika MnWO4
und sie zeigt ein komplexes magnetisches Phasendiagramm. Die Strukturen der
Nullfeld- und der Hochfeldphasen konnten mithilfe von Neutronendiffraktion in
magnetischen Felder entlang der b-Achse ermittelt werden. Dabei wurde ein direkter
Übergang in eine spirale Phase entdeckt. Die Periodizität ist inkommensurabel
zu der Kristallstruktur. Diese ist mit einer anharmonischen Störung der Spirale
verknüpft und zeigt starke Hysterese-Effekte.
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Die statischen und dynamischen Eigenschaften der magnetoelektrischen Spin-Glass
Phase von Ni0.42 Mn0.58 TiO3 wurden detailliert untersucht. Die Spin-Glass Phase
zeigt Beiträge von kurzreichweitigen Ordnungen des MnTiO3 und des NiTiO3 Types. Es konnte gezeigt werden, dass die antiferromagnetischen Domänen in
gekreuzten magnetischen und elektrischen Feldern ausgerichtet werden können,
wozu sphärische Neutronen-Polarimetrie verwendet wurde.
Ein umfangreicher Datensatz der magnetischen Anregungen in der Spin-Glas wurde
ermittelt. Dieser dokumentiert magnetische Korrelationen in der hexagonalen
Ebene und nur eine schwache Kopplung entlang der c-Achse. Die Anregungen
konnten mittels eines Modelles simuliert werden, welches auf der MnTiO3 -Ordnung
basiert.

230

Danksagung
Ein so umfangreiches Projekt wie eine Promotion ist ohne Hilfestellung nicht
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Ich möchte auch den aktuellen und ehemaligen Mitgliedern der AG Braden für die
freundliche und produktive Zusammenarbeit danken. Im Besonderen sind hierbei
Max Baum und Navid Qureshi zu nennen, die mir ihr Wissen über Multiferroika
und Neutronenstreuung anvertraut haben, sowie Jonas Stein, der die DiMoS
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