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Abstract

This dissertation investigates two underexplored challenges in visual data analysis:
the effective communication of large value ranges and the visual validation of statistical
(regression) models. Within the visual analytics framework, both challenges target criti-
cal parts in the data analysis process — namely, visual encoding and model building —
in which visualization plays a pivotal role in enabling human insights.

The first topic focuses on the visualization of large value ranges, especially in time-
dependent data. Data with large value ranges are data sets whose values span several
orders of magnitude. Standard visualizations, such as linear or logarithmic scales, of-
ten fail to support readability or accurate comparison across orders of magnitude. To
address this, this dissertation proposes novel visualization techniques that explicitly en-
code both mantissa and exponent components through refined visual mappings, includ-
ing a nested color scheme, a scale that bridges the strengths of linear and logarithmic
axes, and multiple visual designs for single and multiple time-series data. Empirical
user studies across a range of tasks — such as identification, discrimination, and estima-
tion — demonstrate that these techniques significantly improve task accuracy, response
time, and confidence in interpretation across domain-agnostic data sets. The contribu-
tions extend beyond nominal data to support complex time-series structures, for which
large value ranges are common across scientific and public domains, introducing scal-
able designs that enhance perception of magnitude variations. All developed techniques
are domain-agnostic and are practical alternatives for visualization designers facing large
value ranges in time-series data.

The second topic explores visual model validation, a process by which users assess
the fit and plausibility of statistical or machine learning models through visual inspec-
tion. While visual estimation (i.e., visual model building) has received considerable at-
tention, fewer studies address the perception and judgment of already computed model
results. This dissertation investigates the cognitive and perceptual processes involved
in validating visualized linear regression models. Through experimental human-subject
studies, the accuracy of visual validation and estimation is compared, and key factors are
identified that influence users’ ability to reliably validate model results. These factors in-
clude perceptual biases, user strategies, as well as data and design features. The findings
contribute to a better understanding of visual validation processes and provide useful
insights for machine learning applications and the design of visual analytics systems.

Together, this dissertation advances the theoretical and practical foundations of visual
data analysis by introducing novel techniques for encoding large value ranges and em-
pirically evaluating human assessment of model outputs. These contributions enhance
the communication of complex data in high-impact domains, such as pandemic moni-
toring or socioeconomic analysis. Furthermore, a deeper understanding of visual model
validation enables practitioners to better interpret the uncertainty of model predictions,
e.g., in medical diagnostics. The findings presented provide a foundation for future re-
search in visualization design, human-centered Al, and explainable analytics.
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Chapter 1

Introduction

1.1 Background and Motivation

This dissertation investigates two important aspects of visual data analysis: the effec-
tive visual communication of large value ranges and the visual validation of regression
models. Both topics are situated within the broader context of standard data analysis
workflows, where visualization plays a central role in data understanding and interpre-
tation.

Visual data analysis has emerged as a powerful approach to derive meaningful in-
sights from complex and voluminous data sets. This analytical approach transforms
raw data into visual representations to facilitate human understanding, enabling users
to identify patterns, trends, anomalies, and relationships that may be difficult to de-
tect through numerical inspection alone. Visual data analysis supports a wide range
of use cases — from exploratory research to decision-making — and builds the inter-
section between data science, information visualization, and human-computer interac-
tion. It amplifies human cognitive capabilities through visual representations, allowing
users to process large amounts of data through perception rather than abstract reasoning
alone [35,129,184,193].

The diversity of visual data analysis techniques reflects its wide applicability. It
spans from static visualization designs to interactive visual systems capable of handling
high-dimensional, multivariate data. These techniques must often accommodate extreme
value differences or computational model results. Consequently, visualization must not
only convey data in an effective way but also support trust and comprehension in the

face of complexity [41,56,66].
User
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FIGURE 1.1: The visual analytics pipeline by Keim et al. [107].
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FIGURE 1.2: The parts of Keim et al.’s visual analytics pipeline relevant for the visual
communication of large value ranges.

To guide this multifaceted process, Keim et al. [107] introduced their visual analytics
(VA) pipeline, a conceptual model that outlines the key stages of visual analysis (Fig-
ure 1.1):

* Data transformation: Raw data is preprocessed, cleaned, and structured in a way
that facilitates the subsequent analyses.

e (Interactive) Visualization and visual mapping: The processed data is encoded into
visual forms based on chosen visual variables. The visual representations may be
presented through user interfaces that support various interaction techniques to
adjust the data views.

* Model building and visualization: Statistical models are calculated on the transformed
data. The model results are visualized along with the data, allowing for their vali-
dation. Model parameter can be refined either interactively or computationally.

* Knowledge generation: Through iterative exploration and interpretation, users derive
insights, make decisions, or generate new hypotheses.

This pipeline not only delineates the stages of visual data analysis but also emphasizes
the recursive nature of the process. Rather than a strictly linear sequence, the pipeline
allows feedback loops in which users refine earlier steps based on insights gained during
interaction, underscoring the importance of human involvement at each stage. It also
serves as a useful framework for positioning specific challenges and design strategies
within the broader scope of visual analytics.

The research conducted in this dissertation covers different parts of the visual analyt-
ics pipeline to explore two key challenges in visual data analysis. Both topics highlight
essential, yet often under-addressed, aspects of designing effective visualizations — how
to accurately and accessibly present data with high numerical variation, and how to sup-
port users in understanding and assessing the validity of computational models through
visualization.

The first topic — the visual communication of large value ranges — focuses on novel
visual designs and improved color coding that enhances both the readability of mantissa
values as well as the perception of magnitude variations. This topic relates to the visual
mapping process of the VA pipeline, in which problem specific encodings are developed
for an accurate interpretability of the underlying data. The defining characteristic of the
investigations is that the visualized data contain large value ranges (see Figure 1.2).
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FIGURE 1.3: The parts of Keim et al.’s visual analytics pipeline relevant for visual model
validation.

In the second topic — the visual model validation —, the interplay between compu-
tationally derived statistical models and human perception is examined. By juxtaposing
model results with raw data, analysts can iteratively refine both their models and their
understanding of the underlying processes. Reliable visual validation of the model re-
sults is essential for this process. Hence, this work studies people’s ability to visually
assess the quality of a model and the factors that influence this, such as perceptual bias
and visual design.

As shown in Figure 1.3, visual model validation is only implicitly incorporated into
standard visual analytics frameworks. Therefore, in this thesis, the role of visual model
validation in visual analytics processes is explicitly described and integrated into a novel
VA pipeline.

Altogether, the two fields studied in this dissertation advance both the design space
of large value ranges visualization and the transparency of analytic modeling. Thereby,
they strengthen individual parts of the visual analytics process.
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1.2 Visual Communication of Large Value Ranges

1.2.1 Background, Motivation, and Related Work

Data sets with large value ranges (LVR) are characterized by values that encompass
multiple exponents (i.e., orders of magnitude) as represented using the scientific nota-
tion [17,23,93,94]. In this notation, each value v is divided into its mantissa m € IR \ {0}
and exponent e € Z:

v=m-10° (1.1)

In this dissertation, the most common base 10 is used, but other bases (e.g., base 2 for
floating-point numbers) are also possible. The scientific normalized notation is employed,
in which e is chosen so that |m| € [1,10) [18].

Large value ranges have become an integral part of various scientific fields (e.g., cloud
measurements in meteorology [162] or physical measurements such as the electromag-
netic spectrum [204]) as well as several domains of daily life (e.g., pandemic tracing [121]
or cryptocurrency or stock prices for financial investments [133]). Therefore, an effective
static visualization of large value ranges is important for both scientists and the public to
provide an informative overview, both for print and digital media.

Standard visualization techniques, such as linear or logarithmic scaled charts, work
well for small value ranges, but prove inadequately for large value ranges. The example
in Figure 1.4 illustrates that a linear scale makes it extremely difficult to read and com-
pare values in lower orders of magnitudes. Values below a certain threshold are even
rendered at sub-pixel sizes, resulting in a loss of information (see Figure 1.4a). The uti-
lization of a logarithmic scale is a viable solution to this issue, as it ensures that all values
are rendered distinctly (see Figure 1.4b). Nevertheless, it introduces significant interpre-
tative challenges. Logarithmic representations are not widely understood by the general
public [47,125,155] and have been shown to cause misinterpretations even among scien-
tific audiences [111]. Additionally, logarithmic scales complicate fundamental analytical
tasks, such as accurately estimating ratios between values of similar or adjacent magni-
tudes, thereby reducing their effectiveness for detailed quantitative comparison [93].

Previous research has introduced alternative visualization techniques to overcome
the limitations of linear and logarithmic scales. These approaches commonly decompose
values into their mantissa and exponent, which are then visualized using distinct visual
encodings or novel scales. Hlawatsch et al. [93], Borgo et al. [23], and Hohn et al. [94]
each introduced adaptations of the traditional bar chart to accommodate data with large
value ranges. These approaches employed distinct visual variables to represent univari-
ate data values. Their studies demonstrate that incorporating the unique characteristics
of large value ranges into visualization design enhances performance on tasks such as
value retrieval, sorting, ratio and difference estimation, and trend detection. However,
their investigations have been limited to nominal data and variations of the traditional
bar chart.
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FIGURE 1.4: Linear bar chart (A) and logarithmic bar chart (B) visualizing a sample of
the German government’s budget allocations (in €) [60], illustrating order of magni-
tude differences.

1.2.2 Research Questions

Large value ranges are not only found in nominal, one-dimensional data. This disser-
tation proposes novel visualization designs aimed at representing large value ranges in
multivariate data types. Specifically, the included works address different variants of
time-dependent data, offering novel perspectives on its visual communication. The diffi-
culty with time-dependent data is to depict the individual data points with clarity while
preserving the continuous nature of temporal relationships. Accordingly, this thesis an-
swers the following research questions:

* RQ1.1: Do visualization designs specially developed for large value ranges in time-
dependent data improve the readability and comparability of such data?

* RQ1.2: How does the visual mapping to color contribute to the readability of mag-
nitude variations in large value range visualizations?

Based on the prior research, it can be assumed that considering the characteristics
of large value ranges in the development of visualizations for time-dependent data re-
sults in enhanced effectiveness compared to respective standard visual designs. Color
is widely recognized as one of the most effective visual variables in data visualization,
as it significantly enhances both the readability and perceptual clarity of visual informa-
tion [19,193]. It has the ability to convey categorical as well as sequential distinctions and
to support pre-attentive processing [129]. That makes it an effective element in commu-
nicating differences both at a high-level — i.e., variations in the orders of magnitude —
and at a low-level — i.e., distinctions of mantissa values within individual magnitudes.
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LVR in Time-Dependent Data
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FIGURE 1.5: Overview of the research on visual communication of large value ranges
included in this dissertation.
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(A) The commonly used color scale viridis. (B) The new order of magnitude color scale.

FIGURE 1.6: Exemplary comparison of the new OMC color scale for large value

ranges with the previously used standard viridis color scale [29]. The color scales

are applied to meteorological cloud data. It is noticeable that with the new scheme the
differences in magnitude are significantly easier to perceive.

1.2.3 Contributions

The predominant focus of earlier studies on visually encoding large value ranges has
been on nominal data representations. In contrast, the work presented in this disserta-
tion extends this research frontier by exploring visualization designs for time-dependent
data (see Figure 1.5) — an area that introduces additional complexity due to temporal
variation and continuity [5].

In this work, separate representations of mantissa and exponent are used. Previous
approaches are significantly extended by introducing novel visual encoding channels to
meet the unique challenges of time-series data. In summary, this dissertation advances
the state-of-the-art through the following contributions:

¢ Anovel "nested" color scheme for large value ranges is proposed (see Figure 1.6). It
leverages the numerical decomposition of values into mantissa and exponent com-
ponents to highlight differences between magnitude. The approach is applied to
meteorological spatio-temporal data and compared with three state-of-the-art al-
ternatives in an empirical user study. The results demonstrate that the new color
scheme significantly increases accuracy, response time and confidence in interpre-
tation tasks, while maintaining comparable effectiveness to existing schemes in dis-
crimination tasks. The corresponding color coding concept is implemented in the
open access Python library omccolors. (Section 2.1) [29]

* Two new visualization techniques for individual time-series data containing large
value ranges are presented that adapt and extend the ideas of standard visualiza-
tion designs (see Figure 1.7). Furthermore, a novel scale is introduced that offers
the benefits of both the logarithmic scale’s visibility of all values and the linear


https://github.com/VisVAUoC/omccolors
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FIGURE 1.7: The figure compares the novel order of magnitude horizon graph and

the common linear line chart for large value ranges in individual time-series [25].

The data represent page views for the article “Papstwahl” on de.wikipedia.org. The

proposed visualization technique facilitates value identification and comparison even

within lower orders of magnitude, which are often less discernible in standard repre-
sentations.
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(A) Standard linear line chart. (B) The novel height-stack line chart.

FIGURE 1.8: Application example of the new visualization design for large value

ranges in multiple time-series compared to the standard linear line chart [26]. Both

designs show the number of daily new COVID-19 cases compared for different coun-

tries. Due to the reduced available space, a detailed comparison of time-series is diffi-
cult using standard visualization techniques.

scale’s intuitive readability. An empirical user study was conducted to evaluate the
effectiveness of these designs in comparison to state-of-the-art visualization meth-
ods. The results show that the novel order of magnitude horizon graph consis-
tently outperforms or matches existing techniques in tasks involving identification,
discrimination, and estimation. (Section 2.2) [25]

The challenging problem of visualizing large value ranges across multiple time-
series is addressed (see Figure 1.8). To this end, a design space for large value
ranges in time-series data and their composite visualizations is proposed. Seven
distinct visualization designs are evaluated through crowdsourced user studies:
three representative state-of-the-art techniques, three extensions of existing meth-
ods, and one novel design. For the task of minimum value identification, the novel
height-stack line chart outperforms all other designs. In tasks in which the maxi-
mum value serves as an effective proxy for the correct answer, the traditional linear
line graph demonstrates performance comparable to all other evaluated designs.
Contrary to common assumptions, the results suggest that increasing the number
of time-series does not significantly impair accuracy in estimation, discrimination,
or identification tasks. (Section 2.3) [26]
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Mark Range for Channel for Channel for .
Reference Data Type Type Exponent Exponent Mantissa Task Evaluation
SSB [93] nominal bar 5 (100 - 10%) Row Y-Position Value, Difference, Ratio
Y-Position and | Y-Position and
. 1_ 5 .
OMM [23] nominal bar 5(10* - 10°) Color Hue Color Hue Value, Sort, Ratio, Trend
WSB [94] nominal bar 5 (100 - 10%) Width and. Y-Position Value, Sort, Ratio, Trend
Color Intensity
OMC [29] | time-series | area | 7 (10°8-1072) Color Hue Color Intensity Value, Sort
OMH [25] | time-series area 5 (10O - 104) Y-Position and Y-Position ar.1d Value, Sort, Difference, Trend
Color Hue Color Intensity
OML [25] time-series area 5 (100 - 104) Color Hue Y-Position Value, Sort, Difference, Trend
HSLC [26] | time-series area 5 (100 - 104) Y-Position Color Intensity | Value, Sort, Difference, Ratio

TABLE 1.1: Overview of large value ranges visualization techniques proposed in the
literature (adapted and extended from Batziakoudi et al. [18]).

Importantly, all findings and developed techniques are domain-agnostic and are ap-
plicable to any context involving time-series data with large value ranges, holding prac-
tical relevance for visualization designers. Possible application areas include scientific
tields such as geophysics (e.g., energy release in earthquakes [104]) or astrophysics (e.g.,
properties of interplanetary solar flares [103]) but also fields of public interest like socioe-
conomic trends (e.g., income inequalities in the US [143]) or transportation (e.g., individ-
ual mobility patterns [82]).

The novelty and significance of the contributions of this thesis in evolving the current
understanding and development of techniques for the visual communication of large
value ranges is showcased by Batziakoudi et al. [18]. Their overview of existing research
on the visualization of large value ranges highlights that more than half of the contribu-
tions in this research domain originate from the papers included in this thesis (see Ta-
ble 1.1).

The chapters and contributions in this dissertation on the visual communication of
large value ranges are based on the following research publications:

¢ D. Braun, K. Ebell, V. Schemann, L. Pelchmann, S. Crewell, R. Borgo, and T. von
Landesberger. Color coding of large value ranges applied to meteorological data.
In 2022 IEEE Visualization and Visual Analytics (VIS), pp. 125-129, 2022.
doi: 10.1109/VIS54862.2022.00034

¢ D. Braun, R. Borgo, M. Sondag, and T. von Landesberger. Reclaiming the hori-
zon: Novel visualization designs for time-series data with large value ranges. IEEE
Transactions on Visualization and Computer Graphics, 30(1):1161-1171, 2024.
doi: 10.1109/TVCG.2023.3326576

¢ D. Braun, R. Borgo, M. Sondag, and T. von Landesberger. Design and Evaluation
of Visualizations for Large Value Ranges in Multiple Time-Series. Information Visu-
alization, 2025.
doi: 10.1177/14738716251349501


https://ieeexplore.ieee.org/abstract/document/9973199
https://ieeexplore.ieee.org/document/10290958
https://doi.org/10.1177/14738716251349501
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1.3 Visual Validation of Regression Models

1.3.1 Background, Motivation, and Related Work

Model validation is the process of assessing whether a model accurately represents the
underlying data. This process can be conducted through computational methods or vi-
sual analysis. In computational validation, statistical metrics are computed to quantify
model performance and determine whether the results meet predefined criteria. In con-
trast, visual validation involves the graphical representation of the model result along-
side the data, enabling humans to assess the model’s fit to the data.

Thus, visual model validation can be defined as the evaluation of a model’s behavior,
structure, or outputs through visual representations, in order to assess its accuracy, coher-
ence, and alignment with real-world or theoretical expectations. This approach leverages
the human capacity for pattern recognition and anomaly detection, allowing experts and
stakeholders to identify inconsistencies, errors, or areas of concern.

Visual model validation is a foundational component of exploratory data analysis [49,
96]. Although traditional statistical metrics offer quantitative measures of model per-
formance, they often obscure nuanced characteristics in complex models and data sets.
Indeed, data sets with markedly different structures can yield nearly identical statisti-
cal summaries [21,122,181]. In such cases, visual validation becomes indispensable for
revealing subtle patterns and anomalies that would otherwise go unnoticed.

Due to the inherent complexity of many statistical models — such as regression anal-
yses — visual inspection is frequently used to evaluate their correctness and reliabil-
ity [40,41]. For instance, machine learning model outputs generated on training data are
commonly evaluated through visual comparison with results from a validation set [197],
or global patterns may be contrasted with regional data to identify local deviations [182].
This practice is crucial in high-stakes domains, including pandemic monitoring [55] and
meteorological forecasting [102], where model predictions can have significant real-world
consequences. Moreover, the general public engages in visual validation when interpret-
ing charts and forecasts in news media or on television (e.g., weather trends in Figure 1.9).

Contiguous U.S.. Average Temperature, January-December
— 1895-2016 Trend 19001 - 2N

- fva Temperature
+1.45°FACentury Mean; 52.02°F Avg Temperatre

' ' | ' ' ' ' ' ' ' ' '
1900 1910 1920 1930 1940 1950 1960 1970 1980 1990 2000 2010

FIGURE 1.9: Annual average temperature for the contiguous United States from 1895-
2016 (shown in [54]). The chart serves as an example for a model result/ trend to be
validated by a viewer in a news media setting.
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FIGURE 1.10: Schematization of the visual model validation and estimation processes.
Note the change in the distribution of and computer influence on model gen-
eration.

Visual model validation represents a subsequent stage in the visual analysis process,
wherein previously generated model results are assessed by humans. The corresponding
model generation can also be performed either by computational algorithms or manually
by human analysts. In the case of visual model estimation, the user takes an active role in
generating the model based on visual inspection of the data. This can occur in various
forms. For example, a data scientist might first visually examine a plot to decide which
type of model to apply. A more interactive variant of visual estimation involves users
directly manipulating model parameters on a display (e.g., as part of a visual analytics
system) until the model appears to fit the data [46,52,80,95].

Figure 1.10 illustrates the differences between these two processes. A significant dif-
ference is the influence of computers and humans on model generation: The computer
calculates the model parameters before the visual validation, while the user interprets
the visualized data and mentally constructs a plausible model during visual estimation.

Importantly, visual estimation inherently involves a validation element. Each manual
adjustment to a model is accompanied by a judgment about whether the fit has improved
or whether further refinement is needed. However, this should be distinguished from vi-
sual model validation as an independent task. In visual validation, users compare a given
(often computer-generated) model against their own internal understanding of the data.
Here, the focus is not on creating the model, but rather on evaluating its plausibility or
accuracy based on prior knowledge or observed patterns.

The topic of visual model validation has received limited attention within the research
community in the past. Only few works have dealt with the human ability to visually
validate model results. Majumder et al. [119] investigated visual validation in the con-
text of statistical inference for linear models. Similarly, Correll et al. [50] examined how
users visually validate data distributions across various visualization types. In practice,
opportunities for visual model validation are most often embedded within interactive
visual analytics and machine learning systems [22,40,42,43,130].

The majority of studies on the perception of statistical models were focused on un-
derstanding visual estimation. The average value [80, 95,199], linear regression mod-
els [46,52], and the correlation of two data dimensions [85, 106, 152,181, 196, 198], are
among the models for which humans” estimation ability has already been investigated.
Most of these works studied perceptual biases, data properties, and visual features that
influence the visual model estimation process.
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FIGURE 1.11: Head length versus body mass for male blue jays. The gray band rep-
resents a 95% confidence level. The blue lines represent statistically equally likely
alternative fits randomly drawn from the posterior distribution (shown in [195]).

1.3.2 Research Questions

This dissertation examines the human ability to visually validate statistical models. While
visual model estimation has been widely researched, this work is the first to systemati-
cally examine perceptual biases, data characteristics and visual attributes that affect vi-
sual model validation. To establish a controlled foundation for the investigations, the
presented studies focus on linear regression models, as these are commonly used in both
academic and applied settings and are conceptually easily accessible also for non-experts.

A linear regression model estimates the linear relationship between two data dimen-
sions — the dependent variable y € R and the independent variable x € R:

y=a-x+b+e (1.2)

It estimates the regression coefficients (i.e., the slope value a € R and intercept b € R for
linear regression) such that the error term € € R is minimized. Linear regression models
can be used to identify trends and central tendencies.

However, these trend estimates are subject to uncertainty in their coefficients. Statis-
tically, this implies that multiple linear models may be consistent with the observed data,
rather than a single definitive fit (see Figure 1.11). Consequently, it becomes important
to examine the extent to which individuals can discern between statistically valid and
invalid trend lines.

The standard ordinary least squares (OLS) model is used for the regression estima-
tions. This model minimizes the sum of the squared residuals, i.e., the vertical distances
between the observed dependent variable (values of the variable being observed) in the
input data set and the output of the model with respect to the independent variable
(see Figure 1.12).
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Ordinary Least Squares
regression

FIGURE 1.12: Example for OLS regression modeling. The error lines illustrate that
the model minimizes the (squared) vertical distances between the data points and the
regression line.

By restricting the conducted studies to this well-defined model class, this dissertation
systematically answers the following research questions:

* RQ2.1: Are individuals able to perform visual validation consistently and without
bias for (linear) regression models?

* RQ2.2: How does performance in visual model validation relate to the accuracy of
visual model estimation (in scatterplots)?

These questions are addressed through human-subject experiments in which partic-
ipants are shown scatterplots overlaid with trend lines representing regression model
outputs. The parameters of these models (i.e., parameters a and b in Equation 1.2) are
systematically varied, such that only a subset of the displayed trend lines accurately re-
flect the underlying data. Participants are asked to decide whether they accept or reject
each line as the correct trend of the data. This methodology allows us to assess the degree
of deviation from the true model parameters that participants tolerate before identifying
a model as incorrect.

Due to its task structure, which involves accepting or rejecting predefined model re-
sults, visual validation should comparatively be more intuitive for humans than visual
estimation, which necessitates more in-depth decisions regarding model adaptations.
Moreover, as discussed in Subsection 1.3.1, visual estimation typically includes an im-
plicit visual validation step. This suggests that visual validation is cognitively less de-
manding than visual estimation and should yield more accurate results.

1.3.3 Contributions

With the work on visual model validation, this thesis makes a substantial contribution to
the understanding of how humans visually process statistical information. The strengths
and limitations of relying on visual assessment of regression models are examined through
a comprehensive conceptual and empirical investigation of visual model validation. More-
over, this work clarifies the visual analysis and modeling process methodologically by
distinguishing and comparing the processes of visual validation and estimation across a
progression of regression models.
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FIGURE 1.13: Overview of the research on visual validation of regression models in-
cluded in this dissertation.

In particular, this dissertation includes the following contributions (see Figure 1.13):

* Asseen in Figure 1.3, visual model validation is no integral part of the classic visual
analytics pipeline. Advances in the field of visual analytics are made by explain-
ing the role of visual model validation and estimation in VA processes. A novel
VA pipeline is proposed that seamlessly integrates validation and estimation loops
into the conceptual structure of existing frameworks. Through detailed exposition
and multiple case studies, it is demonstrated how the new pipeline applies across
various modeling tasks and VA systems. (Section 3.1)

¢ The empirical investigation on the visual validation of regression models is started
with a human-subject study on the mean (i.e., linear regression to a constant) as
a common model of central tendency. The study involved two distinct partici-
pant groups — crowdsourced workers and volunteer participants. The accuracy
of visual validation and estimation and their performance against statistical results
are compared. The findings reveal that the accuracy of models deemed valid by
participants was systematically lower than the accuracy of those they estimated
themselves. Importantly, it is shown that participant responses in both estimation
and validation tasks were largely unbiased. Figure 1.14 illustrates the results of the
study. (Section 3.2) [30]
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FIGURE 1.14: Summary of the results of the empirical investigation on the visual val-

idation of the average value presented in an example stimulus [30]. The figure shows

the true average value (green) together with participants’ average estimation range

(blue) and the range of lines with an acceptance rate of 50% or higher for validation

(orange). It stands out, that the visual estimation results are slightly more accurate
than the validation results.

* Subsequently, the model complexity is increased and the efficacy and limitations of
visual model validation for linear regression in scatterplots is examined. Through
two experiments, individuals’ abilities to validate (and estimate) linear regression
models is investigated and the influence of common visualization design elements
on validation performance is evaluated. The first experiment found that partici-
pants were more accurate when visually estimating regression slopes than when
validating pre-defined slopes. Interestingly, participants consistently exhibited a
bias toward slopes that were steeper than the ground truth (see Figure 1.15). The
second experiment showed that widely used visualization aids — such as error
lines, bounding boxes, and confidence intervals — do not enhance visual valida-
tion accuracy. (Section 3.3) [27]

* The visual model validation in the presence of outliers is studied, a common but
complex scenario in regression analysis that requires implicit decisions about how
to treat those outliers. Two quantitative human-subject studies investigate the men-
tal models individuals apply when visually validating linear regression and how
their decisions are shaped by the presence of outliers and other data characteristics.
The first study compares visual model validation to visual model estimation. The
second study investigates validation behavior and its influencing factors in more
detail. The results demonstrate that participants are less consistent and more sensi-
tive to data variability during validation than estimation, particularly in how they
handle outliers (see Figure 1.16). It is also shown that individuals tend to adopt a
personal strategy — either consistently including or excluding outliers — regard-
less of whether outliers are explicitly discussed. These strategies are influenced
primarily by the directional congruence of outliers. (Section 3.4) [28]
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FIGURE 1.15: Illustrative example for one of the main results of the first study on the

visual validation of the linear trends [27]. The figure shows the true trend line (green)

together with participants’ average trend estimation (blue) and the range of lines with

an acceptance rate of 50% or higher for validation (orange). In both tasks, participants
most likely accepted and drew lines that were too steep.

—— Most Validated Linear Trend . .
—— Most Estimated Linear Trend :

FIGURE 1.16: Summarizing the results for the visual validation and estimation of

liner trends with outliers [28]. The figure displays the most accepted and estimated

trend lines compared to the OLS regression models including and excluding the out-

liers (dashed lines). It shows that outliers are more likely to be considered in visual
validation than in estimation.
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The work in this dissertation lays the groundwork for understanding visual model
validation, which has implications for a range of practical applications in which human
judgment interacts with statistical modeling. For instance, insights into biases and strate-
gies in human visual validation can guide the creation of adaptive visualization inter-
faces that offer corrective feedback or context-aware design adjustments. The proposed
VA pipeline and empirical findings also support the development of decision support
systems in domains such as healthcare [114] or finance [14], where users must validate
predictive models visually to make high-stakes decisions. Moreover, understanding how
people visually interpret regression models can inform the design of visualization aids
that better align with human intuition. Overall, this work informs the building of VA
systems that not only present data visually but also account for — and enhance — the
user’s ability to reason about model correctness.

The majority of the contributions on the visual validation of regression models are
based on the following research publications and papers in preparation for submission:

¢ D. Braun, A. Suh, R. Chang, M. Gleicher, and T. von Landesberger. Visual valida-
tion versus visual estimation: A study on the average value in scatterplots. In 2023
IEEE Visualization and Visual Analytics (VIS), pp. 181-185, 2023.
doi: 10.1109/VIS54172.2023.00045

¢ D. Braun, R. Chang, M. Gleicher, and T. von Landesberger. Beware of validation
by eye: Visual validation of linear trends in scatterplots. IEEE Transactions on Visu-
alization and Computer Graphics, 31(1):787-797, 2025.
doi: 10.1109/TVCG.2024.3456305

¢ D. Braun, D. Eberle, R. Chang, M. Gleicher, and T. von Landesberger. Deciding
Through Noise: Visual Validation of Linear Trends in Scatterplots Amid Outliers.
In preparation for submission to CHI conference, 2026.


https://ieeexplore.ieee.org/document/10360882
https://ieeexplore.ieee.org/document/10670522
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1.4 Outline of the Thesis Structure

Chapter 1: Introduction
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FIGURE 1.17: Outline of the thesis structure.

The remainder of this thesis is organized as follows (see Figure 1.17).

All papers included in this cumulative dissertation are preceded by their full biblio-
graphic reference, a list of supplementary materials with its availability, and a statement
of each author’s contribution to the work.

Chapter 2 contains the results of the research on the visual communication of large
value ranges. The three papers presented deal with different facets of time-dependent
data: Starting with a new coloring method for spatio-temporal data (Section 2.1), through
the development of new visualization designs for large value ranges in individual time-
series (Section 2.2), to the extension of these methods to multiple time-series (Section 2.3).

Chapter 3 begins with an introduction of a novel VA pipeline that integrates and
explains the role of visual model estimation and validation in visual analytic processes
(Section 3.1). The remainder of this chapter includes three papers that focus on the visual
validation of regression models in scatterplots. Each paper increases the complexity of
the investigated model or data: First, humans’ ability to visually validate the average
value is examined (Section 3.2). Subsequently, the complexity of the model is increased
and the perception of linear trends is investigated (Section 3.3). The most recent work
additionally changed the data structure and tested how people consider outliers in their
visual validation of linear trends (Section 3.4).

In Chapter 4, the findings of the two main topics are summarized and discussed.
Moreover, limitations of the presented work are outline and directions for future research
are suggested.
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Chapter 2

Visual Communication of Large
Value Ranges

2.1 Color Coding of Large Value Ranges Applied to Meteorolog-
ical Data

The first publication on the visual communication of large value ranges is based on this
author’s master thesis "Farbabbildung von Large Value Ranges bei meteorologischen
Wolkendaten", submitted to the University of Cologne in March 2022.

The resulting paper on the development of a nested color scheme that uses a separate
representation of the mantissa and exponent of a value to encode large value ranges was
published and presented at the IEEE Visualization conference:

D. Braun, K. Ebell, V. Schemann, L. Pelchmann, S. Crewell, R. Borgo, and T. von Lan-
desberger. Color coding of large value ranges applied to meteorological data. In 2022
IEEE Visualization and Visual Analytics (VIS), pp. 125-129, 2022.
doi: 10.1109/VIS54862.2022.00034

The supplementary material of the paper, including the meteorological data, the RGB
values of the OMC color scales, and the study results and documentation, is publicly
available at OSF. In addition, the concepts examined in the paper are implemented in
the open access Python library omccolors. The library automatically applies the OMC
structure to standard Matplotlib color scales. The user just has to specify the base color
scheme and desired value range.

I am the primary author of this publication. In this role, I was responsible for the de-
sign, implementation, data collection and analysis, as well as the writing and publication
of the work. The specific contributions of myself and my co-authors to this publication
are outlined below according to the Contributor Roles Taxonomy (CRediT):

D. Braun: Conceptualization, Methodology, Data Curation, Formal Analysis, Investi-
gation, Software, Visualization, Writing — Original Draft. K. Ebell, V. Schemann, S. Crewell:
Resources. L. Pelchmann: Writing — review & editing. R. Borgo, T. von Landesberger: Super-
vision, Conceptualization, Methodology, Writing — review & editing.


https://ieeexplore.ieee.org/abstract/document/9973199
https://osf.io/95xev/?view_only=a13fd743132a4b4bb13db7929d10e0a9
https://github.com/VisVAUoC/omccolors
https://credit.niso.org/
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Color Coding of Large Value Ranges Applied to Meteorological
Data
DANIEL BRAUN!, KERSTIN EBELL!, VERA SCHEMANN!, LAURA PELCHMANN!,
SUSANNE CREWELL!, RITA BORGO?, TATIANA VON LANDESBERGER!

TUniversity of Cologne
2King’s College London

Abstract:

This paper presents a novel color scheme designed to address the challenge of visualizing
data series with large value ranges, where scale transformation provides limited support.
We focus on meteorological data, where the presence of large value ranges is common.
We apply our approach to meteorological scatterplots, as one of the most common plots
used in this domain area. Our approach leverages the numerical representation of man-
tissa and exponent of the values to guide the design of novel “nested” color schemes,
able to emphasize differences between magnitudes. Our user study evaluates the new
designs, the state of the art color scales and representative color schemes used in the anal-
ysis of meteorological data: ColorCrafter, Viridis, and Rainbow. We assess accuracy, time
and confidence in the context of discrimination (comparison) and interpretation (reading)
tasks. Our proposed color scheme significantly outperforms the others in interpretation
tasks, while showing comparable performances in discrimination tasks.

IEEE Visualization Conference, 2022

1. Introduction

Data with large value ranges are data sets whose values contain several different ex-
ponents using the scientific notation (v = m - 10°) [94]. One example is meteorological
data on ice water content in clouds, whose exponents vary between minus eight and mi-
nus two. The data includes three variables: time, height and ice water content. Mapping
the values to position is not possible in a 2D-visualization. The current meteorological
standard is to visualize the data using a scatterplot with the values encoded by a logarith-
mic scaled colormap [74,97]. The meteorologists call this time-height series. The challenge
is to encode such a large value range on a color scale and a limited number of pixels
without loss of information.

The common colormaps used for meteorological scatterplots are Viridis (Figure 1a) [74]
and Rainbow (Figure 1b) [97]. We present a novel color scheme to visualize data with large
value ranges: the order of magnitude colors (OMC), which uses a separate representation
of the mantissa and exponents of the data (Figure 1d) for an easier classification of the
orders of magnitude. It uses one hue for each exponent and linear gradient of brightness
within for magnitude. Additionally a variation of this design is shown (Figure 1e).

We compare our approach with the currently used color scales as well as a state-of-
the-art color scheme generated via the tool ColorCrafter [171] (starting color: blue) (Fig-
ure 1c) in an empirical user study. The results show that our new color scheme has com-
parable results for comparison tasks and works significantly better for reading values
than the other colormaps. We already received requests from meteorologists for the use
of our design.
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FIGURE 1: Scatterplots of meteorological data for the ice water content in clouds (time
height series) featuring large value ranges encoded using the color schemes Viridis,
Rainbow, ColorCrafter and two versions of our order of magnitude colors design.
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2. Related Work

Color Perception Golbiowska et al. [83] explored the perceptual differences from rain-
bow to sequential color scales. Their study showed that the sequential colormaps per-
formed better in comparing values and recognizing general patterns, whereas the rain-
bow scale supports the reading of specific details. We also compare these two types of
color schemes for the investigated tasks.

The pros and cons of the rainbow color scheme have been widely discussed in liter-
ature. Rogowitz and Treinish [153] criticize the Rainbow-colormap for the fact that the
boundaries of the different colors can be perceived as boundaries in the data. This is
countered by the findings of Reda and Szafir [149] and Reda et al. [148] that the more
unique colors represented, the better the plot.

There are a variety of tools that can be used to generate and optimize color scales. The
ColorCrafter-tool [171] creates algorithmic generated sequential color schemes for given
parameters. These colormaps work well for the most quantitative data, but hide details
when visualizing data with large value ranges. Another software is the CCC-tool, which
allows to create completely new color schemes and to optimize given color scales [131].

A data-dependent adaptation of color schemes based on statistical properties [163,
183] would lead to incomparability of daily views. Thus, we disregard them.

Visualization of Large Value Ranges Most of the research work on large value ranges
introduced novel visualization types for two-dimensional data. The methods for bar
charts presented by Hlawatsch et al. [93], Borgo et al. [23] and Hohn et al. [94] are not
applicable for our use case. They provide inspiration for our work — the separate repre-
sentation of the exponent and the mantissa.

Taxonomy of Tasks Most task types can be divided into high- and low-level tasks [31].
There are several papers that deal with low-level tasks and introduce their own tax-
onomies of tasks [10, 146,161, 187]. In our user study, we use two low-level tasks that
appear in all of the taxonomies to evaluate the color scales.

3. Color Scheme Design

We present a novel color scheme named order of magnitude colors (Figure 2). This de-
sign is inspired by the scientific notation of numbers and is created in the CCC-tool [131].
Inspired by the idea of the recent approaches [23,93,94], we use the two parts mantissa
m and exponent e of a value v (so that v = m - 10¢) for color coding. Every exponent given
in the data is mapped to another hue. Within an exponent, the mantissa is mapped to a
perceptually linear sequential scale of the respective hue.

During the research process, we created and tried many different color scales to the
meteorological data (see the supplementary material). The color selection as well as the
data and the study tasks were discussed and agreed upon in several focus groups or-
ganized together with the meteorologists. In the final design, the colors were chosen
through a manual process so that the color distances between adjacent colors are approx-
imately even. Color blindness would be an additional criteria for further research. We
made the HSV-gradient for the different hues as smooth and equal as possible (see Fig-
ure 2). To achieve a better color nameability [148, 149], we chose unique hues instead of
different saturation tones of one specific hue.

Boundaries in colors are easily perceived as changes in the exponents in the data [153].
This is deemed appropriate, as our colormap describes the changes in magnitudes. It


http://www.visva.cs.uni-koeln.de/publikationen/color-coding-of-large-value-ranges-applied-to-meteorological-data
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helps the meteorologists looking at changes in the data. Nevertheless, we also created
a variation of the OMC-colormap that reduces the color distances (i.e. smaller DeltaE-
values [166]) (see Figure 2 and Figure 3). In this version, we flipped every second sequen-
tial color scale so that we have a changing lightness direction comparing two neighboring
color scales: The OMC smoothed lightness (Figure 3).

4. Evaluation

Viridis and Rainbow are common color schemes for visualizing meteorological data.
Therefore, we evaluate these two, a state-of-the-art colormap created by ColorCrafter [171]
and our two new designs - the OMC and OMCy; - in an exploratory user study.

Data The data used for the study were real meteorological data sets provided by the
Institute for Geophysics and Meteorology at the University of Cologne. Every set of data
contains one measurement day with the variables time (0 to 24 hours), height (0 to 12
kilometers) and the ice water content in clouds. The ice water content spans a range of
1078 to 1072. Due to the large value ranges, the colormaps were scaled logarithmic.

To avoid a learning effect, each question of the study contained visualizations of dif-
ferent measurement data. For consistency, we used data sets with similar properties, e.g.,
an equal value range.

Tasks Inline with literature and after consultation with the meteorologists, we decided
to focus on four main tasks, divided into reading [10,31,146,161,187] and comparison [31,
146,161,187] tasks:

* Reading Tasks:

— Extrema: name the maximum and minimum exponent of a given day

— Value: specify a value range for the marked region of data points
» Comparison Tasks:

— Extrema: compare two measurement days and decide which one contains the
global extremum

- Value: compare the values of two marked regions of data points in one day

We manually selected the regions to ensure that the tasks for each colormap have
the same level of difficulty. The comparison tasks are single choice, multiple options
questions. In the reading tasks, the participants had to insert their answered numbers
manually. Additionally, we asked the participants about their confidence in the given
answers of the reading tasks.

Experimental Setting and Procedure A total of 53 participants (36 male, 13 female, and
4 prefer not to say) took part in the study. The age was distributed from 20 up to 60, but
the majority of the participants were between 20 and 40 years (88%). We filtered out 5
participants, who did not correctly answer to the Ishihara tests for color blindness [48]
(this was necessary because the rainbow scale is not suitable for color blindness).

The expertise of the participants was broad and ranged from a degree in mathematics
(25%) to a degree in physics (13%) to a degree in computer science (10%) and others (4%),
with the majority of the participants having a degree in meteorology (48%).
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The study was conducted online and was set up with LimeSurvey [115]. There was
one task per page and the participants had to click on a button manually to get to the
next page, so we could store the given answers and the response time per task. The visu-
alizations used had a resolution of 1291x500px. All of the participants used a computer
screen with a size of at least 13”.

The processing time of the study was approximately 30 minutes. All participants had
to solve the same tasks. There was one task for every of the five designs for every type of
task, i.e. in total we had 5[colorscales] x 4[tasks] = 20 trials.

After a short training phase introducing the visualization type and the types of tasks,
the sorting of the tasks was randomized to reduce a learning effect. At the end of the
study the participants were asked to give feedback. Study documentation is in annex.

4.1 Analysis

The analysis of the results is performed in R [147]. For every task of the study, we
measure accuracy and response time. In the reading tasks, the specified confidence of the
participants is also examined (on a Likert scale from 1 - very unsure to 5 — very confident).

Correctness measurement For every task, we compare the number of correct answers
to the number of incorrect answers. In the extrema reading task, both exponents have to
be correct to be considered as a correct answer. For value reading an answer is correct, if
the values of the marked region lie in the answered range.

In addition, the sizes of the specified ranges in the reading value task are compared.
To exclude logarithmic scaling, the size of the ranges is calculated using Equation 1:

(Expmax - Expmin) 10+ (Mantnqx — Mant pip)
10

range size =

)

Significance Tests To perform our analysis, a three-stage significant test for each task
was used. Since we could not assume that the data is normally distributed, we first ran a
Shapiro-Wilk test on the given answers and response times, with the result that none of
the data is normally distributed.

In the second stage of the analysis, we used a y*-test (and a Fisher-test if the frequen-
cies are too low) to investigate significance in the amounts of correct and wrong answers.
For the quantitative data like the range sizes or response time, we used the Kruskal-Wallis
test.

In the third stage, as post-hoc analysis we used a Wilcoxon-test respectively a y>-test
for pairwise comparison of the color schemes for tasks for which significance was found.
All tests were performed with the significance level & = 0.05.

4.2 Results

Figure 4 and Figure 5 show summaries of the results including the percentages of
correct answers for the different colormaps in the four tasks and the response time of the
participants.

Reading Extrema Our OMC design (71% correct answers) and the rainbow color scheme
(69%) perform best. The y?-test shows a significant dependence between the color scales
and the amount of correct/ false answers (y? = 52.466, p-value < 0.001). The post-hoc
pairwise test confirms that OMC and Rainbow deliver significantly better results than
ColorCrafter (33%) and Viridis (10%) (Table 1). OMCy; is third best with 60% of correct
answers.
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(D) Comparison of values task.
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p-value OMC | OMCy; | ColorCrafter | Rainbow
OMCy 0.390 - - -
ColorCrafter | 0.001 | 0.014 - -
Rainbow 1.000 0.522 0.001 -
Viridis <0.001 | <0.001 0.014 <0.001

TABLE 1: p-values of the pairwise y?-test for extrema reading.

s Reading Values: Value Range Sizes
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FIGURE 6: Sizes of the value ranges answered for value reading.

Reading Values The OMC designs perform best with respect to the number of correct
answers. The y?-test indicates significance (y? = 19.833, p-value = 0.001). Due to the
pairwise test, only the Viridis colormap is significantly worse than other color schemes.

The positive effect of the OMC colormap can be seen better in the comparison of
the given range sizes (Figure 6). The OMC colormap has by far the smallest range size
(mean = 0.36), followed by OMCy; (0.68). Viridis (0.91), ColorCrafter (0.99) and Rainbow
(1.15) are at a similar level. The Kruskal-Wallis-test confirms the significant differences
in the means (y? = 50.518, p-value < 0.001). The pairwise Wilcoxon-test shows, that the
OMC color scale leads to significantly smaller range sizes (i.e. a better identification of
the searched values) than all others (Table 2). OMCj; also performs significantly better
than ColorCrafter and Rainbow. This can be attributed to our design approach, where
different hues enable fast recognizing of magnitudes.

Comparison of Extrema Very few errors were made. ColorCrafter (3 errors) and OMCy;
(3) have the most errors, followed by Rainbow (2) and OMC (1). Viridis even produced
no error at all. Due to the low number of errors, no significant dependence can be deter-
mined using Fisher’s exact test (p-value = 0.471).

p-value OMC | OMCy; | ColorCrafter | Rainbow
OMCy <0.001 -
ColorCrafter | <0.001 | 0.003 - -
Rainbow <0.001 | <0.001 0.166 -
Viridis <0.001 | 0.051 0.511 0.063

TABLE 2: p-values of the pairwise Wilcoxon-test for value reading.
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p-value OMC | OMCy; | ColorCrafter | Rainbow
OMCy 0.617 - - -
ColorCrafter | <0.001 | <0.001 - -
Rainbow 1.000 0.617 <0.001 -
Viridis 1.000 0.617 <0.001 1.000

TABLE 3: p-values of the pairwise Fisher-test for value comparison.

Comparison of Values ColorCrafter performs worst for this task (58% correct answers).
OMC;; has 94% of correct answers, while the other three even have 98%. Due to the y2-
test there is a significant effect (y? = 66.679, p-value = 1.332e-9). The post-hoc pairwise
Fisher-test shows that ColorCrafter leads to significantly more errors than all other color
scales (Table 3).

4.3 Extended Analysis and Results

Confidence For the reading extrema task, the analysis of the participants” confidence
shows that the sequential color schemes (Viridis, ColorCrafter) lead to significantly more
uncertainty in the answers than the multicolored schemes (OMC, OMCy;, Rainbow).

For reading value task, the participants were significantly more confident with our
OMC color scale than with all others, both for the exponents and the mantissas of the
specified range.

Time Only for the value comparison task, the Kruskal-Wallis-test shows a significant
mean effect in the response time (y? = 13.398, p-value = 0.009). As the pairwise Wilcoxon-
test shows, participants used significantly more time with ColorCrafter than with all oth-
ers. Notably, the participants did not need any additional time to understand our new
order of magnitude colors design.

Free Text 31 participants gave free text feedback. Almost all of them were positive
regarding our OMC color scale. We already received requests to use our design. It was
stated that the color scheme supports value comparison and identification by its clear
borders: “The color scale with different colors between every power of 10 is the one that
allowed me to better identify the values and the differences between points.” Suggestions
for improvement were the color selection and the perception of qualitative patterns.

The sequential colormaps were perceived as more aesthetically pleasing. Rainbow
and ColorCrafter got the most negative feedback, especially for their color gradients.

Expertise Comparing the results of participants with a meteorological background to
the others, there was no significant difference in the correctness of their answers and in
the response time. This indicates that our color scheme can be used broadly, without
specific expertise or background.

Limitations There are some limitations to our color scheme. The approach is not suit-
able for comparing values that are close to the borders of the exponents or for data con-
taining positive and negative values. Additionally, further experiment may be needed
to assess the scalability of the proposed scheme for value ranges with different exponent
distributions. In order not to make the user study too extensive, we focused on a subset
of tasks most relevant to our collaborators. Therefore, some types of task could not be
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dealt with sufficiency. For example, an evaluation of the OMC colormap for high level
tasks would be interesting.

5. Conclusion and Future Work

We presented a new color coding approach to visualize data featuring large value
ranges with the application to meteorological data. The empirical study has shown that
our order of magnitude colors design performs very well for all tasks examined. It has
no significant difference to the best performing colormaps in the comparison tasks and
improves the accuracy of value identification significantly. The strict borders of our color
scheme support the perception of the different orders of magnitude.

In summary, our results suggest the following ranking for each proposed design:

* Reading Extrema:
OMC = Rainbow = OMCy; = ColorCrafter > Viridis

* Reading Values:
OMC > OMCy; = Viridis = ColorCrafter = Rainbow

¢ Comparison of Extrema:
Viridis = OMC = Rainbow = OMCg; ~ ColorCrafter

* Comparison of Values:
OMC ~ Viridis ~ Rainbow = OMCy; » ColorCrafter

In general, our study results confirm findings from Golbiowska et al. [83] that multi-
colored scales like OMC and Rainbow are more suitable for reading tasks while sequen-
tial scales like Viridis work better for comparing tasks.

Our design was developed on the application example of multidimensional meteoro-
logical cloud data. Our evaluation was data agnostic making our results extendable to
other data sets. The choice of color scheme however was informed by our collaboration
with domain expert therefore, in the future, we would like to test the performance of our
approach on other data types from various application areas, potentially exploring new
color schemes. Furthermore, we have to investigate color blindness for our new design.
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2.2 Novel Visualization Designs for Time-Series Data with Large
Value Ranges

In this work, two novel visualization designs are developed that extend existing tech-
niques to highlight the specific characteristics and requirements of large value ranges in
individual time-series. One of the designs uses the OMC color scale developed in the
previous paper to support the perception of magnitude variations.

The paper is published in IEEE TVCG and was presented at the IEEE Visualization
conference:

D. Braun, R. Borgo, M. Sondag, and T. von Landesberger. Reclaiming the horizon:
Novel visualization designs for time-series data with large value ranges. IEEE Transac-
tions on Visualization and Computer Graphics, 30(1):1161-1171, 2024.
doi: 10.1109/TVCG.2023.3326576

The supplementary material of the paper, including the study results and documen-
tation as well as the Python code for the data and design generation, is publicly available
at OSF.
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Reclaiming the Horizon: Novel Visualization Designs
for Time-Series Data with Large Value Ranges
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Abstract:

We introduce two novel visualization designs to support practitioners in performing
identification and discrimination tasks on large value ranges (i.e., several orders of mag-
nitude) in time-series data: (1) The order of magnitude horizon graph, which extends the
classic horizon graph; and (2) the order of magnitude line chart, which adapts the log-line
chart. These new visualization designs visualize large value ranges by explicitly splitting
the mantissa m and exponent e of a value v = m - 10°. We evaluate our novel designs
against the most relevant state-of-the-art visualizations in an empirical user study. It fo-
cuses on four main tasks commonly employed in the analysis of time-series and large
value ranges visualization: identification, discrimination, estimation, and trend detec-
tion. For each task we analyze error, confidence, and response time. The new order of
magnitude horizon graph performs better or equal to all other designs in identification,
discrimination, and estimation tasks. Only for trend detection tasks, the more traditional
horizon graphs reported better performance. Our results are domain-independent, only
requiring time-series data with large value ranges.

IEEE Transactions on Visualization and Computer Graphics, 2024

1. Introduction

Large value ranges (i.e., several orders of magnitude) in time-series data are common
to a wide range of application domains. These large variations in orders of magnitude can
occur in a relatively short amount of time in a variety of application domains. Examples
include medicine with pandemic outbreaks (e.g., COVID-19 cases in Germany, which
range from 10 000 to 300 000 per day within 100 days in Figure 1), meteorology with
measurements of storms (e.g., the ice water content in clouds, which range from 1077 to
10-3kg/m® in hours [29]), or finance with stock markets (e.g., bitcoin cryptocurrency with
price changes of more than 40 000 dollars within a year [133]).

300k

200k

100k

Novel COVID Daily Cases

Jan 2022 Feb 2022 Mar 2022

FIGURE 1: Number of daily new COVID-19 cases in Germany.

Research on visualization of short time-series has proposed techniques to improve
accuracy and completion time of low-level tasks compared to standard line charts [4,68].
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However, these visualizations fail in visualizing large orders of magnitude. Figure 2b
shows one such technique: a horizon graph [71,150], which divides and layers the line
chart. Here, small changes in values are difficult to detect across all orders of magnitudes,
and especially difficult is reading and comparing values at lower magnitudes. In Figure 1
we see another example of this. At the same time, research on visualizing large value
ranges focuses mainly on uni-variate data without time [23,93,94]. This paper combines
these two areas, visualizing large value ranges in time-series data.

We present two novel visualization designs that improve two standard visualization
techniques for time-series data — log-line charts and horizon graphs — to meet the chal-
lenges of magnitude variations. First, the order of magnitude line (OML) chart (Figure 2d)
adapts the log-line chart by using linear mapping within each order of magnitude. In ad-
dition, the OMC color scale [29] — a color scale designed for large value ranges — is used
to support the perception of magnitude variation and value identification. The second
proposed design — the order of magnitude horizon (OMH) graph (Figure 2e) — adjusts the
standard horizon graph by using a separate representation of the mantissa and exponent
of each value. Every order of magnitude is represented by a separate band, while the
mantissa is mapped to a linear scale on the y-axis for easier identification of individual
values. In this paper, we assume that numbers are encoded in base 10, but other bases
could be supported.

To evaluate our new designs, we conduct a user study that compares them with the
standard visualization techniques for time-series — log-line charts (Figure 2a) and hori-
zon graphs — as well as one state-of-the-art approach for large value ranges for time-
independent data — the scale-stack bar chart [93]. Our study focuses on low-level visu-
alization tasks from taxonomies of both time-series [4, 5] and large value ranges [23, 29,
93,94]. The results show that OMH outperforms their currently used counterparts in
tasks of "identification" (i.e., read a marked value), "discrimination” (i.e., compare two
marked values in one visualization), and "estimation" (i.e., determine the difference of
two marked values). OMH has both the lowest error rate and the highest confidence of
all designs in these three tasks, while the time taken by the user is similar to the oth-
ers. For OML, we only find a significant effect on confidence when compared to horizon
graphs. The standard horizon graph on "detect trend" (i.e., identify the trend of the visu-
alized data), tasks proves to be better than all designs tested except OMH, likely due to
the linear scaled y-axis as opposed to logarithmic scaling.

The primary contributions of our work are:

¢ We introduce two novel visualization designs, extending existing time-series designs
to meet the requirements of data with large value ranges.

* We empirically evaluate our new designs with state-of-the-art designs in a user study
with 90 participants.

* The novel designs are domain-independent and can hence be used on a variety of ap-
plication domains (e.g., meteorology, finance, healthcare) to better present temporal
data with large value ranges.

After an overview of current methods and evaluations in Section 2, we introduce our
two new designs in Section 3. The design of our user study is presented in Section 4
and its analysis and results are described in Section 5. In addition to a discussion of the
findings in Section 6, we also point out limitations and future work in Section 7.
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FIGURE 2: Exemplar time-series data with large value ranges encoded using three
standard visualization types log-line chart (a), horizon graph (b), scale-stack bar chart
(c), and our two new designs order of magnitude line (d) and order of magnitude horizon

(e).
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2. Related Work

We present the latest solutions and evaluations for displaying time-series as well as
for visualizing data with varying orders of magnitude.

Visualization of Time-Series The visualization of time-series data has been widely in-
vestigated using a variety of different visual designs [2,4,5,68]. The most popular way
to present continuous coherence in time-series is the line chart [8,51]. Over time, sev-
eral novel visualization techniques have been designed and evaluated in relation to the
traditional line graph. The combination of quantitative data with qualitative abstraction
(e.g., a composite representation with color encoding of qualitative data and spatial posi-
tion encoding of the quantitative data) has been studied by Aigner et al. [7] and Federico
et al. [69]. We adapt the idea of adding qualitative coloring based on a division of the
value range to a line graph in our order of magnitude line design. Meaningful color cod-
ing is used successfully in other time-series visualizations, such as ThemeRivers [87], to
show thematic changes over time, and RankExplorer to visualize ranking changes over
time [168].

In recent years, the horizon graph has become increasingly popular. The final design
was presented for the first time by Reijner [150] and Few [71], while the principle of a
two-tone pseudo coloring was already used some years before by Saito et al. [160]. In
a horizon graph, the value range is divided into several bands of the same size, which
are then superimposed onto each other to create a layered form. Color (hue and satura-
tion) is used to distinguish the individual bands. Heer et al. [90] compared the horizon
graph with line graphs and investigated the appropriate number of bands. They found
that horizon graphs improve estimation accuracy and using more than three bands in-
creases the error and time. Therefore, we use three bands for the standard horizon graph
in our evaluation. Jabbari et al. [98,99] compare the horizon graph to alternative compos-
ite visual mappings, such as a hue-saturation mapping which is very similar to warming
stripes [88]. They found that the horizon graph performed best in terms of discrimination
and estimation errors, and was only slightly slower than the proposed alternative map-
pings. For this reason, we have decided not to evaluate a warming stripes variant for
large value ranges in our study. Gogolou et al. [81] explore the aspect in comparing simi-
larity perception between line charts, horizon graphs, and colorfields. The horizon graph
promotes local variations the most, while the other two have advantages for amplitude
and y-offset scaling.

One of the advantages of the horizon graph is the space saved by layering the differ-
ent bands, which makes it especially efficient for multiple time-series. Although we do
not focus on multiple time-series in this paper, the results of Javed et al. [100] for horizon
graphs in that specific case are interesting. They show faster perception in discrimina-
tion tasks for horizon graphs than for simple line graphs and a similar correctness rate
compared to the other evaluated designs for every task. The study of Perin et al. [141]
supports these results. Here, multiple horizon graphs outperform multiple line charts in
each task, with even better results for an interactive version of the horizon graphs. These
studies indicate that extending our OMH to multiple time-series could prove promising
in future work.
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Visualization of Large Value Ranges A common way to display time-series with order
of magnitude variations is to use a line graph with logarithmic scaling [111, 155, 164].
However, most of the previous research on large value ranges has been done for time-
independent data.

Hlawatsch et al. [93] were the first to develop a new visualization technique for dis-
playing large-value ranges and adapted the classic bar chart. Their scale-stack bar chart
(SSB) (Figure 2c) represents each value at multiple stacked scales with increasing value
ranges. Each scale starts at zero and maps the numbers linearly. The results of a user
study showed improvements of their approach compared to linear and logarithmic bar
charts for quantitative comparisons.

Borgo et al. [23] use the separate representation of exponent and mantissa by showing
both parts of each value as two overlapping bars on one linear scale in a classic bar chart,
and call them order of magnitude markers. Their evaluation confirms that designs that
consider large value ranges increase the accuracy for evaluation tasks.

By encoding the orders of magnitude using the color and width of classic bar charts,
Hohn et al. [94] adapted the previous method. They compare their width-scale bar charts
to the two other approaches in a quantitative study. The results showed that their design
works best for interpretation tasks. However, for estimation, discrimination, and trend
tasks, the SSB resulted in the highest accuracy of the three approaches. Therefore, we
decided to include the SSB in our evaluation.

Braun et al. [29] showed that color can be used to support the perception of changes in
the orders of magnitude. Their order of magnitude color (OMC) colormap encodes a value
v = m-10° by mapping the exponents e to the hue and the mantissa m to a sequential
color scale of that hue. We use this color scheme in our OML design.

3. Visualization Designs

The presented visualization designs combine methods for time-series data as well as
methods for data with large value ranges. We designed our visualizations as static, non-
interactive visualizations. While interactivity could help in understanding charts with
multiple series [68,141] or long time-series [4, 5], we focus on short and singular time-
series here. Moreover, the static views can be used in printed media.

The "default" way to visualize large value ranges, is to use a logarithmic scale. How-
ever, reading values from a logarithmic scale is not intuitive [111]. This is evidenced by
the focus of previous techniques for large value ranges on perceptually linear scaling for
both the mantissa m and the exponent e of a value v = m - 10° [23,93,94]. Our approach
reflects techniques for large value ranges by splitting the mantissa m from the exponent e
and treating them differently. Values within the same exponent e are visualized continu-
ously, while there is a jump between values with a different exponent. This continuity is
an advantage over the SSB approach, where a coherent reading of the data is interrupted
by the need to repeatedly restart the scales at v = 0.

3.1 Order of Magnitude Horizon

The order of magnitude horizon (OMH) graph is an adaptation of the standard horizon
graph to meet the requirements of data with large value ranges. Figure 3 illustrates the
construction of OMH. Unlike the standard horizon graph, the starting point is a log-line
graph (Figure 3a). After scaling the y-axis linearly within each order of magnitude (Fig-
ure 3b), the graph is split into uniformly-sized bands. Each band represents a different
order of magnitude, and hence the number of bands depends on the number of orders
of magnitude. We assume that numbers are encoded in base 10, but other bases could
be supported. The colors of the bands are based on the hue gradient of the OMC color
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FIGURE 3: Order of magnitude horizon graph: Step-by-step construction.

scale [29]: The larger the magnitude of the band, the more saturated its color (Figure 3c).
Finally, the different bands are layered on top of each other, sorted in ascending order
(Figure 3d). By using two different visual variables, vertical position for the mantissa m,
and saturation for the exponent e, both m and e can be directly compared in our design.
Even though not evaluated, it should be possible to use OMH for data with both positive
and negative values with a diverging color scale.

3.2 Order of Magnitude Line

The order of magnitude line (OML) graph is an adaption of the log-line graph. Start-
ing off with a log-line graph (Figure 4a), the y-axis is scaled linear within each order
of magnitude (Figure 4b) to facilitate easier reading of the values. In addition, the area
below the line in the graph is colored with the OMC [29] color scale (Figure 4c) to fur-
ther improve the perception of the values. Hence, the values are double encoded by the
visual variables vertical position and color. In the OMC color scale, each exponent e is
given a different hue, with a sequential color scale for the mantissa m. This change in hue
between the different exponents e reduces the probability of a magnitude error.

3.3 Design Novelty

Compared to traditional methods, both OML and OMH designs propose a novel ap-
proach with respect to spatial organization of the data. Both designs enforce continuity
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FIGURE 4: Order of magnitude line graph: Step-by-step construction.

in the visual layout. This is lost in traditional approaches dealing with visualization
of large magnitude values, where priority in the design is given to the enhancement of
value variations. Our designs instead intend to favour perceptual principles, leveraging
Gestalt [194] principles of grouping through proximity, similarity, continuity and com-
mon faith.

4. Evaluation

To evaluate our two novel approaches, we compare them to their standard counter-
parts (Figure 2) — log-line chart and horizon graph for time-series data as well as SSB
charts for data with large value ranges — in an empirical user study to test the following
hypotheses:

* H1: Our new designs reduce error rates in value identification, discrimination, estimation,
and trend detection tasks on data with large value ranges compared to their standard coun-
terparts.

As our designs are explicitly designed based on research for large value ranges,
which have been proven to improve performance on these tasks [23,29,93,94], we
expect this improvement to translate towards time-series with large value ranges.

* H2: Our new designs increase participants’ confidence in their answers compared to their
standard counterparts.
We expect that the linear scaling of OMH and OML makes them easier to read.
Furthermore, participants have multiple options to confirm their answers due to
the double encoding by color.

e H3: Our new designs have higher response times than the standard log-line chart and
comparable response times to the others.
Participants should be familiar with standard log-line charts. Due to the novelty,
we expect that they will need more time to interpret our designs.
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4.1 Stimuli Design

Beyond the question of which visualization techniques to evaluate, there are addi-
tional ways to improve charts to allow better interpretation of presented data. Through-
out the stimuli design process we followed state-of-the-art visualization guidelines [61,
129,193].

Considering which visual elements to include or omit in the stimuli designs quickly
leads to the question of "chartjunk" [72]. Research on this topic shows that visual em-
bellishments that are not essential to understanding the data can help to transmit the
story of a visualization, but distract from the quantitative data [16]. The goal of our user
study is to test low-level tasks such as reading and comparing values correctly, rather
than whether aesthetically pleasing designs perform better or worse. That’s why we use
minimalistic presentations and treat each design in a similar way.

To ensure comparability in the evaluation, we fixed some design criteria and applied
them consistently to all five visualizations (Figure 2). The three charts with a color coding
— classic horizon graph, OMH, and OML - all include a color legend to increase legibility.
Similar to previous studies on visualizing time-series [81, 98,99, 141], we have chosen
not to show the time point labels on the x-axis to avoid semantic meaning that could
distract from the actual study tasks. Y-axis tickmarks are displayed on the main grid lines.
Previous research on grid lines shows that, on the one hand, they support the perception
of individual values, on the other hand, they can be overwhelming and distracting, which
is why they should be used cautiously and not too obtrusively [15,70,175]. Therefore, we
decided to include only one grid line indicating the mantissa value 5 in addition to the
main grid lines used to distinguish the orders of magnitude. The lines within the sections
have been drawn with less opacity so that they do not interfere with the visualization.

An additional element that can interfere with the perception of the visualizations are
the visual markers used to highlight the data point of interest in the study tasks. We
tried different types of visual markers such as arrows or vertical lines inside the visu-
alizations, but found that these distracted from the visualization of the data. Therefore,
we use a visual marker outside the visualization. To create a comparable environment to
the previous horizon graphs studies [90, 98, 99], we used the same marker design. The
data points are highlighted by two small vertical lines at the top and the bottom of the
visualization, as well as a letter above the upper line (see Figure 5).

All charts shown in the study had a size of 972x350px to ensure that the visualizations
are fully visible on the display for all participants without scrolling. Since we do not
consider multiple time-series, each trial contains exactly one visualization.

4.2 Data

In comparable studies on large value ranges [23,93,94], the data covered a range of
[0,10 000] with only integer mantissa. We extend this value range to a maximum value
of 100 000, so that our data can be described by m - 10° where 1 < m < 10,0 < e < 4 and
m, e € Z. As we do not focus on streaming applications or long time-series, each data set
consists of 100 time steps for consistency.

We used synthetic data sets generated by a constrained random walk. A uniform
random value between 1 000 and 10 000 is the starting point of the walk, from which the
mantissa is changed by a uniform random value between [-2,2] at each step. Smoothed
generated walks might cover only a fraction of time-series that occur in reality, but they
help us to control the study conditions and ensure an equal level of difficulty for all
trials. Moreover, they are already used for data generation in previous studies on horizon
graphs [90,98,99].
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FIGURE 5: The interface of the user study. This example shows a reading task for the
OMH design. The participants type a numerical answer for value A in a text box and
indicate their confidence level on a drop-down Likert scale.

4.3 Tasks

In line with state-of-the-art task taxonomies, we focus on four low-level tasks [10,31,
187] corresponding to our hypothesis H1. The selected tasks are a combination of com-
mon tasks for both areas we relate to in this paper — the visualization of time-series data
and data with large value ranges. Discrimination and estimation tasks are mostly exam-
ined in studies on time-series visualizations [7,90,98-100, 108, 141], while identification
and trend analysis tasks can be found in both fields [7,23,29,69,93,94,108,190].

In order to ensure that the trials were comparable and to provide a larger set of an-
swers for the analysis, we split each task into three conditions. The marked values are
selected from the previously generated data sets depending on these conditions. We re-
duced potential bias from the position of these marked values by randomization and
multiple trials (three trials per task with different data conditions). The conditions per
task we are investigating are as follows:

Identification — Value Reading The aim of the "Identification” task is to read individual
values as accurately as possible. In each trial, the participant is shown a data set with a
marker at a particular value. The target data point is randomly selected with constraints
from these conditions:

¢ Condition 1: The value is on a grid line.

* Condition 2: The value is in a high order of magnitude (10° or 10*) and not on a
grid line.

* Condition 3: The value is in a low order of magnitude (10! or 10?) and not on a grid
line.

The participants enter their identified value manually via a text box. The interface of an
example identification question is shown in Figure 5.
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Discrimination — Value Comparison The aim of the "Discrimination" task is to compare
two values and determine which one is larger. As we are not looking at multiple time-
series, the discrimination between the two data points takes place in one visualization.
In each trial, the participant is shown a data set with two markers at different values. The
data points are marked with A and B, with A < B on the x-axis. The selection of data
points is random, with constraints imposed by the following conditions:

¢ Condition 1: The values are in the same order of magnitude.
¢ Condition 2: The values are in neighbouring orders of magnitude.

¢ Condition 3: The values are in distinct orders of magnitude with a difference of at
least one order of magnitude.

The participants select the letter of the larger value from a drop-down menu.

Estimation — Difference Determination The estimation task goes one step further with
regard to the discrimination task. The aim here is to determine the absolute, quantitative
difference between two values in one time-series. Structurally, the task is similar to the
discrimination task. Again, the data points are selected randomly according to the same
conditions and are also labeled A and B:

¢ Condition 1: The values are in the same order of magnitude.
¢ Condition 2: The values are in neighbouring orders of magnitude.

¢ Condition 3: The values are in distinct orders of magnitude with a difference of at
least one order of magnitude.

As in the identification task, the participants enter their answers manually via a text box.

Trend — Trend Detection The aim of the "Trend" task is to identify the trend in the visu-
alized data. One visualization without any marker is shown for each trial. For this task,
we do not use data generated from a random walk described in Subsection 4.2. Instead,
we created pseudo-random data to simulate specific types of trends. Pseudo-random in
this case means that the order of the magnitudes is predetermined to generate a specific
kind of trend, but the values for the mantissas are chosen randomly. Although they cer-
tainly do not reflect all common trends, we have chosen to test the following three types,
based on the selection made in the comparable study task by Hohn et al. [94]:

¢ Condition 1: Periodic trend.
¢ Condition 2: Linear trend.
¢ Condition 3: Exponential trend.

The participants select the presented trend from a drop-down list containing the options
periodic, linear, exponential, and none.

In addition to these tasks, we ask the participants about their confidence in their an-
swers for each trial using a 5-point Likert scale [186]. We use this as an indicator of the
difficulty of interpreting the visualization as perceived by the participants.
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FIGURE 6: Demographic characteristics of the study participants (excluding partici-
pants with color vision deficiencies).

4.4 Experimental Setting

Procedure The study was conducted online and was set up with LimeSurvey [115]. We
opted for a between-subject study design [38], mainly for two reasons: First, it excludes
the learning effect that would occur in a within-subject study due to the order in which
the designs are processed. Second, the number of trials per participant is reduced, which
allowed us to divide the tasks into the different data conditions for more expressive re-
sults (see Subsection 4.3).

In the study interface, each page contained one trial and participants had to manually
click a button to move to the next page so that we could store the answers given and mea-
sure the response time per trial. A back button has been omitted to avoid learning effects.
As the study was online, we were unable to control the size and properties of participants’
screens, but we recommended a 13" or larger screen. The influence of confounding vari-
ables, such as different screen sizes or color vision deficiencies, was reduced as much as
possible. Potential uncontrollable external influences such as distracting environmental
noise was averaged out due to the large number of participants.

The average processing time of the study was about 15 minutes. Each participant
had to complete three trials per task (the three data conditions), resulting in a total of
1[design] x 4[tasks] x 3[conditions] = 12 trials per participant. After each task, the par-
ticipants were invited to have a short break if needed. A unique data set was generated
for each trial (see Subsection 4.2), so that a total of 12[zrials] X 5[designs] = 60 different
data sets were used in the study.

After demographic questions, which included single-choice questions about the par-
ticipants’ gender, age, degree, and experience with time-series visualizations, and a short
training phase to introduce the types of tasks and input options, the participants were
randomly assigned to one of the five designs. Before the actual tasks, the visualization
designs were explained and various attention questions were included between the tasks.
At the end of the study, the participants were asked to give free text feedback. The study
documentation is presented in the supplementary material.

Participants A total of 90 participants (64 male, 23 female, 2 diverse, and 1 prefer not
to say) took part in the study (Figure 6c). The age was distributed between 20 and 60,
but the majority of the participants (81.7%) were between 20 and 40 years old (Figure 6b).
As the OMC color scale is not suitable for color vision deficiencies, we use the Ishihara
test for color blindness [48] before beginning the study. 8 participants did not answer the
questions correctly, and were hence filtered out from the results. All participants came
from a university environment, i.e., they were students or had a higher academic degree,
and were recruited through advertising in lectures, mailing-lists, and word of mouth.
Thus, they should be familiar with exponential notation.



Chapter 2. Visual Communication of Large Value Ranges 41

o

100
8 -
()
(o)}
8 60
C
Q
O
o 40
[ 8
20
0 Log OML Horizon OMH SSB
B 5-very much ® 4-much B 3-some 2 - little 1 - none

FIGURE 7: Distribution of participants’ self-reported expertise per design.

The random allocation of participants among the different designs resulted in the fol-
lowing distribution: 15 people completed the tasks for the log-line chart, 17 for OML, 18
for the classic horizon graph, 17 for OMH, and 15 for SSB (Figure 6a). Due to the ran-
dom assignment in the between-subject study, there was a potential risk of an expertise
bias. We tested for dependence of the participants’ reported expertise in time-series us-
ing a y2-test, which showed no statistical evidence that designs and expertise correlate
with each other (y? = 16.168, p-value = 0.4431). Therefore, the results are comparable
(see Figure 7).

5. Results

In the described study setting, the visualization design as well as the tasks with their
different data conditions are the independent variables. For each task, we analyze error
(inaccuracy), confidence, and response time (i.e., the dependent variables of the study),
and provide a ranking of the proposed designs based on the results. In addition, we
summarize the participants’ open-ended feedback.

5.1 Analysis

Error Measurement As we have quantitative answers for identification and estimation
tasks, but categorical answers for discrimination and trend tasks, we use two different
error definitions to test H1.

To allow comparison with the results of Hlawatsch et al. [93], we use the same er-

ror calculation for the identification and estimation tasks: error = |1 — %l. This

measures the relative deviation from the correct value (the lower, the better). This er-
ror definition particularly takes into account the characteristics of logarithmic scaled
data. Thus, error; = |1 —10/100] and error, = |1 —1000/10000| give the same error value
(errory = errorp = 0.9), although the absolute error is different (90 resp. 9 000). Therefore,
an error > 1 indicates an exponent error.

We considered the method of Borgo et al. [23] to give a 20% error tolerance to the
correct value to evaluate the accuracy of an answer. However, it gives an inaccurate error
value due to answers being either just correct or not. They used this method because
some of their tasks resulted in uncertainty in the answers. This is not the case for us, as
we ask for precisely determinable values in our study. Thus, we decided not to use this
method.

For the discrimination and trend tasks, we use the error calculation of Hohn et al. [94].
Due to the single-choice nature of the questions, there is only the binary result of true or
false in both tasks. By replacing true and false with 1 and 0 (representing 100% resp. 0%
correctness), we create an accuracy of the answers. Subsequently, these are converted
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into error values by 1 —accuracy. This transformation preserves that lower error values
represent better results.

Significance Tests To analyze the results, we used a three-stage significance test for
each task. We first ran a Shapiro-Wilk test on the answers and response times to test if the
data is normally distributed. The test results showed that there is no normal distribution
for any of the tasks. Therefore, we use non-parametric tests for further steps.

The second stage of the analysis is divided into tests for quantitative and categorical
data. For the categorical confidence responses, we tested the answers for independence
in the designs with the y?-test. A dependence of confidence and design indicates a signif-
icant difference. For the quantitative errors and response times, we used Kruskal-Wallis
to test the designs on different means.

As post-hoc analysis for the independent observations we used a Wilcoxon-Mann-
Whitney-test for the quantitative answers and a x>-test for the confidence answers. This
was done only for tasks and answers that were found to be significant in the second stage.
This allows a comparison of all design combinations and the testing of our hypotheses.
The p-values of the combinational comparisons are presented in Section 5 in the form of
triangle matrices.

All test were performed with the standard significance level @ = 0.05 and a Bonferroni
correction factor of 10, corresponding to the number of pairwise comparisons per task
and measured aspect.

5.2 Error Rates

The results of the error analysis are summarized in Figure 8. For the identification and
estimation tasks, the figures consist of a global box plot zoomed to a range from 0 to 2 in
the lower part of the image (Figure 8a and Figure 8b). Box plots are constructed as fol-
lows: The box is bounded by the 25% and 75% quantiles of the data and contains a thicker
line indicating the median. The whiskers have a maximum length of 1.5 x [box height],
but only extend to the furthest data point within this range. The error bars for the discrim-
ination and trend tasks show the mean error with the 95% confidence interval (Figure 8c
and Figure 8d). In Figure 9, the error rates for the different data conditions are displayed.
Averages stated below are adjusted for outliers.

Identification Task Our two new designs OMH and OML performed best for the iden-
tification task, while Log and SSB were most susceptible to exponent errors (see Fig-
ure 8a). The Kruskal-Wallis-test indicated a significant main effect in error rates (y* =
23.582, p-value = 9.686e-5). The post-hoc pairwise analysis showed (Table 1a):

* OMH (¥ = 0) had a significantly lower error rate than the classic horizon graph
(¥ = 0.21) and the log-line chart (¥ = 0.14).

A separate consideration of the error rates for the different data conditions in Figure 9
showed that reading values on grid lines was very easy for all designs, as almost no errors
were made. For both the log-line and SSB charts, reading values at higher magnitudes
resulted in more errors, while for the classic horizon graph, this was the case at lower
magnitudes. Our OMH graph did not lead to increased errors in any of the conditions.
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FIGURE 9: Error rates for the different data conditions per task and design (the lower,
the better).

Discrimination Task In the discrimination task, only two errors each were made with
the OML (¥ = 0.042) and classic horizon (¥ = 0.037) design (see Figure 8c). These very
good results indicate that the participants responded to the tasks reasonably. Due to the
low number of errors, no significant main effect could be determined with the Kruskal-
Wallis-test (y? = 5.5137, p-value = 0.2385). Accordingly, no significant patterns could be
observed between the different data conditions (see Figure 9).

Estimation Task OMH performed best in this task. SSB again had the most exponent
errors, while the other three designs had similar error rates (see Figure 8b). The Kruskal-
Wallis-test showed a significant main effect (y> = 57.564, p-value = 9.422e-12). The
post-hoc pairwise analysis showed (Table 1b):

* OMH (x = 0) had a significantly lower error rate than all the other designs.

* SSB (¥ = 0.085) performed significantly better than the classic horizon graph (¥ =
0.356).

An analysis based on the data conditions showed different effects for the designs
(see Figure 9). With the two line graphs — log-line and OML -, it was equally difficult to
determine differences in values, regardless of the position of the values being compared.
The classic horizon graph was less prone to error the further apart the two values were.
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p-value | Log | OML | Horizon | OMH | SSB
Log -

OML 1.000 -
Horizon | 1.000 | 0.054 -
OMH 0.015 | 0.582 | <0.001 -
SSB 1.000 | 1.000 | 0.196 0.442 -
(A) Identification task.
p-value | Log OML | Horizon | OMH | SSB
Log -
OML 1.000 -
Horizon | 1.000 | 1.000 -
OMH <0.001 | <0.001 | <0.001 -
SSB 0.057 | 0.611 0.045 | 0.004 | -
(B) Estimation task.
p-value | Log | OML | Horizon | OMH | SSB
Log -
OML 1.000 -
Horizon | 0.006 | 0.022 -
OMH 1.000 | 1.000 | 0.125 -
SSB 1.000 | 1.000 | 0.012 | 1.000 | -

(C) Trend task.

TABLE 1: p-values of the pairwise Wilcoxon-test for the error analysis per tasks with
significant Kruskal-Wallis-test.

While most errors in SSB occurred at values in neighbouring orders of magnitude, our
OMH design resulted in very low error rates regardless of the conditions.

Trend Task For trend detection, the classic horizon graph had the lowest error rate of
all designs. An obvious reason for this is the linear scaling of the y-axis exclusively in the
classic horizon graph. Of the remaining designs, our new OMH and OML approaches
performed best (see Figure 8d). A significant main effect in the error rates was detected
by the Kruskal-Wallis-test (y? = 13.711, p-value = 0.008). The post-hoc pairwise analysis
showed (Table 1¢):

¢ The classic horizon graph (¥ = 0.074) had a significantly lower error rate than all
other designs except the OMH (¥ = 0.255).

Figure 9 shows the data conditions. The periodic trend was very well detected by
the participants in almost all designs. Note that here most of the errors occurred with
the classic horizon graph, which otherwise had the lowest error rates. For the line charts
OML and log-line, it was more difficult to detect the linear trend than the exponential
trend, while for OMH and SSB, the opposite was true.

In sum, the error analysis shows these rankings per task:

Identification: ~ OMH = OML > SSB = Log > Horizon
Discrimination: OMH ~ Log ~ SSB = Horizon = OML
Estimation: OMH > SSB > OML > Horizon = Log
Trend: Horizon = OMH = OML = SSB = Log



Chapter 2. Visual Communication of Large Value Ranges 46

100
80
60
40
20
oML " log oML

100

Percentage
Percentage

Log Horizon OMH SSB Horizon OMH SSB
m 5 - very confident ® 4 - confident ®m 5 - very confident ® 4 - confident
® 3 - medium 2 - unconfident ® 3 - medium 2 - unconfident
1 - very unconfident 1 - very unconfident
(A) Identification task. (B) Discrimination task.
100
80
[ CIJ
g 60 8
S 3
c e
Q Q
= =
& 40 &
20
0— — — - 0 .
Log OML Horizon OMH SSB Log OML Horizon OMH SSB
® 5 - very confident B 4 - confident ® 5 - very confident B 4 - confident
¥ 3 - medium 2 - unconfident ® 3 - medium 2 - unconfident
1 - very unconfident 1 - very unconfident
(C) Estimation task. (D) Trend task.

FIGURE 10: Distribution of the confidence answers per task (the higher the better).

These results partially confirm our hypothesis H1, although OML ranks in the middle
and the standard horizon graph has the lowest error rates in trend detection.

5.3 Confidence

Figure 10 provides an overview of the Likert-score distributions of the confidence
per task and design. The categorical responses were quantified for the means reported
below, but for statistical analysis, the designs and categorical answers were tested for
independence using the x>-test. For confidence, the higher the value, the better, as this
indicates the participants found the visualization easier to interpret. Hence, it provides
an additional qualitative indicator of the subjective trustfulness of the visualizations in
addition to the quantitative measures.

Identification Task The usage of our new two designs OMH (¥ = 4.353) and OML
(¥ = 4.021) led to the most confidence in the identification task. The confidences for the
follow-up designs Log (¥ = 3.738) and SSB (x = 3.733) were distributed similar, while the
classic horizon graph got the least confidence (¥ = 3.500). Using the y2-test, no significant
dependence between designs and confidences was found (y* = 25.742, p-value = 0.058).

Discrimination Task In general, the participants were very confident in all designs for
the discrimination tasks, which correlates to the very few errors made in these tasks.
Our new approaches OMH (¥ = 4.980) and OML (¥ = 4.938) have even received exclu-
sively the answers "5 — very confident" and "4 — confident" from the Likert-scale. The
confidences in the log-line chart (¥ = 4.619) and the classic horizon graph (¥ = 4.611) were
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p-value | Log | OML | Horizon | OMH | SSB
Log -
OML 0.185 -

Horizon | 0.817 | 0.159 -
OMH 0.122 | 0.567 | 0.047 -
SSB 0.016 | 0.006 | 0.034 | <0.001 -

(A) Discrimination task.
p-value | Log OML | Horizon | OMH | SSB
Log -
OML 0.310 -
Horizon | 0.007 | 0.007 -
OMH <0.001 | <0.001 | <0.001 -
SSB 0.178 | 0.800 0.004 0.001 -

(B) Estimation task.

TABLE 2: p-values of the pairwise y2-test for the confidences per tasks with significant
x*-test on all designs.

very close by, while SSB led to the least confidence (¥ = 4.356). The y?-test indicated a sig-
nificant dependence between design and confidence (y* = 47.342, p-value = 6.024e-5).
The post-hoc pairwise analysis showed (Table 2a) the following significant dependencies:

* SSB led to significantly lower confidence than all other designs.

¢ Participants were significantly more confident using OMH than the classic horizon
graph.

Estimation Task For the estimation tasks, our OMH graph provided the most confi-
dence (¥ = 4.235), followed by the SSB chart (¥ = 3.356), the OML (¥ = 3.313), and log-
line chart (¥ = 3.048) charts. Participants had the least confidence in the classic horizon
graph (¥ = 2.537). A significant dependence was shown by the y?-test (y> = 91.459,
p-value = 1.346e—12). The post-hoc pairwise analysis showed (Table 2b) the following
significant dependencies:

* OMH led to significantly higher confidence than all other designs.

¢ Participants were significantly less confident using the classic horizon graph than
all other designs.

Trend Task Confidence was very close for trend detection. Despite having the lowest
error rate for this task, the classic horizon graph led just to the second highest confi-
dence (¥ = 4.222) behind our OML design (¥ = 4.396). The order behind is log-line chart
(x = 4.167), OMH (x = 4.020), and SSB (x = 3.822). Due to the similar distributions, the
x?-test showed no significant dependence between designs and confidences (y? = 21.711,
p-value = 0.153).
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FIGURE 11: Response times per task in seconds (the lower the better)..

Given the results from the confidence analysis, the following design rankings per task
are suggested:

Identification: ~ OMH = OML = Log > SSB > Horizon

Discrimination: OMH = OML x> Log > Horizon > SSB

Estimation: OMH > SSB > OML = Log > Horizon

Trend: OML > Horizon > Log = OMH = SSB

Hypothesis H2 is partially confirmed, since OMH and OML lead the ranking together

in almost all tasks.

5.4 Response Time

A summary of the participants’ response times in seconds is shown in Figure 11 using
the same box plot design as for the error rates, with lower values being better.

Identification Task Participants responded fastest with our OMH design for the iden-
tification tasks (¥ = 21.228). The Log (¥ = 24.470) and SSB (¥ = 24.641) had almost equal
response times being three seconds slower, while the classic horizon graph (¥ = 26.183)
and OML (& = 29.689) were the slowest. The Kruskal-Wallis-test showed no significant
main effect (y? = 7.874, p-value = 0.096).

Discrimination Task The discrimination tasks were overall the tasks with the lowest

response times, and all designs have a maximum mean difference of less than five sec-
onds. The log-line chart was the fastest (¥ = 12.142), followed by OML (¥ = 13.299), OMH
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p-value | Log | OML | Horizon | OMH | SSB
Log -
OML 1.000 -
Horizon | 1.000 | 1.000 -
OMH 1.000 | 1.000 1.000 -
SSB 0.019 | 0.207 0.578 0.242 -

(A) Discrimination task.
p-value | Log | OML | Horizon | OMH | SSB
Log -
OML 1.000 -
Horizon | 1.000 | 1.000 -
OMH <0.001 | 0.004 | 0.004 -
SSB 0.098 | 0.192 | 0.196 1.000 -

(B) Estimation task.

TABLE 3: p-values of the pairwise Wilcoxon-test for the response time analysis per
tasks with significant Kruskal-Wallis-test.

(¥ = 13.414), and the classic horizon graph (X = 14.131), while the participants needed the
most time for the SSB chart (¥ = 16.853). A significant main effect in the error rates was
detected by the Kruskal-Wallis-test (y? = 9.962, p-value = 0.041). The post-hoc pairwise
analysis showed (Table 3a) only one significant difference:

¢ The log-line chart had significantly lower response times than the SSB design.

Estimation Task The estimation tasks took the longest of all four tasks, and the response
times varied the most between designs, with a maximum mean difference of more than
10 seconds. Our OMH method was the fastest (¥ = 22.964), which is consistent with
the error results, as were the second lowest response times of SSB (¥ = 26.249). Log
(x = 32.819), OML (x = 33.666), and Horizon (¥ = 34.094) were the order behind it. Due
to the high variation in the response times, a significant main effect was indicated by the
Kruskal-Wallis-test (y? = 23.834, p-value = 8.625e-5). The post-hoc pairwise analysis
showed (Table 3b) only the following significant differences:

* Our OMH design was significantly faster than all other designs except SSB.

Trend Task Matching the error and confidence results, the classic horizon graph got the
fastest responses (X = 13.296). This was followed by the two line graphs Log (¥ = 15.751)
and OML (x = 16.348), while the OMH (x = 19.396) and SSB (¥ = 20.520) tasks were
the slowest to complete. The Kruskal-Wallis-test showed no significant main effect (y* =
8.651, p-value = 0.070).

The following design rankings per task are suggested based on the response time
analysis:
Identification: ~ OMH X Log > SSB = Horizon > OML
Discrimination: Log = OML = OMH = Horizon = SSB
Estimation: OMH = SSB = Log = OML = Horizon
Trend: Horizon > Log = OML > OMH = SSB
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With these results, hypothesis H3 is rejected, since in almost all cases, OMH and OML
are not significantly worse than the others. In fact, there are among the fastest for some
tasks.

5.5 Free Text Feedback

We received open-ended feedback from 30 participants at the end of the study. From
this feedback, the introductions to the tasks and visualization techniques seemed to be
understandable for the participants.

We got most (8) comments on the OMH graph. Participants found our approach to
be exciting and mentioned that "using color to present the exponential is a very good
visualization method". It was noted that the choice of colors could be improved to make
it easier to distinguish between the bands. Using color as a visual channel to make it
easier to read accurate values was also mentioned for the OML chart. In general, the re-
sponses to both the OMH and OML designs were quite positive. Moreover, the feedback
confirmed the results that "trend detection was [the] most difficult" task with the OMH
design.

The standard horizon graph received mixed feedback. While it was noted that the
design was helpful for discrimination, it was criticized that the overlapping areas with
the corresponding value ranges distracted from the actual content of the graph.

For the log-line graph and the SSB chart participants indicated that these designs were
"not suitable for reading concrete data or determining the difference".

6. Discussion

Order of magnitude horizon (OMH) graphs either outperform significantly or per-
form comparably well to their currently used counterparts (log-line charts, SSB, and clas-
sic horizon graphs) in identification, estimation, and discrimination tasks in terms of
error, confidence, and response times. Order of magnitude line (OML) charts, however,
do not perform statistically better on error and response times. This confirms the conclu-
sions of previous works [23,29,93,94] from the area of visualizing large value ranges, that
the separate representation of mantissa and exponent is suitable for large value ranges
(H1). Moreover, it appears that this separation needs to be discrete, as the continuous
separation in the case of OML does not seem to be sufficient. For trend detection, the
classic horizon graph provides significant lower error rates compared to all designs but
OMH (lower, but not significant). Horizon graph'’s significantly better performance is an
indication that linear axis scaling is more appropriate for this type of task. It is interest-
ing to note the comparable performance of the two horizon-based designs, with OMH
exhibiting signs of speed-accuracy trade-off (SAT) effects (even if not significant) which
may indicate participants trading speed for accuracy while undertaking a complex task
with a new design. An interesting line of further investigation would be to examine if
increased familiarity and usage of OMH could potentially reduce this apparent trade-off
and increase performance similarity. These could indicate an inherent effect of the design
itself which leverages perceptual grouping.

In general, however, the results of the individual designs seem to be dependent on
the values of the queried data points and their ratios, as the analysis of the different
data conditions shows. For example, the SSB seems to be particularly difficult to read in
high orders of magnitude, despite its design being intended to favor large value ranges.
Furthermore, the exponential trend is easier to detect than the linear trend in the two line
charts (log-line and OML), whereas the opposite is true for OMH and SSB. In summary,
further guidelines for using different designs in specific data and task conditions may
emerge.
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Another interesting aspect is the advantage of using color as a visual variable. The
large amount of errors in the exponent of the log-line and SSB charts in identification
and estimation tasks suggests that color coding supports the detection of the correct ex-
ponents, as these are the only two designs not using color as a visual variable. An ad-
ditional indicator for this is that the participants had the highest confidence with either
OMH or OML (which use color coding) in all tasks (H2). Since OMH and the classic
horizon graph both use the design principles of the two-tone pseudo coloring [160], the
improved performance of OMH is most likely due to the novel y-axis composition.

Our OML technique uses the order of magnitude colors (OMC) colormap of Braun et
al. [29], and our results support the usefulness of their approach as it leads to improved
error rates compared to the standard log-line chart. The OMC color favors “banding ef-
fects” when crossing magnitude thresholds, which seems to have contributed to improve
the overall visual clarity in our OML layout, although we have not formally tested this in
our study. The improved error rates suggests OML to be worthy of further investigation
in those domains where not only large value ranges are present, but quantitative discrim-
ination of these magnitudes is a task of major importance. In addition, as pointed out by
Borkin et al. [24], the low data-to-ink ratio in OMH and OML is an indication that these
two visualizations may be more memorable than standard visualization techniques.

Participants had no previous experience with our new visual layouts, and we care-
fully designed our studies to minimize possible learning effects. We were therefore posi-
tively surprised by the fact that no significant global trade-off effect in the response times,
confidence, and error rates was detected. Only (not significant) SAT symptoms were de-
tected for OML in the Identification task, and OMH in the Trend detection tasks (as pre-
viously discussed), with participant trading speed for accuracy in both cases. This seems
to suggest that the cognitive load introduced by the new design was negligible (H3). The
consistency of the subjective confidence responses with the performance of the designs
implies that our new approaches were correctly interpreted. It would be interesting to ex-
plore further how easily our novel design can be learned when applied to more complex
scenarios, as also suggested in [202].

7. Limitations and Future Work

There are still some limitations to our visualization techniques that subsequently pro-
vide opportunities for future work.

As the error rates analysis showed and the participant’s feedback confirmed, our de-
signs are not well suited for trend detection. It would be interesting to see if an approach
can be developed that works well for trend tasks and one or more of the other tasks. De-
spite the great results of our OMH approach, participants’ comments also indicate that
there is room for improvement in the choice of colors for the different orders of mag-
nitude. The analysis also showed slower response times of OML charts compared to
log-line charts. This could be either due to the novelty of OML charts, or the increased
cognitive load from double encoding the values by position and color. Although the free
feedback suggests the former, this cannot be proven by our study and requires further
investigation.

Although a participant pool from university is not representative for the entire soci-
ety, it made sure that everyone knew the exponential notation. We are aware that our
study covers only part of the possible types of tasks and data, and that it would be in-
teresting to investigate different types of both (e.g. multiple time-series). Nevertheless,
it was sufficient to test our hypotheses. In particular, value scales with both positive and
negative values have not been considered in this paper. As mentioned in Subsection 3.1,
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this can be relatively easily implemented for the OMH design. For the OML chart, on the
other hand, further considerations are necessary.

Our approach leverages the effectiveness of visual encoding rather than relying on
user interaction (e.g., zooming). The ability to visualize the full data range reduces the
need for direct manipulation of the visualization. This has the advantage of being able to
maintain context and ensure consistency across different analytical tasks, as well as being
more suitable for print. However, it may be possible to integrate and adapt interaction
techniques to further increase the effectiveness (especially for long time-series) of the
visual encoding in future work.

Finally, our work has focused on orders of magnitude with base 10, as these are the
most common. Base 2 and base e would require more colors due to the high exponent
range, and vice versa for larger bases.

8. Conclusion

Our work presents two novel visualization designs to support the display of large
value ranges in time-series data: The order of magnitude horizon chart and the order of
magnitude line chart. Using an empirical user study, we showed the advantages of our
designs in accuracy, confidence, and response time for identification, discrimination, and
estimation tasks. The performance of our visualization designs for large value ranges is
partially dependent on the order of magnitude of the values to be evaluated, with values
between magnitudes being harder to compare. Our results confirm previous works in
the field of visualization of large value ranges [23, 29,93, 94] that the separation of the
mantissa and exponent is beneficial for the perception of values from large value ranges.
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2.3 Design and Evaluation of Visualizations for
Large Value Ranges in Multiple Time-Series

The latest work on the visual communication of large value ranges combines two chal-

lenging problems by visualizing large value ranges in multiple time-series. The design

space for large value ranges visualizations in time-series data is explored. Subsequently,

seven designs (standard approaches, the techniques from the individual time-series re-

search plus adaptions, and one novel design) are evaluated in two user studies using

data containing large value ranges and common tasks of multiple time-series research.
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Abstract:

This paper investigates the complex issue of visualizing large value ranges in multiple
time-series. We propose the design spaces for this composed visualization. In two crowd-
sourced user studies, we test seven designs: Three state-of-the-art designs, three exten-
sions to existing designs, and one novel design. We assess five tasks: Maximum and min-
imum identification, value discrimination, difference estimation, and slope assessment.
Our results show novel findings: For the minimum task, where values in low orders of
magnitude have to be identified, our novel height-stack line chart yields the best results.
For slope assessment and all tasks where the maximum value can be used as a proxy
for the correct answer (maximum, discrimination, and estimation), the linear line graph
shows comparable results to all other designs. Moreover, the use of visual mapping to
color supports the perception of mantissa and magnitude variations. Unexpectedly, our
results indicate that increasing the number of time-series does not generally reduce the
accuracy of estimation, discrimination, and identification. Our findings are domain in-
dependent. They provide useful insights for designers seeking to visualize large value
ranges in multiple time-series, e.g., for financial, medical, or meteorological data.

Information Visualization, 2025

1. Introduction

Time-varying data featuring large value ranges (i.e., time-series with range of values
of several orders of magnitude) are increasingly common across various domains includ-
ing finance, medicine and beyond. A familiar example is the comparison of COVID-19
cases across different regions which can easily exhibit ranges from zero to one hundred
thousand [121].

Standard time-series visualization designs — such as linear line charts — work well for
small value ranges [4,68]. However, they fall short in effectively displaying large orders
of magnitude, with small values “hidden” by the large range of the axis. Solutions for
showing both small and large values have been previously investigated for individual
data sets [23,25,93,94]. For example, Braun et al. [25] successfully developed new designs
for showing large values ranges within a single time-series, although open questions
remained on the extent of the contribution of using color to the readability.

The complexity of displaying large value ranges is further increased when consid-
ering not just a single time-series, but multiple time-series. This changes the tasks to
be performed on the visualizations, since comparing is always required. Furthermore,
the screen space available for the individual visualizations decreases as the number of
time-series increases, making it more difficult to identify details.

Hence, it is unclear whether the efficacy observed in single time-series extends to
comparisons involving multiple time-series. Moreover, existing literature on multiple
time-series focuses exclusively on data sets with small value ranges [75,76,100,167]. Thus,
we aim to resolve the following research questions:
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* RQ1: Are state-of-the-art visualization designs for large value ranges in single time-
series also effective for visualizing multiple time-series?

* RQ2: To what extent does the visual mapping to color contribute to the readability
of magnitude variations in large value range visualizations?

* RQ3: How does the performance of our novel height-stack line chart compare to
existing visualization designs for multiple time-series with large value ranges?

In order to find suitable combinations of visualization designs for both areas, we ex-
plore the design spaces for large value ranges and multiple time-series visualizations
including both juxtaposed and superposed layouts.

As a result, we compared seven visualization designs: Three of which represent state-
of-the-art designs for each of the two domains (the standard linear line chart and the
two designs from Braun et al. [25]), three of which are extensions of existing designs
(adaptions of the order of magnitude line chart and warming stripes), and the newly
designed height-stack line chart (see Figure 1).

We conducted two crowdsourced user studies with 105 participants each to answer
the research questions.

In the main study, we evaluated all designs on four low-level tasks [10,31,187] that are
common for using visualizations of large value ranges [23,25,29,93,94] and multiple time-
series [75,76,100,141,190]: maximum identification and reading, value discrimination,
difference estimation and slope assessment.

For all tasks, we test different levels of difficulty with respect to the number of time-
series (2 and 4) and data properties (magnitude differences between the series).

All designs perform comparably in terms of accuracy to the baseline of the linear line
chart for the tasks tested, while being significantly worse in terms of task completion
time. Surprisingly, in contrast to research on the accuracy of small value ranges [100], the
accuracy of the adapted designs for large value ranges seems to increase in several cases
when more time-series are presented. Moreover, the use of color in visualizing large
value ranges supports their readability.

Based on our findings regarding the previous four tasks, we conducted a follow-up
study containing the minimum task to test the special properties of large value ranges
that the entire value range (including small values, which often have low discriminabil-
ity) is important. For minimum identification, our height-stack line chart (HSLC) design
outperforms all other techniques. This indicates that our new design works well across
the entire value range.

The remainder of the paper is structured as follows: We first present an overview of
current methods and evaluations (Section 2). Then, we present the design spaces and the
visualization designs tested in the studies in Section 3. Afterward, the structure of our
user studies is described (Section 4), followed by an exposition of their analysis and re-
sults (Section 5). At the end, we interpret our findings (Section 6) and discuss limitations
and open research questions (Section 7).
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2. Related Work

There are three main related areas of research: Visual comparison in general, visual-
izations for multiple time-series in specific, and visualizations for large value ranges.

Visual Comparison Gleicher et al. [78,79] provided a taxonomy of comparative designs
that groups designs in three categories: Juxtaposition designs present each object sepa-
rately (e.g., small multiples), superposition designs present multiple objects overlaying in
the same coordinate system, and explicit encoding designs directly visualize connections
between objects. In 2021, L'Yi et al. [118] used this taxonomy as a basis to survey the
current state-of-the-art in comparative layouts, and summarized their results as a set of
guidelines for visualization designs. We use these taxonomies and guidelines as a basis
for our design decisions for our experimental setup and visualization choice.

Visualization of Multiple Time-Series While there is much research on visualizing sin-
gle time-series [2,4,6-8,33,34,51,68,81,90,98], we focus on multiple time-series.

Javed et al. [100] compared juxtaposed time-series visualizations with superimposed
visualizations for identification, discrimination, and slope tasks. They found that split-
space (i.e., juxtaposed) techniques were more efficient for comparisons with a large visual
span, while shared-space (i.e., superimposed) techniques were more efficient for smaller
visual spans. These results are in contrast to the results of other studies [118,135], in
which superimposed layouts surpassed others in all tasks. Franke et al. [75] confirmed
that the performance of visualization techniques for multiple time-series is task depen-
dent. This large variance in results for different tasks prompted us to test both superim-
posed and juxtaposed visualizations in our study.

Many [76,89,99,110,141] visualization designs have been proposed and evaluated for
multiple time-series. We will consider this variety of designs to determine whether they
are extendable to supporting large value ranges.

Visualization of Large Value Ranges Hlawatsch et al. [93] were the first showing that
visualizations designed especially for the characteristics of large value ranges outperform
standard techniques in accuracy and response time. A common [23,25,29,94] approach
in visualizing large value ranges is the separate representation of mantissa and exponent.
It is, however, not yet clear which mapping of the mantissa and exponent to which visual
variables allows for the best results.

For time-dependent data, line charts with logarithmic scaling are the most common
visualization technique for time dependent data with large value ranges [111, 155, 164].
However, other approaches do exist, such as the order of magnitude horizon graph [25]
(Figure 1f) and order of magnitude line chart [25](Figure 1c), which make use of color
to visualize either the exponent e or mantissa m of a value v = m - 10°. These designs
outperformed the standard log-line charts for single time-series. We will include these
designs in our study to evaluate whether these results extend for multiple time-series.
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FIGURE 2: Design space for large value ranges in time-series data: examples of visu-
alization designs for mapping mantissa and exponent to Y-position and/or color.

3. Visualization Designs

The combination of large value ranges and multiple time-series adds complexity to
the design process. With multiple series, the screen space available for the individual
visualizations decreases with the number of time-series. Moreover, each task includes
a comparative component. To be comparable to previous research [4,25,29,75,100], we
restrict ourselves to non-interactive visualizations that can also be used in printed media.
In order to determine which design compositions are promising, we first explore the
design spaces of both areas. Afterwards, we describe the individual designs tested in the
user study.

3.1 Design Space - Potential Designs

Design Space for Large Value Ranges Current designs [23, 25,29, 94] for large value
ranges in time-series, all map the time to the x-position. They then split a value v = m - 10¢
into a continuous mantissa m € [1,10) and a discrete exponent e, which are mapped to the
y-position and/or color [18]. This separation allows for a direct comparison of mantissa
and exponents of two or more values or time-series.

The design space for showing individual time-series is spanned by the combinations
of visual mappings to y-position and to color for mantissa and exponent. We enumerate
the combinations in Figure 2 and show examples of visualization designs for each combi-
nation. Additionally, we fill in the unexplored combinations through changing the color
scheme of existing visualization designs. For the mapping of mantissa to color and expo-
nent to y-position, simply changing the color scale was not sufficient. Thus, we created a
new design: The height-stack line chart (HSLC).
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Design Space for Multiple Time-Series Besides the existing techniques for visualizing
multiple time-series [76,89,99,100,110,141], one additional dimension of the design space
for showing multiple time-series is whether juxtaposition, superposition, or explicit en-
coding is used [78,79]. As explicit encoding would require a complete redesign of the
visualization, and hence is out of the scope of this paper.

The designs in Figure 2 can all be represented using juxtaposition easily. Using super-
position is however more complicated. The standard way of identifying different series
in superposition is mapping each series to a color. However, all but one of the designs
(OMLr) identified, already have a mapping to color. For OMH and HSLC it would tech-
nically be feasible to split the color variable in hue and lightness, but this would result in
an unpractical amount of overlap. An alternative braided design as considered by Javed
et al. [100] was also not recommended for multiple time-series. Hence, we only include a
superimposed variant of OMLr as a superimposed design, resulting in OMLs.

3.2 Tested Designs

Testing all combinations of the designs space would have overwhelmed the evalua-
tion (see Figure 2). To prioritize the most promising designs from previous studies [25],
we exclude mappings that only require color changes, as we do not expect these to per-
form significantly different. Thus, all bolded designs in Figure 2 (OML, OMLr, OMH,
HSLC, WS) were tested. Moreover, we tested a juxtaposed linear line chart (Lin) and a
superimposed version of the OMLr chart (OMLs) as baseline designs (see Figure 1).

Height-Stack Line Chart (HSLC) Our novel design — the so-called “height-stack line
chart” (Figure 1a) — builds upon techniques of large value ranges by separately repre-
senting the mantissa and exponent. We map the mantissa to color, and the exponent
to the (discrete) y-position. The novel representation of the exponent on the y-position
supports the perception of magnitude changes, especially in the context of reduced pixel
availability with multiple time-series. For the color scale, we chose to use viridis. As
a perceptually uniform, multi-hue color scale, it allows for the best possible perception
of the mantissa in the small range of [1 —10) [105, 134, 200] and preserves the “dark is
more” bias [83]. Even though the data in our study assume discrete mantissas, we use a
continuous color scheme to be able to map the entire possible value range.

To enhance the perception of absolute value changes, we adjusted the scaling of
HSLC’s y-axis to be non-linear. This has the advantage that the difference in heights
show relative value changes. The distances between the discrete exponents y-axis tick
marks increase quadratic (i.e., a value v = m - 10¢ is drawn at y = e + e +1) to strike a bal-
ance between visibility and screen space. Although we consider only positive values in
our study, HSLC can easily be extended for negative values with a divergent color scale.

OMC Warming Stripes (WS) The original “warming stripes” (WS) are charts devel-
oped to show climate changes over time [88,170]. Nowadays, however, they have been
used for other applications with time-dependent data as well. Warming stripes consist
of narrow vertical segments (stripes) arranged horizontally from left to right. Each stripe
represents one time step. The arrangement from left to right corresponds to the time on
the horizontal axis. The value of each time point is indicated by the color-coding of the
respective stripe. This can save a lot of vertical screen space by mapping data values to
color instead of y-position, as in line or bar chart.

We adapt this approach to the challenges of large value ranges — so-called “OMC
WS”. We combine warming stripes with the order of magnitude color scheme (OMC) de-
veloped by Braun et al. [29]. The OMC scale is specifically designed for large value ranges
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by using a different hue for each exponent and a sequential scale of the respective hue
for the mantissa. The change in hue between the different orders of magnitude reduces
the probability of magnitude errors. An example of the result can be seen in Figure 1g.

Order of Magnitude Horizon Graph (OMH) The Order of magnitude horizon graph
(OMH) (Figure 1f) is a design developed for showing single time-series with large value
ranges. In the study by Braun et al. [25], this design outperformed all other tested designs.
OMH is an adaptation of the standard horizon graph [71,150,160]. Horizon graphs divide
the value range into multiple bands of equal size. The bands are then overlaid on a shared
y-axis and color is used to distinguish the individual bands.

In the OMH design, each band represents a different order of magnitude, with the
number of bands depending on the number of orders of magnitude. The coloring of the
bands is based on the hue gradient of the OMC color scale: The larger the magnitude of
a band, the higher the saturation. By construction, the mantissa is mapped to a contin-
uous y-axis. The resulting visual mapping swaps the visual variables of exponent and
mantissa compared to our HSLC design.

Order of Magnitude Line Chart (OML) The second design introduced by Braun et
al. [25] for single time-series with large value ranges — the order of magnitude line chart
— is an extension of the logarithmic line chart. It uses linear scaling within each order of
magnitude for easier reading of the mantissa and colors the area below the line in the
graph using the OMC color scale (Figure 1c). Thus, each value is double-encoded by the
visual variables y-position and color.

OMLr: An open question that arose from the work of Braun et al. [25] was whether
the reason for the improved results of the design was the improved axis scaling or the
use of color (our RQ2). To answer this question, we also include the OML design without
color (OMLr) (Figure 1d).

OMLs: We also consider the superimposed variant of OML. Here, we modify OMLr
to a superimposed chart, where each different time-series is colored using a categorical
color scale from ColorBrewer [86] (Figure 1e).

Linear Line Chart Finally, we include the linear line chart as a baseline to compare
against. The logarithmic line chart was already compared in previous work [25], and
hence we do not include it in this study:.

4. Evaluation

We performed two users studies to evaluate the seven visualization design, including
state-of-the-art designs (Lin, OMH, OML), extensions of existing designs (OMLr, OMLs,
WS), and one novel design (HSLC). In the first study we compare these seven designs in
four different tasks (maximum identification, value discrimination, difference estimation,
and slope assessment). Our experiment hypotheses and test plan were preregistered
on OSF. We have changed the presentation of these hypotheses for increased clarity of
reading. The content and statistical tests performed remain the same.

e H1, H2: Our new HSLC design reduces error rates (H1) and response times (H2) in max-
imum, discrimination, estimation, and slope tasks on large value ranges in multiple time-
series compared to state-of-the-art designs for large value ranges in single time-series.

We expect that mapping the exponent to the y-position reduces exponent errors due
to an increased perception of magnitude variations. Thus, we expect participants
to be more accurate and faster with HSLC.
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e H3, H4: The order of magnitude horizon graph outperforms all variants of the order of
magnitude line chart in maximum, discrimination, estimation, and slope tasks in terms of
accuracy (H3) and response time (H4).

We expect that the results of Braun et al. [25] for large value ranges in single time-
series (i.e., OMH outperforming OML) will also apply to large value ranges for
multiple time-series.

e H5, H6: Maximum, discrimination, estimation, and slope tasks in order of magnitude line
charts are more accurate (H5) and faster (H6) with double-encoding of color and position.
We expect the double-encoding via color of the OML design to improve readability
of exponent variations. With double-encoding, viewers could use their preferred
visual variable to determine the answer and the second variable to validate it.

e H7, H8: The linear line chart is less accurate (H7) and slower (H8) than designs for large
value ranges in maximum, discrimination, estimation, and slope tasks.
Linear line charts work well for multiple time-series with small value ranges. How-
ever, visualizations explicitly designed for large value ranges should enhance the
readability for this type of data, as previous studies [23, 25,29, 93, 94] proved for
other data types.

In the second follow-up study (performed after seeing the results of the first study)
we additionally tested the minimum identification task to gain more insight into how the
designs perform on the entire value range in multiple time-series. In all other regards,
the second study follows the same structure and procedure as the first study. We did not
preregister hypotheses for this second study, but expected the outcome of the hypotheses
H1-H8 of the first study to apply equally to the second study.

4.1 Tasks

We evaluate five low-level tasks that follow state-of-the-art task taxonomies [10, 31,
187]: Maximum and minimum identification, value discrimination, difference estimation
and slope assessment. These tasks are composed of typical tasks from the two research ar-
eas related to our work: identification, discrimination and estimation are standard tasks
in large value ranges research [23, 25,29, 93, 94], while maximum, discrimination, and
slope tasks are commonly used in studies on multiple time-series [75,76,100,141]. The
minimum task (tested in the second study) additionally aims to test whether the designs
can appropriately display lower orders of magnitude in large value ranges. One ma-
jor difference between single and multiple time-series tasks is that each task inevitably
contains a comparison component with more than one series.

For each of the five tasks, we will consider combinations of two different difficulty
levels: The amount of time-series, and the exponent difference between the time-series.

For the amount of time-series, we will present either 2 or 4 for each task to measure
the scalability of the visualizations. In general, the more time-series are presented [75,
100], the more difficult the task becomes. Considering the complexity of the visualization
designs, we restrict ourselves to four time-series to prevent visual overload. A small pilot
study within the working group showed that the simultaneous display of more than four
time-series (combined with the large value ranges) resulted in unreadable visualizations
due to clutter and lack of available pixels on desktop screens.

For many of the visualizations and tasks, it is easier to compare values when they
have a different exponent as differences become more pronounced. Hence, we consider
both the case that the exponents e at the target time points for the task are the same in all
time-series, and where they have a difference of at least 1.
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FIGURE 3: Study Interface. The example shows a maximum task for HSLC design.
Participants pick the time-series with the maximum value at the marked time point
from a drop-down list and type the corresponding numerical value.

Maximum — Value Identification and Reading Participants had to identify and estimate
the time-series containing the maximum value at a specific time point. The target time
point is the same for all (2 or 4) series. An example of the interface for the experiment is
shown in Figure 3. Here, participants used a drop-down list to select the time-series with
the maximal value, and manually typed the value in a text box.

Discrimination — Value Comparison Participants had to pick the time-series contain-
ing the maximum value at different time points for each time-series. These time points
were distributed randomly through the x-axis. Similar to the previous task, participants
selected their answer from a drop-down list. It was not asked for a numerical value.

Estimation — Difference Determination Participants had to pick the time-series with
the minimum value, maximum value, and estimate the value difference between the two
time-series. The target time point was the same for all series, reflecting the real-word task
of estimating the value range covered by all time-series at a given time. The time-series
selection was done via drop-down lists and the value difference had to be typed in a text
box.

Slope — Trend Detection Participants were asked to select the time-series with the high-
est value decrease over the entire time span. That is, find the time-series with the greatest
value difference between the first and last time point. All data sets in the task featured a
decrease between start and end to ensure equal difficulty across the trials. As in previous
tasks, time-series selection was done via a drop-down list.

Minimum - Value Identification and Reading The task has the same structure as the
maximum task, except participants are asked for the minimum at a specific time.
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4.2 Data

To generate the data for our tasks, we mirrored the process of Braun et al. [25]. The
data for all time-series use generic, contextless variables in order to provide generalizable
results. We keep the data homogeneous in terms of scale, i.e. all time-series use the
same axis value range. The data covers a value range of [0, 100 000] using only integer
mantissa. Although value ranges can be arbitrarily large, we have chosen to fix it at
this level. Particularly in combination with multiple time-series, displaying larger value
ranges even with designs developed for it is difficult due to the limited number of vertical
pixels available. In addition, data that exceed this range are often scaled to smaller ranges
(e.g., values are shown “in billions” and only the first digits are visualized). Since we do
not focus on long time-series or streaming application, each data set consists of 100 data
points.

We use constrained random walks to generate synthetic data sets for our user study
using a uniform distribution to model ecologically valid data sets [1,185]. We start with
a random value within the range of [1000,10 000]. Iteratively, the mantissa is then ran-
domly changed by [-2,2] to generate a single time-series for a task. The process was
then repeated as often as the number of time-series required. Each task and difficulty
level used a different set of time-series.

The marked time points were randomly selected from the previously generated data
sets according to the conditions of task and difficulty level. We used rejection sampling
for the generated data sets and time points to match the conditions (i.e. not decreasing
from start to end, or not having time points with the same exponents). The different vi-
sualizations designs used the same data per trial for comparability. Although smoothed
generated walks may not fully emulate real-world time-series, they enable us to main-
tain control over study conditions and ensure consistent difficulty levels across all trials.
Furthermore, their utilization for data generation has been established in previous time-
series research [90,98,99].

4.3 Stimuli Design

To optimize data readability we followed state-of-the-art visualization guidelines [61,
129,193]. As we are testing low level tasks such as reading and comparing values in
multiple time-series, we use minimalistic presentations. Hence, we exclude any visual
embellishments that are not necessary for understanding the visualizations and would
distract from the actual data [16,72]. Similar to Braun et al. [25], we established common
design criteria and applied them consistently to all tested designs to ensure consistency
in the evaluation.

Labels: We excluded labels for the time axis as they are not required for any of the
tasks and could cause semantic distractions.

Grid lines: Following literature on grid lines [15,70, 175], we show only a limited
number of grid lines. In particular, the main grid lines for the orders of magnitude have
tick marks and labels, and a minor grid line with reduced opacity for the mantissa value
of 5 is shown.

Space: We allocated an equal amount of total screen size (1400x600px) for juxtaposed
and superimposed visualization designs. This reflects real-world conditions where the
amount of space for a visualization is fixed.

Juxtaposition: We positioned all juxtaposed charts from top to bottom to align the
time-series. We allow for spacing between the charts to prevent confusion and make
room for visual markers.

Visual markers: To indicate the time points of interest for relevant tasks, we use
visual markers. Previous studies for single time-series used small vertical lines above
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and below the visualization [25,90,98,99]. This is not feasible for multiple time-series, as
there is no clear indication which time-series they refer to. Therefore, we mark the time
point of interest using arrows above and below all charts (see Figure 3) and place these
outside the visualization to prevent occlusion.

4.4 Experimental Setting

Procedure Our two studies were conducted in a between-subject setting. Each visu-
alization design defined one of the seven between-subject groups. This study structure
provides two major advantages [38]: First, it rules out the possibility of learning effects
that occur in within-subject studies. Second, it reduces the total number of trials per
participant, allowing us to test for multiple levels of complexity per task.

For each task, the participant was shown either two or four time-series on the screen,
with the values at time points of interest in these series either having the same or a dif-
ferent exponent. This results in a total of 1[design] x 4[tasks] x 2[number of series] x
2[exponent condition] = 16 trials per participant for the first study and 4 trials for the
follow-up study only containing the minimum task. The order of the tasks, amount of
time-series shown, and exponent condition were all randomized for each participant to
prevent ordering effects. Since we used the same data for all designs, 20 different data
sets were generated for the studies.

After each task, participants had the opportunity to take a short break if necessary.
The average completion time of the first study was 24 minutes and participants were
compensated by £3.18. For the follow-up study, the average completion time was 11
minutes and participants were compensated by £1.75.

Within the study interface, each page hosted a single trial and participants were re-
quired to manually click a button to progress to the subsequent page. We omitted a back
button to prevent learning effects by subsequent changes of responses. We recommended
a screen size of 13" or larger to be able to view the entire trial at a glance (we could not
check participants’ actual screen sizes in our current system).

At the start of the studies, we asked the participants single-choice questions about
their gender, age, degree, and experience with time-series visualizations. The randomly
assigned design was then explained to the participants and a practice example includ-
ing feedback was given on how to read a value in this visualization. Before each task,
an additional example and training was provided to explain how to use the respective
visualization for the task. In between the tasks, attention checks were included. At the
end of the studies, we asked participants about their subjective perceived task difficulty
and the aesthetics of the visualization design they saw in the study on a 5-point Likert
scale [186]. They were also able to provide free text feedback.

Participants The studies were conducted online using Limesurvey [115]. We recruited
the participants for our study from the crowdsourcing platform Prolific [145] and reached
our target sample size of 105 participants (15 participants per design) in both studies after
filtering for exclusion criteria. To participate in the studies, people had to be older than
18 years, speak fluent English, and not have color vision deficiencies, which we tested
with the Ishihara tests for color blindness [48]. In addition to the preregistered criteria,
we also excluded participants who might not have come into contact with exponential
notation before. Hence, we excluded participants without at least a bachelor degree in
subjects where one would encounter and use exponential notation.
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Out of the 105 participants, 49.5% were female and 50.5% were male in both studies.
The age was distributed between 20 and 50, with the majority of the participants (81.7%
in the first study, 75.2% in the follow-up) between 20 and 30 years old.

A between-subject study design inherently poses the risk of uneven distribution of
expertise among participants. We tested for dependence of the self-reported experience
with time-series visualizations using a chi-squared test, which showed no statistical ev-
idence that designs and expertise were correlated (first study: p = 0.486, x* = 17.54;
follow-up: p = 0.506, x> = 23.24). Thus, the study results are deemed comparable.

5. Results

For each study task, we measure error (inaccuracy) and response time in total and
separated for the number of time-series and exponent conditions tested. In addition, we
analyze participants’ self-reported task difficulty and perceived aesthetics of the design
they had to use.

5.1 Analysis

Error Measurement In our study tasks, we have two different types of response data:
Quantitative responses for the maximum, minimum, and estimation tasks (i.e., the value),
and categorical responses in discrimination and slope task for selecting the correct time-
series (i.e., the selected series). Therefore, we use two different error definitions to test for
inaccuracy.

For the quantitative responses, we use an error measure similar to Braun et al. [29].
While log-errors used in previous works (e.g., as in [94]) either favor over- or underes-
timation of the sought value and emphasize larger absolute errors, our measure leads
to comparable results in terms of values. Moreover, it allows to gain more insights into
types of error specific to data with large value ranges: It highlights whether mantissa
or exponent errors were made. To calculate the error, let v,,,, be the maximum value
and v, the minimum value of the correct and given answer. Let e(v) and m(v) be the
exponent e and mantissa m of a value v. Then the error is:

(M (Vimax) = m(Vimnin))

9

error = (e(Vinax) — €(Vmin)) + 1)
This metric measures the deviation of the response value from the true value in mantissa
steps. For example, with a true value of 200, a response of 500 would result in error = 0.33,
as would a response of 80, with both being 3 mantissa steps off. Lower values indicate
better performance and an error > 1 indicates an exponent error (in the example above
response values of 20 or 2000). This error definition allows for an easy interpretation of
the error values:

® error < 1: Mantissa incorrect, exponent correct
® error > 1 € N: Mantissa correct, exponent incorrect
e error > 1 € R\ N: Mantissa incorrect, exponent incorrect

For the measurement of errors in the selection of time-series, only binary results of
correct or incorrect selections are possible. Hence, we use the percentage of incorrect
answers as our error metric for these tasks.
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FIGURE 4: Errors per design and study task (the lower, the better).

Significance Tests In the analysis of the results, a three-stage significance testing ap-
proach was employed for each task, following the preregistered testing plan. Initially, we
ran a Shapiro-Wilk test on both error rates and response times that revealed no normal
distribution in the data. Thus, the use of non-parametric tests for subsequent analysis is
required.

In the second phase of the analysis, different tests were used depending on the type
of response data. The categorical responses for the self-reported difficulty and aesthet-
ics were tested for independence using a chi-squared test. The quantitative errors and
response times were tested for difference in distribution using the Kruskal-Wallis test.
Subsequently, post-hoc analyses were conducted on tasks and responses deemed signifi-
cant in the preceding stage. Pairwise chi-square tests for categorical responses and paired
Wilcoxon signed-rank tests for quantitative responses allow for comparison of all design
combinations and testing of our hypotheses. We used two-sample Wilcoxon tests for
differences in error and response time for the difficulty levels per design.

All tests were performed with a standard significance level of & = 0.05, and a Bonfer-
roni correction factor of 21 was applied to account for the numerous pairwise compar-
isons per task and measured aspect.

5.2 Error Rates

Figure 4 provides an overview of the error rates per task and design, whereas Fig-
ure 5 differentiates these errors by the number of time-series and Figure 6 by the differ-
ent data conditions. All box plots (used for the quantitative answers in the maximum,
minimum, and estimation tasks) show the 25% and 75% quantiles of the data, while the
thicker line within each box indicates the median. The whiskers have a maximum length
of 1.5 x [box height], but only extend to the furthest data point within this range. In the
discrimination and slope task, participants only had to select the correct time-series. For
these tasks, the bar charts show the mean error, and the error lines show the error’s 95%
confidence interval.
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Maximum Task For the maximum task, OMH lead to the lowest median error rate
(¥ = 0) when reading the maximum value. All other designs shared a median error
rate of 0.11. The Kruskal-Wallis test indicated a significant difference in the error rates
(p = 0.01, x% = 15.96). The pairwise Wilcoxon test showed one significant difference:

¢ OMH had a lower error rate than WS (p < 0.01).

Differentiating by the conditions, two additional significant effects were found by Wilcoxon
tests:

¢ OMH had a higher error rate for four time-series (p = 0.02).

¢ HSLC (p < 0.01) and Lin (p < 0.01) had lower error rates when exponents differed.

Discrimination Task With the OML design, participants made no errors at all in the
discrimination task. All other designs except OMLs (¥ = 0.27) had an error rate around
0.1. The Kruskal-Wallis test indicated a significant difference in the error rates (p < 0.01,
x? =22.76). The post-hoc pairwise comparison showed:

e OML has fewer errors than OMLs (p < 0.01).

For the number of time-series and exponent conditions, no significant effects were found.

Estimation Task The OMC warming stripes (¥ = 0.21) and the linear line chart (¥ = 0.17)
had the highest error rates in the estimation task. Similar to the maximum task, all other
designs had a median error rate of 0.11. However, OML, OMH, WS, and Lin have larger
variances in the reported answers. For this task, the Kruskal-Wallis test indicated no
significant difference in the error rates (p = 0.19).

Comparing the error rates per condition, significances were found only for the linear
line chart:

e Lin had a lower error rate for four time-series (p < 0.01).

¢ Lin had a lower error rate when exponents differed (p < 0.01).

Slope Task The slope determination task was the most prone to errors out of all tasks.
Lin (x = 0.32) and OML (¥ = 0.38) had the lowest error rates, while error rates exceeded
0.5 for OMLs, OMH, and WS. This means that more than half of the answers given for
these three designs were incorrect. The Kruskal-Wallis test showed no significant main
effect (p = 0.05) between the designs.

The slope task is the only task in which the increase in the number of time-series led
to the expected increase in error rate for all designs. The following significant differences
were found by Wilcoxon tests for the conditions:

e OML (p =0.04) and Lin (p < 0.01) had more errors for four time-series.

e OML (p < 0.01), OMLr (p < 0.01), OMLs (p < 0.01), and WS (p = 0.02) had fewer
errors when exponents were equal.
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Minimum Task Our novel design HSLC had the lowest median error rate for reading
the minimum value (¥ = 0). OMH and OMLs share the second lowest error (¥ = 0.22),
while participants made more mistakes with the order of magnitude line chart designs
(Yomrs = 0.28, Xomrr = 0.44, omr = 0.56). The highest error rate was for the linear line
chart (¥ = 1.89). The value 0 was given as the answer for Lin in 82% of the 60 trials.
The Kruskal-Wallis test indicated a significant difference in the error rates (p < 0.01,
x? = 143.35). The pairwise Wilcoxon test showed the following significant differences
between designs:

¢ Lin has a higher error rate than all other designs (pan < 0.01).

¢ HSLC had a lower error rate than all other designs except OMLs (pomr, omLr, ws <
0.01, pomy = 0.02).

Differentiating by the number of time-series and exponent condition, two signifi-
cances were found by Wilcoxon tests for minimum estimation:

¢ HSLC had a lower error rate when exponents were equal (p < 0.01).

¢ Lin had a higher error rate for four time-series (p < 0.01).

Summary Hypothesis H1 (HSLC reduces error rates compared to state-of-the-art designs) is
rejected for all tasks except the minimum task, as some designs performed better than
HSLC in the others. H3 (OMH outperforms all variants of OML in terms of accuracy) is
rejected, as OML had lower error rates than OMH in discrimination, estimation, and
slope task. H5 (OML charts are more accurate with the use of color) is partially accepted:
OML yields fewer errors in all tasks compared to OMLr, but not significantly. H7 (Lin is
less accurate than designs for large value ranges) is accepted only for the minimum task. Lin
performed better (non-significant) than all other designs in the slope task and was not
significantly worse in the other tasks.

5.3 Response Times

An overview of the response times (per trial) per task and design is given in Figure 7.
Figure 8 and Figure 9 separate the response times by the number of time-series and ex-
ponent conditions. The response times always increase when the number of time-series
increases from 2 to 4.

Maximum Task Comparing the response times for the maximum task, participants
responded the fastest with the linear line chart (¥ = 22.05sec), followed by OML (x =
22.9sec) and OMLs (¥ = 26.16sec). The longest time was taken with OMH (x = 34.53sec)
and OMLr (¥ = 36.87sec). The Kruskal-Wallis test indicated a significant main effect
(p < 0.01, x> = 45.91) and the pairwise Wilcoxon test showed the following significances:

¢ Lin was faster than OMLr (p < 0.01), OMH (p < 0.01), and WS (p < 0.01).
¢ OML was faster than OMLr (p < 0.01) and OMH (p = 0.02).
e OMLs was faster than OMLr (p = 0.01).

For the conditions, all designs were slower with four time-series. For all designs except
HSLC the response times increased when the exponents were equal. Two significances
were found by Wilcoxon tests:

¢ OMLr was slower for four time-series (p = 0.02).

* OMLr was slower for equal exponents (p < 0.05).
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FIGURE 9: Participants’ response time per task and design separated by exponent
condition (the lower, the better).

Discrimination Task For the discrimination task, Lin (x = 11.24sec) and OML (x =
12.53sec) were again the fastest, and OMH (¥ = 30.43sec) and OMLr (¥ = 24.58sec) the
slowest. Kruskal-Wallis indicated a significant main effect (p < 0.01, x? =83.41) and the
pairwise Wilcoxon test showed the following significant differences:

¢ The linear line chart was faster compared to all designs (p = 0.04 for WS, p < 0.01
for others) except OML.

* OML was faster than all designs (pusic = 0.01, p < 0.01 for others), except WS and
Lin.

e WS was faster than OMLr (p < 0.01), OMLs (p < 0.01), and OMH (p = 0.01).

For the conditions, all time-series were slower for four time-series. For the exponent con-
dition, only OMLs had a substantial jump in the median response times. The following
significant results were found by Wilcoxon tests:

e HSLC (p = 0.04), OML (p = 0.04), OMLr (p < 0.01), WS (p = 0.02) and Lin (p < 0.01)
were slower with four time-series.

Estimation Task People took the longest time in the estimation task. Again, partici-
pants responded fastest with the linear line chart (¥ = 32.98sec). All other designs had
similar response times of just above 50 seconds. The Kruskal-Wallis test indicated sig-
nificant differences (p < 0.01, y?> = 54.69) and the pairwise Wilcoxon test showed the
following significant differences:

¢ Lin was faster than all other designs (p < 0.01 for all).

For the conditions, we again see jumps in the median response time for all designs but
HSLC. In contrast to the other tasks, the participants were faster with values in equal ex-
ponents for all designs but Lin. The following significant results were found by Wilcoxon
tests:
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e OMLr (p < 0.01), OMH (p < 0.01), WS (p < 0.01), and Lin (p < 0.01) were slower
with four time-series.

Slope Task The linear line chart also had the fastest response time in the slope task
(x = 13.74sec). While OMH was the slowest (¥ = 29.5sec), the other designs were in a
similar range between 20 and 26 seconds. The Kruskal-Wallis test indicated significant
differences (p < 0.01, x? = 57.32), and the pairwise Wilcoxon test showed the following
significant differences:

¢ Lin was faster than all other designs (p < 0.01 for all).

For the conditions, similar to the other tasks, response again increased for all designs with
increased number of time-series. For equal exponents, HSLC, OML, OMH, and Lin were
faster while the opposite was true for OMLr, OMLs, and WS. The following significant
result were found by Wilcoxon tests:

e OML (p < 0.01), OMH (p = 0.04), Lin (p = 0.02) were slower with four time-series.

Minimum Task For the minimum task, OMLs got the fastest response times (¥ = 30.55sec),
followed by HSLC (¥ = 35.94sec), WS (¥ = 36.71sec), and Lin (¥ = 38.68sec). OMH
(x = 69.78sec) and OML (x = 58.39sec) were slowest. The Kruskal-Wallis test indicated a
significant main effect (p < 0.01, y? = 46.09) and the pairwise Wilcoxon test showed the
following significances:

¢ OMLs was faster than OMH (p < 0.01), OML (p < 0.01), and OMLr (p < 0.01).
e HSLC was faster than OMH (p < 0.01) and OML (p = 0.01).

e WS was faster than OMH (p < 0.01) and OML (p < 0.01).

¢ Lin was faster than OMH (p = 0.02).

For the conditions, all designs were slower with four time-series, while the result did not
differ much for the exponent condition. Wilcoxon tests found two significances:

e HSLC (p < 0.01), OMLr (p = 0.03) were slower for four time-series.

Summary We reject hypothesis H2 (HSLC reduces response times compared to state-of-the-
art designs) as HSLC design was not among the fastest in any task of the first study. We
also reject H4 (OMH outperforms all variants of OML in terms of response time) since par-
ticipants had faster response times with OML than with OMH in all tasks. H6 (OML
charts are faster with the use of color) is partially accepted as OML with color had lower re-
sponse times than OMLr in all tasks (significant for maximum and discrimination) except
the minimum task. H8 (Lin is slower than designs for large value ranges) is rejected as Lin
had the fastest response times for all tasks except minimum identification (significant for
almost all).
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FIGURE 10: Distribution of participants’ self-reported task difficulty and perceived
aesthetics per design for the first study.

5.4 Difficulty and Aesthetics

We asked the participants to rate the aesthetics of the designs as well as their per-
ceived task difficulty on a 5-point Likert scale [186]. Figure 10 presents the given re-
sponses for the first study. We perform chi-squared tests to determine whether there
were aesthetic preferences for any particular design or correlations between designs and
task difficulty.

The tasks were perceived as easiest with Lin (¥ = 3.27), while the average reported
difficulty for all other designs was about 2.5. Participants rated the superimposed OML
chart as the most aesthetically pleasing (¥ = 3.6), while the average responses for aes-
thetics for all other designs were between 3 and 3.5. Nevertheless — for both criteria — no
significance could be found (paificuity = 0-58, Paesthetics = 0.17).

In the second study, there were no differences in responses for design aesthetics. For
difficulty, there was only a difference for the minimum task. Here, HSLC and WS were
perceived easier, and Lin was perceived more difficult for the minimum task than for
other tasks.

5.5 Free Text Feedback

Overall, 66 participants gave free text feedback on our studies. 15 participants stated
that they liked the study and that our explanations of the designs and tasks were helpful.
They had the most difficulties with the minimum and estimation tasks, and reported
that the tasks increased in difficulty with four time-series due to the reduced chart sizes
(“the more graphs the worse it became to figure out the values”). Feedback on individual
designs mainly related to color coding. For HSLC, four people suggested a discrete color
scheme for a better identification of the mantissa value. We discussed this already during
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the design process and decided against it because only integer mantissa could be encoded
with a discrete color scheme. With OMH, three people had problems identifying the
exponent and suggested higher color differences for the orders of magnitude. For the
warming stripes, two participant suggested not to use color alone and to try different
visual encodings, e.g., “different patterns”. With the line charts without color (Lin, OMLr,
and OMLs) “it was hard to read the value and its line” and “it was [...] harder to estimate
the coordinate”, suggesting that the encoding of values by color supported participants’
perception.

6. Discussion

This study evaluated how increased complexity affects readability in two ways: Ex-
amining large value ranges instead of small value ranges, and multiple instead of single
time-series. Previous studies [23,25,29,93,94] have shown that visualizations designed
for large value ranges improve people’s ability to read and compare values in such data.
The order of magnitude horizon graph [25] outperformed state-of-the-art as well as stan-
dard designs for single time-series. In our study on multiple time-series, no visualization
technique consistently outperformed other designs in terms of accuracy. Even the linear
line chart, which does not specifically address the characteristics of large value ranges,
was not significantly worse than the other approaches in terms of accuracy. With respect
to task completion time, it significantly outperformed the other designs, most likely due
to familiarity with this design. This is a surprising answer to our research question RQ1
contrary to previous results on individual time-series. Only for the identification of min-
imum values the linear line chart was significantly worse due to the small number of pix-
els available in low orders of magnitude. Here, we would recommend using the HSLC
design as it performs best on this task. Figure 11 shows our HSLC design applied to
real-world data and compared to the linear line chart.

One explanation for why the linear line chart performed so well, is that it is relatively
good for tasks involving the maximum. After all, only small values disappear in a linear
plot. For the maximum and comparison tasks, when the exponents differ, the maximum
can be used as a perceptual proxy (a large value minus a small value is still a large value).
This explanation is supported by comparing the results for different exponent conditions.
When the exponents are equal, the maximal is more difficult to read. Thus, errors were
significantly worse because the perceptual proxy could not be used (including the mini-
mum identification).

Answering research question RQ3 and comparing our novel height-stack line chart
design to the state-of-the-art designs, its results were average for the tasks in the first
study not performing significantly better or worse. For the minimum task, it however
outperformed all other designs in terms of accuracy. Therefore, it is an appropriate solu-
tion for identifications and comparisons of values across the entire value range including
several orders of magnitude.

This decrease in performance of designs that worked well for large value ranges in
single time-series, when applied to analysis of multiple time-series, indicates that novelty
plus increased complexity of the overall layout may have overwhelmed the participants.
Nevertheless, experts may be supported by large value ranges visualizations given that
they have more time and incentive to learn how the visualization should be read.

The increase in data complexity (i.e., the addition of large value ranges) provided new
insights on multiple time-series. Previous research on multiple time-series with small
value ranges [100, 118, 135] showed that chart-wise juxtaposition almost never outper-
forms other layouts, especially in comparison tasks. In our study, the only superimposed
design (OMLs) had the highest error rates in reading tasks and tasks, in which time-series
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had to be compared at different points in time. This suggests overlap problems to be am-
plified with large value ranges. In comparisons of time-series at a fixed point in time, the
layout worked well again.

Moreover, we found that the intuitive assumption that the error rate should increase
with an increased number of time-series is not true for large value ranges. For maximum,
discrimination, and estimation, the error rates decreased with four time-series for several
designs. One possible reason for this phenomenon could be that the participants were no
longer able to perceive answers at first glance with an increased number of time-series.
Therefore, they had to look at the time-series more closely, which led to more accurate
responses. Thus, the tasks shifted from a perceptual to cognitive problem. The increased
response times in all tasks for four time-series support this suggestion. In general, both
increasing the value range and comparing a higher number of time-series results in a sig-
nificant increase in visual clutter (e.g., by gridlines and tick marks; see Figure 1). There-
fore, if space is limited, it is recommended to use designs with less clutter, such as WS to
OMH.

The differentiated view of the results based on the difference in exponents revealed
different outcomes for the designs. This indicates, that they have different strengths and
weaknesses dependent on data characteristics. For the designs intended for large value
ranges, the results are equal or even improve when the exponents are the same, except
for HSLC on the maximum task. This indicates that these designs work best when the
exponents are the same, which is particularly relevant for small value differences, which
are otherwise invisible.

The slope task was the only task where participants made consistently more errors
when the number of time-series increased (i.e. four vs. two time-series). For all designs
except Lin and OML, more than 40% of the given answers were incorrect, which is akin
to the the expected error of random guessing. This indicates, that trend perception is very
difficult with the adapted axis scalings in large value ranges visualizations, aligning with
previous results [25]. For slope tasks, line charts have a significant drop in performance
when the complexity of the data increases.

Our study also provides indications on the role of visual mapping of the exponent
to color. The order of magnitude line chart lead to faster response time with color than
without color for all tasks (except the minimum task, for which the response times were
almost equal), and significantly so for three out of five tasks. Additionally, including
color lead to fewer errors (although not significantly) on average. This result is further
strengthened by the warming stripe design, which maps the exponent to only color. WS
did not perform significantly worse than the order of magnitude line chart both with and
without color. Thus, the answer to RQ2 is that color supports the perception of magni-
tude variations, which clarifies an open question from Braun et al. [25] and confirms the
results of previous research [2,51]. A possible reason for this fact is that changing hues of
the different exponents, as opposed to a difference in the y-coordinate, made them much
easier to perceive with increasing complexity through multiple time-series. Given the
constrained screen size per time-series, the color facilitates the perception of magnitude
variations to a greater extent than positional changes in juxtaposed settings. However,
using color always carries the risk of not being safe for color vision deficiencies. This is
particularly problematic with the OMC color scale [29], in which the color number in-
creases with the exponent. Our HSLC design does not have this problem because the
color usage is limited to the constant mantissa range.
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7. Limitations and Future Work

We discuss the results and limitations of our study in terms of the tested designs,
study setup and insights. The unexpected results open up new research questions and
opportunities for future research.

Results: Increase of Complexity By studying large value ranges for multiple time-series,
there was an increase in complexity compared to previous studies on large value ranges
in single time-series. The results showed significant differences with respect to the single
time-series setting.

Moreover, we counter-intuitively observed that the error rates decreased in several
cases as the number of time-series increased. We discussed possible reasons for this phe-
nomenon in the previous section. It would be interesting to further investigate whether
the same observations can also be made in other settings. Examples could be multiple,
non-temporal, data sets with large value ranges, or large value ranges in graphs (e.g., as
nodes or edge weights).

Results: Designs The results for the individual tasks revealed that none of the existing
state-of-the-art designs outperformed the linear line chart in multiple time-series with
large value ranges for tasks, in which the maximum value is sufficient as an approxi-
mation. As a result, further research into visualization designs for large value ranges is
needed. The slope assessment task exhibited the lowest accuracy across all designs, with
participant results nearly akin to random guessing. Therefore, the trade-off between sim-
plified trend detection and adequate readability and comparability of values of all orders
of magnitude remains an open problem in the design process for large value ranges.

Experimental Setup We conducted online experiments as is common in comparable stud-
ies. The online setup, however, despite the training phase, does not allow us to ensure
that the participants had a full understanding of the visualization techniques. The results
showed that some participants were overwhelmed by the new approaches without addi-
tional guidance. It would therefore be interesting to replicate the studies in a setting with
personal supervision of the participants. This would help to gain deeper understanding
behind the task completion processes and their difficulties.

Scalability Our studies included trials with 2 and 4 time-series and a value range of
[0,100 000]. Both have been used similarly in previous works [25,75,90,100] and are
ecologically valid. Further increases in both of these factors would require additional
research on visual clutter in large value range visualizations.

Evaluated Designs While our study has tested seven different designs, improvements
for individual designs can still be investigated. We also examined the influence of color
on task performance in general, but did not study the particular color choice. Partici-
pants suggested that the color selection of the order of magnitude color scheme [29] is
not intuitive and that the coloring of the HSLC design could be improved for a better dis-
crimination of the mantissa values. Moreover, the perception of the order of magnitude in
OMH could be enhanced by a higher contrast in the respective hues [180]. Additionally,
our study was limited to static charts; incorporating interaction may yield better results,
especially for more complex visualization techniques [112,141].

We used homogeneous data in terms of scale and units, i.e., the same axis value range
was presented in each individual time-series. Different design considerations would be
necessary to compare heterogeneous data. For instance, it would be worthwhile to re-
search the application of indexing techniques [3] to large value ranges visualizations.



Chapter 2. Visual Communication of Large Value Ranges 78

8. Conclusion

We conducted two empirical studies to compare visualization designs for large value
ranges in multiple time-series. We evaluated five state-of-the-art approaches including
adaptions for large value ranges, one standard technique for time-series data, and our
newly introduced height-stack line chart. Participants had to solve five common tasks
in large value ranges and time-series research: maximum and minimum identification,
value discrimination, difference estimation, and slope assessment. Our findings suggest
that the complexity introduced by combining multiple time-series and large value ranges
challenges the findings of previous studies in these areas. For instance, error rates did not
increase in several designs as the number of time-series increased, contrary to expecta-
tions. Designs proven effective for large value ranges in single time-series performed
poorly with multiple time-series. Surprisingly, none of the designs specifically tailored
for representing large value ranges significantly outperformed the traditional linear line
chart in terms of accuracy and response time for all but the minimum task. Our findings
highlight the importance of future research on the cognitive processes involved in solving
complex tasks and the design of appropriate visualizations for large value ranges.
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Chapter 3

Visual Validation of Regression
Models

3.1 Theoretical Framework of Visual Model Validation
and Estimation in Visual Analytics Processes

Model estimation (i.e., selecting the model type and its parameters for given data) and
model validation (i.e., assessing the quality of a given model) are core components of
model building and exploratory data analysis [49,96].

In visual analytics systems, model building (i.e., feature and model selection, param-
eter setting, and model validation) [117,158] can take place in workflows where model
estimation and validation are performed in a sequence of multiple steps. They can be
performed in the same computational or visual way or can vary between the steps. For
example, a computer-generated model can be first computationally validated and then
visually validated [42,130]. Or a computationally estimated model can trigger a visual
validation and subsequent visual model adjustment. A common example is time-series
modeling: An analyst needs to see the time-series graph before choosing a suitable mod-
eling method. After creating an initial model, the analyst validates it by comparing it
visually with the data. Model estimation could be done interactively in an intelligent
system, where the analyst does not explicitly select the method and set its parameters,
but instead sketches what the model prediction should look like. The system then finds
an appropriate model and fits it to the data. The explicit support of such visual and in-
teractive model estimation and validation is more user-friendly, decreases the cognitive
load, and can be used by non-experts. Thus, they are essential parts of modern data anal-
ysis workflows [49,96] and need to be captured in VA pipelines.

Existing visual analytics frameworks cover a broad range of modeling workflows in
VA systems [11,12,159,173,174,192]. However, they are often insufficiently described
or lack detail about the exact processes and components. Moreover, they do not include
which parts of the processes are actually carried out by humans and which by computers.
In this section, “model building loops” are decomposed and the roles of visual estimation
and validation within these loops are explicitly characterized. Further, the influences
exerted by human analysts and automated algorithms are differentiated, and all feasible
human-computer interaction patterns that emerge when these elements are combined
are enumerated. Building upon the VA pipelines by Keim et al. [107] and Andrienko et
al. [12], a novel VA pipeline is proposed that subsumes prior visual-interactive modeling
workflows and extends them to integrate both visual model estimation and validation
(see Subsection 3.1.2).
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3.1.1 Visual Estimation versus Visual Validation

To perform model estimation, usually the computer derives the best fit to the data at
hand given the model parameters. These parameter can be set programmatically or in-
teractively in the interface. The modeling steps or results can be interactively visualized
(e.g., the iterative steps of clustering algorithms in the EduClust platform [77]). Visual
estimation is performed when a data scientists visually inspects the data first to decide
which type of model to calculate or when a chart only shows the data but a correspond-
ing text (e.g., on a website or in newspaper) mentions a relationship. Alternatively, visual
model estimation can be performed, when a human looks at the data and directly manip-
ulates the model result on the screen until the model fits the data [46,52,80,95].

Performing model validation means to check whether a given model result is a good
tit to the data. This model verification can be done computationally or visually. In the
first case, the computer calculates model quality statistics and checks whether the values
are suitable. In the second case, the model results and data are visualized and the human
assesses the fit of data to the model. Visual inspection of complex models to check their
correctness and reliability is crucial [40,41], as statistical metrics are often insufficient to
describe the model and data [122,181].

The main difference between the two processes is the influence of computers and hu-
mans on model estimation. While the model parameters are calculated by the computer
during computer-based model estimation, the transformation from data to model param-
eters takes place solely in the user’s mind during visual model estimation. This means
that with visual estimation, the user takes one step away from the computer in the visual
analytics process.

Furthermore, visual estimation contains a validation component, since each time the
model is adjusted, a decision has to be made as to whether additional adjustments are
needed. In the visual validation task, on the other hand, people compare the shown
model to their own mental model. Thus, both processes are not necessarily in opposition
to each other (i.e., either one or the other). They can also co-exist, such that the human
mental model is used to control the creation and iterative refinement of the computer
model, which, in turn, serves as a tool to iteratively improve the human mental model.
Therefore, visual validation and estimation are neither purely perceptual nor cognitive
and the interplay between these two mental processes needs to be researched in more
detail.

In summary, visual model validation and estimation must be considered separately
in visual analytics pipelines. However, they are often not included or only implicitly
incorporated in such frameworks.

3.1.2 Extended Visual Analytics Pipeline

The proposed, novel VA pipeline in Figure 3.1 enhances the frameworks of Keim et
al. [107] and Andrienko et al. [12]. In their schemes, visual model validation and estima-
tion are implicitly included in the perception, interaction, and refinement loop of model
and visualization, but their differentiation is not clear. The new framework expands their
schemes and divides the model component into computer-generated and human-created
models. Moreover, a validation component is added, which positions itself between the
human perception and knowledge generation. The validation component closes the loop
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FIGURE 3.1: The proposed visual analytics pipeline with integrated visual model es-
timation and validation loops (extending [12,107]).

on model building. From the final model, the user can gain insights into the data. Within
the model building cycle, each data model needs to be validated, either computational
or by the user. In both visual model validation and estimation, the model is validated
visually. Their difference lies in the origin of the models and their re-adjustments.

Figure 3.2 shows the explicit visual model validation and estimation loops within the
proposed pipeline. In the visual model validation loop, the system automatically gener-
ates a candidate model, renders it alongside the raw data, and prompts the user to either
accept or reject it. It gives the user an immediate sanity check on the plausibility of the
computer’s inference and guides the user toward more informative features or transfor-
mations by surfacing systematic mismatches between model predictions and observed
patterns. In case of rejection, the model parameters are re-generated by the computer, en-
abling the discovery of alternative hypotheses without requiring the user to tinker with
low-level details.

In contrast, the visual model estimation loop gives the analyst direct control over pa-
rameters: they iteratively adjust model components interactively and immediately see
the impact on the visualization. This manual refinement path is especially useful when
the user has a-priori expectations (e.g., known symmetries or constraints) that are diffi-
cult to encode algorithmically. Each manual model adjustment is followed by the same
visual validation check. By toggling between estimation and validation - accepting a vi-
sually satisfactory model or refining it further - the user incrementally creates knowledge
about the data and model. The refinement of the model is optional and the process can
be stopped at any time.

Together, these loops foster a sensemaking cycle: the validation loop fuels discov-
ery by highlighting discrepancies, while the estimation loop embeds expert knowledge
through targeted refinement. Because both loops are optional and freely interleavable
— analysts can switch between letting the computer propose models and refining them
themselves - the pipeline supports a spectrum of workflows, from hands-off exploration
to expert-driven modeling, with the ability to stop once a sufficient model is created.
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FIGURE 3.2: The respective analysis processes in visual model validation and esti-

mation tasks in the proposed VA pipeline. Both processes as well as the distribution

between human and computer can be changed an intermixed, resulting in an inter-
play of both tasks.
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By explicitly capturing all possible visual and computational loops, the pipeline sup-
ports seamless “handoffs” between human and machine - the possibility to switch from
human to computer and back - reflecting the iterative, mixed-initiative nature of modern
VA systems [22,36,42,96,130].

For clarity, additional details from previous frameworks [12,159,173,174] have been
omitted. These are still relevant and can be added if required, just as the perception
part of the process is influenced by bias, cognition, and trust [39,41]. Thus, the addition
of visual model validation and estimation does not limit capabilities of previous visual
analytic processes in the new pipeline.

3.1.3 Usage and Comprehensiveness of the New Pipeline

The usage and completeness of the new pipeline is demonstrated using example VA sys-
tems for regression models [165], dimensionality reduction [101], and decision trees [188].
These VA system include visual estimation and validation and offer many options and
interactive loops for creating model results. The examples can be extrapolated to other
systems and other types of models, such as clustering, classification, and others [42,44,
62,77,113,130].
Regression modeling: In the interactive regression lens (IRL) [165], firstly, the user looks
at the raw data without any model. She interactively selects an area of interest, on which
to perform the regression analysis (the so called lenses in Figure 3.3a). In order to deter-
mine a suitable area, the user must have already made a mental estimate of the model.
This corresponds to the in the new pipeline. In the next step, the vi-
sualized regression model can either be automatically generated by the computer, or the
user can interactively select the model type and define certain parameters (Figure 3.3c).
In both cases, the model needs to be validated. This can be done either computation-
ally or visually. For computational validation, various computed regression statistics are
displayed, which can be used by the user for validation purposes (Figure 3.3b).

is done by looking at the computed model result line together with the original
data set (Figure 3.3a). This corresponds to the visual validation loop in the novel pipeline.
Subsequently, the model can be refined interactively, e.g., by excluding individual points,
switching model types or moving the lenses (see the movement of the activated lens in-
dicated by the arrow in Figure 3.3a). This corresponds to the visual estimation loop in
the pipeline. As mentioned, visual estimation inherently incorporates visual validation.

Dimensionality reduction: At first, the iPCA tool [101] shows the computer-generated
model results in Figure 3.4a. The included parallel coordinate plots for data and eigen-
vectors help the users to these results. A computational validation is
done via the correlation view (Figure 3.4d). The model can be interactively

by either manipulating the dimension (Figure 3.4b) or specific data items (Fig-
ure 3.4c). Although the interactions for model refinement are only indirect (i.e., using
sliders and buttons), the user acts in the visual estimation loop of the pipeline shown
in Figure 3.2b. The user’s visual estimation capabilities would be even more powerful if
they could interact directly with the model visualizations [32,67]. Thus, the visual model
validation loop is more strongly represented in the iPCA tool.
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Decision trees: A similar workflow structure is visible in the BaobabView [188]. In this
system, both of the analysis loops (Figure 3.2) are included and can be performed by the
user. The user can a decision tree by interactively defining split points,
choosing split attributes or merging nodes. The resulting tree then needs to be

using the tree visualization including additional node information (Fig-
ure 3.5a). The validation process is algorithmically supported by the confusion matrices
in Figure 3.5¢ that suggest misclassifications on the training set. Afterwards, the tree can
be further adjusted. This workflow represents the visual estimation loop. Besides the
user-based generation of the tree, the system also provides the option to select layouts
that are preset by the computer. Followed by a validation of the results, this would corre-
spond to the pipeline’s visual validation loop. This loop could be enhanced in the system
by providing more options for computational model generation besides providing preset
layouts. Therefore, the BaobabView focuses more on the visual estimation rather than
the visual validation loop.

Summary: The presented systems allow the user to seamlessly switch between the com-
putational and visual estimation as well as computational and visual validation loops.
This is all covered in the new pipeline (see Figure 3.2). It demonstrates both the need to
include both processes in VA frameworks and the ability of the novel pipeline to cover
various types of visual analytics systems to support different modeling processes.

3.1.4 Implications and Further Work

Incorporating visual model validation and estimation into visual analytics systems re-
shapes both their design and interactive workflows. The examples in Subsection 3.1.3
show that designers have to decide which of the discussed modeling loops their systems
should support. In best case, novel VA systems include all possible estimation and vali-
dation loops.

When a system supports model estimation, it must provide intuitive interfaces for pa-
rameter exploration and real-time feedback on model performance. Simultaneously, vi-
sual model validation demands clear representations of uncertainty, error distributions,
and quality indicators to ensure users can assess model reliability. Moreover, design-
ers must carefully manage cognitive load by integrating validation and estimation views
without overwhelming users. Together, these considerations compel visual analytics sys-
tems to evolve from passive data explorers to active, model-aware environments that fos-
ter human insights and incorporate them into algorithmic solutions.

Understanding the perceptual and cognitive processes involved in visual model vali-
dation and estimation is essential for the effective design of visual analytics systems. VA
systems are intended to support human reasoning and decision-making by leveraging vi-
sual representations of complex data and models. However, their effectiveness critically
depends on how users perceive, interpret, and mentally process these visualizations.

In the remainder of this chapter, the perceptual and cognitive differences associated
with the two tasks are studied. This analysis is grounded in the use of linear regression
models visualized in scatterplots. Furthermore, various influencing factors, including
the model type, the characteristics of the underlying data, and the visual representation
of the model outputs, are investigated.
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3.2 Visual Validation of the Average Value in Scatterplots

The first research on the visual validation of regression models was conducted on the
average value (i.e., regression to a constant) in scatterplots. This simplified model is used
as a starting point to gain insights into human perceptual validation processes, as there
has been no previous research on visual model validation.

The paper was published and presented at the IEEE Visualization conference:

D. Braun, A. Suh, R. Chang, M. Gleicher, and T. von Landesberger. Visual validation
versus visual estimation: A study on the average value in scatterplots. In 2023 IEEE Vi-
sualization and Visual Analytics (VIS), pp. 181-185, 2023.
doi: 10.1109/VIS54172.2023.00045

The supplementary material of the paper, including the study data and results, the
study documentation, as well as the Python code for the data and stimuli generation, is
publicly available at OSF.

I am the primary author of this publication. In this role, I was responsible for the de-
sign, implementation, data collection and analysis, as well as the writing and publication
of the work. The specific contributions of myself and my co-authors to this publication
are outlined below according to the Contributor Roles Taxonomy (CRediT):

D. Braun: Conceptualization, Methodology, Data Curation, Formal Analysis, Investi-
gation, Software, Visualization, Writing — Original Draft. A. Suh: Writing — review & edit-
ing. R. Chang, M. Gleicher, T. von Landesberger: Supervision, Conceptualization, Method-
ology, Writing — review & editing.


https://ieeexplore.ieee.org/document/10360882
https://osf.io/gvx7w/?view_only=a5dd7778a3fd4e4ea813f4aa4990ac36
https://credit.niso.org/

Chapter 3. Visual Validation of Regression Models 88

Visual Validation versus Visual Estimation:
A Study on the Average Value in Scatterplots
DANIEL BRAUN!, ASHLEY SUHZ, REMCO CHANG?2, MICHAEL GLEICHER?, TATIANA
VON LANDESBERGER!

TUniversity of Cologne
2Tufts University
SUniversity of Wisconsin-Madison

Abstract:

We investigate the ability of individuals to visually validate statistical models in terms of
their fit to the data. While visual model estimation has been studied extensively, visual
model validation remains under-investigated. It is unknown how well people are able
to visually validate models, and how their performance compares to visual and com-
putational estimation. As a starting point, we conducted a study across two populations
(crowdsourced and volunteers). Participants had to both visually estimate (i.e, draw) and
visually validate (i.e., accept or reject) the frequently studied model of averages. Across
both populations, the level of accuracy of the models that were considered valid was
lower than the accuracy of the estimated models. We find that participants” validation
and estimation were unbiased. Moreover, their natural critical point between accepting
and rejecting a given mean value is close to the boundary of its 95% confidence interval,
indicating that the visually perceived confidence interval corresponds to a common sta-
tistical standard. Our work contributes to the understanding of visual model validation
and opens new research opportunities.

IEEE Visualization Conference, 2023

1. Introduction

In today’s data-driven world, individuals with a range of statistical expertise are
tasked with visually validating statistical models fitted to data for a variety of purposes.
The general public use visual model validation when consuming news media visual-
izations, e.g., to become informed about changes of COVID-19 cases over time (such as
using a 14-day moving average model visualization [55]). Similarly, domain experts also
use visual validation to quickly determine whether a particular model is a good fit to the
underlying data (e.g., meteorologists validating a model for assimilation).

To perform model validation, an individual checks that a given model result is a good
tit to the data. This model verification can be done computationally or visually; how-
ever, statistics computed to validate models are often insufficient to fully describe the
underlying data and model’s quality [122]. An example is Simpson’s paradox, where
the evaluation of groups differ depending on whether or not they are divided into sub-
groups [21,169]. Thus, it is essential in practice to validate computed models not only
through statistical tests, but also visually to ensure that they are accurate and reliable.

Despite the prevalence of visual model validation [130], there is markedly little research
done to understand viewers’ ability to perform these processes. Instead, most research
in the perception of statistical modeling has focused on model estimation [52,80,85,95,106,
132,152,196, 198,199], that is, the ability of an individual to perceive, draw, or predict
a model that is appropriately fitted to the data. While these studies help inform our
understanding of experts and non-experts’ strengths and limitations in estimating models,
they do not advise us of an individual’s ability to validate how well a statistical model fits
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(A) Scatterplot as shown in the vi- (B) Scatterplot as shown in the vi- (C) Scatterplot with the true aver-
sual estimation tasks. sual validation tasks. age value of the dots.

FIGURE 1: Example scatterplot shown to participants in our user study to investigate

the differences between (a) visually estimating and (b) visually validating the average

value of the shown data. In (c), the red lines indicate the upper border of the statistical

95% confidence interval (CI) of the average value and the blue line shows the data’s
true average value.

the data. Thus, it is currently unknown how well people validate models in comparison
to their estimation ability.

We seek to establish a baseline for understanding the differences between an indi-
vidual’s ability to perform model estimation and validation. As an initial exploration,
we chose to use averages (mean expected value) in scatterplots. The model of aver-
ages is a simple but generalizable model that is widely used in visual analysis appli-
cations [59, 65]. It corresponds to the result of a linear regression to a constant that sum-
marises the underlying data and provides a simplified representation of its central ten-
dency. It also allows us to compare our results against existing literature on visual model
estimation [80, 95,199] and to follow recognized practice of “finding trends” in scatter-
plots [129].

Using this setting, we compare the visual processes of model validation and estima-
tion and answer the following research questions:

¢ RQ1: Are individuals able to perform visual validation consistently and without
bias for averages in scatterplots?

* RQ2: How does performance in visual validation relate to the accuracy of visual
estimation in scatterplots?

We conducted a human subjects study with two participant groups to address these
research questions. Using a between-subjects study design, participants either had to
validate whether a shown line in a scatterplot represents the average value of the dots
(Figure 1b) or had to estimate the average line on their own (Figure 1a). Our study finds
that the participants are consistent and unbiased (i.e. not influenced by data distribution)
when deciding the threshold for a model to be accepted as valid. Furthermore, the re-
quired level of accuracy for validation was found to be lower than what can be estimated
through visual inspection. We find that the critical point between accepting and rejecting
a line is close to the boundary of the 95% confidence interval (CI) of the true mean value
(i.e., a common statistical criteria for validity). These results have two major implica-
tions. First, viewers accept models that are less accurate than they can estimate visually.
Second, individuals’ ability to judge a model within the 95% CI suggests that the visual
perceived confidence interval corresponds to a common statistical standard.
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Overall, our work contributes towards a new understanding of how well people can
visually validate a model when given data. Our study provides a baseline for contribut-
ing towards this understanding, opening up future work for generalization beyond scat-
terplots and the model of averages.

2. Related Work

Visual Model Estimation Research on visual model estimation has investigated the
concept of ensemble coding, the rapid extraction of visual statistics on distributions of
spatial or featural visual information to estimate actual statistics on data [181]. In partic-
ular, the estimation of linear regression to a constant (i.e., average) has been extensively
studied for scatterplots: Hong et al. explored the influence of a third dimension, en-
coded by color or size of the dots, on mean estimation [95]. They found that people’s
mean position estimations are biased towards larger and darker dots. Similarly, Gle-
icher et al. investigated the perception of average dot height in multi-class scatterplots
and found that the perceptual process is robust against more points, sets, or conflicting
encodings [80]. Additionally, Yuan et al. found that the visual estimation of averages de-
pends on the visual encoding of the data and that people use primitive perceptual cues
for their estimation [199]. In line with these previous works, this paper uses scatterplots
and averages as a baseline for visual model validation research.

Visual estimation of linear trends, e.g., correlations of two-dimensional data, has also
been considered from several aspects. Rensink and Baldridge examined the statistical
properties at which a correlation can be perceived for data in scatterplots [152]. Rather
than statistical properties, Yang et al. focused on visual data patterns in scatterplots and
their effect on the perception of correlations [198]. Their results suggest that visual fea-
tures, such as bounding boxes, influence people’s correlation judgments. Xiong et al.
consider the correlation in scatterplots from a data semantics point of view and found
that people estimate the correlation more accurately with generic axis labels than with
meaningful labels [196]. Comparisons and rankings of different correlation visualiza-
tions based on Weber’s law showed measurable differences between various designs
(with scatterplots being the best) and that the performances differ significantly for pos-
itive and negative correlations [85,106]. These works support our choice of scatterplots
for our study and their findings influenced our hypotheses and stimuli design.

Research has also been conducted on the visual estimation of more complex models.
For example, Correll and Heer investigated people’s ability to perform “regression by
eye” for different types of trends and visualization types [52]. Their results showed that
individuals can accurately estimate trends in many standard visualizations; however,
both visual features and data features (e.g., outliers) can affect the results. Newburger et
al. focused specifically on fitting bell curves to different visualization types [132]. They
found that people are accurate at finding the mean, but tend to overestimate the standard
deviation. We aim to explore whether the findings from these papers also apply to visual
validation for less complex models.

Visual Model Validation The literature on visual model validation is currently limited.
Correll et al. evaluated scatterplots, histograms and density plots as means to support
data quality checks [53]. Their findings suggest that problems arise as soon as overplot-
ting occurs, which informed the design of the scatterplots in our study:.

Visual model validation is particularly significant in machine learning. Chatzim-
parmpas et al. provide an overview of how visualization is currently used to interpret
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machine learning models [40]. Miihlbacher and Piringer present a partition-based frame-
work for creating and validating regression models that combines the use visualizations
with a relevance measure for ranking features [130]. Our work aims to develop an un-
derstanding of visual model validation which can inform the development of future vi-
sualization and machine learning systems.

Model validation is closely related to the viewers’ trust in these models and their
visualizations. In their state-of-the-art report, Chatzimparmpas et al. summarize the im-
portance of using visualizations to increase trust in machine learning models [41]. In
addition to machine learning, the relationship between visual design and trust is an
important area of research that should be considered in future work on visual valida-
tion [56,66,123,142,154].

3. User Study

To address our research questions, we first conducted an exploratory pilot study.
Based on the results of the pilot, we formulated hypotheses that were subsequently tested
in a confirmatory main study.

3.1 Experimental Design

The same experimental design and structure was used for both the pilot study and
the main study. We used two tasks to compare the following visual processes:

¢ Visual estimation: Participants had to draw a horizontal line in the plot by hovering
over the image with the mouse and clicking on the desired position on the y-axis
(Figure 1a).

* Visual validation: Participants were shown a scatterplot with a line already drawn
and were asked to indicate whether the line was “too high,” “too low,” or “about
the same” in relation to their perceived true mean value of the dots (Figure 1b).

We chose a between-subject design of our study to prevent learning effects between the
tasks and to reduce the number of trials per participant [38]. To maintain consistency, we
used the same plots for both the validation and estimation trials. Each scatterplot, which
had dimensions of 100 x 100 pixels, contained 100 data points uniformly distributed on
the x-axis. The only difference between the two between-subject groups was the lines
shown in the validation tasks.

For the analysis, we defined the deviation of a line based on the confidence inter-
val (CI) calculation, quantifying the deviation from the true mean as a proportion of the
standard deviation:

shown value = true mean + deviation - standard deviation 1)

Using regression calculation, the expected acceptance range for lines falls within the
95% CI. Given our fixed number of data points and distributions, the 95% CI is set at a
deviation of 0.198. Thus, all lines with a lower deviation should be considered acceptable.

The study procedure began with a training phase, followed by the experimental
study. Each page of the study interface displayed one trial (i.e., one plot) and response
times were recorded. A display size of at least 13” was recommended. The order of the
trials (i.e., the order in which participants saw different deviations) was randomized to
minimize learning effects. At the conclusion of the study, participants were asked to de-
scribe their strategies for completing the tasks and rate the task’s difficulty on a 5-point
Likert scale [186].
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3.2 Pilot Study

To gain initial understanding of visual validation and its differences from visual es-
timation, we conducted a pilot study with 12 participants (7 for validation and 5 for
estimation). Each participant answered 30 trials with pseudo-randomized y-coordinates
of the scatterplots. The lines shown in the validation task had random deviations within
+[0.0,1.0] from the true mean of the data points.

Results: The errors in the estimation tasks were roughly normally distributed with
u = 0.02 and a maximum deviation of 0.7. Lines shown in the validation tasks with
deviations within the 95% CI (dev < 0.198) had acceptance rates of at least 80%, while
every line with dev > 0.198 had an acceptance rate of at most 30%. Overall, participants
were more accurate in visual estimation than visual validation, and they exhibited a slight
difference in judgment between positive and negative deviations in the validation tasks.
Most participants reported using a “counting” strategy to solve the tasks, approximating
the number of points above and below a given line.

3.3 Main Study
Analysis of the pilot study’s results led to the hypotheses:

¢ H1: The accuracy of visual validation is lower than the accuracy of the visual esti-
mation when perceiving the mean value of points in a scatterplot.

¢ H2: People’s critical point between accepting and rejecting a given mean value is
close to the boundary of the 95% CIL.

¢ HB3: For visual validation, the results differ between positive and negative deviation
from the true mean.

3.3.1 Stimuli Design

Based on the findings from the pilot study and for matching the distribution assump-
tion of linear regression residuals, the y-coordinates of the points were generated from
a normal distribution with random mean between 30 and 70 and standard deviation be-
tween 15 and 25. Following the literature [80,95], we focused on the perception of only
one dimension (i.e., the y-axis). The adoption of a normal distribution is prevalent across
numerous applications (e.g., as a pre-requisite of least square regression) and provides
consistent conditions throughout all trials, given that the pilot study results were par-
tially influenced by the stimulus. Thus, the level of trial difficulty was determined by the
deviation of the displayed line in the validation tasks. Since most participants approxi-
mated the median instead of the mean in the pilot study, we made sure that the number
of points above and below the true mean differed by at least 10% to discourage the use
of “bounding boxes” [198] as a perceptual proxy.

The pilot study showed that lines with deviations greater than 0.7 were consistently
rejected. Thus, we used lines with evenly distributed deviations in the range of +[0.0,0.7]
to determine participants” acceptance threshold. Consistent with previous work [198],
logistic regression was chosen to analyze the validation task (see Subsubsection 3.3.3). A
power analysis of the logistic regression of the pilot study indicated that a sample size
of at least 50 was necessary to obtain a meaningful model [128]. Therefore, the study
included 50 trials with 25 lines with a positive and 25 lines with a negative deviation in
the validation task.
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FIGURE 2: Histogram of the deviations of the drawn lines in the estimation tasks for
both populations.

3.3.2 Experimental Setting & Participants

To increase the generalizability of our findings, we conducted an online study with
two different populations. The first population consisted of 100 individuals who volun-
teered to participate after seeing advertisements in university lectures and mailing lists.
After filtering out 14 participants who failed attention checks, 42 individuals completed
the validation and 44 the estimation task. For the second population, we recruited 90 par-
ticipants via crowdsourcing platform Prolific [145]. After filtering for attention checks, 42
individuals completed the validation and 40 the estimation task.

In both populations, most participants were between 20 and 30 years old (43% for
volunteered, 72% for crowdsourced) and nearly evenly split between women and men
(volunteered: 46% F, 50% M, 4% other; crowdsourced: 47% F, 52% M, 1% other). The
level of education and experience with statistical model estimation was slightly higher
among the volunteers.

3.3.3 Analysis

In the validation task we measured whether participants accepted the displayed line
as the true means. To ensure comparability with the estimation task results, we trans-
formed the responses to binary results. Logistic regression was then applied to the ac-
ceptance rates of the shown lines, which is a technique that has been used in previous
work [198]. In the estimation task, we measured whether participants were able to draw
(estimate) the true means. The estimation errors were measured as the deviation of the
lines drawn by the participants.

For statistical testing, we first ran a Shapiro-Wilk test on the given responses and
response times to see if they were normally distributed. Although none of the tests were
positive, a visual inspection of the acceptance rates and estimation errors suggested that
this was due to the large sample size (see Subsubsection 3.3.4). Therefore, we used t-tests
to compare these results. We used a Kruskal-Wallis test for the response times and a
chi-squared test for comparing Likert responses.
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FIGURE 3: Comparison of the logistic regressions for the acceptance rates of positive
and negative deviations of the volunteered population. Green line: statistical 95% CI.

3.3.4 Results

Distribution and Bias For both populations, the estimation errors resembled a normal
distribution (Figure 2; pyoiun < 0.01, erowa = 0.06), consistent with the regression as-
sumptions. The same is true for the acceptance rates of the lines displayed for validation
(Uvotun = 0.01, terowa < 0.01). The means of the errors/ acceptance rates being zero in-
dicate that neither of the processes is biased. This finding is supported by a comparison
of the acceptance rates for positive and negative deviations from the mean (Figure 3),
which showed no significant difference (p,;,,, = 029, P.owq = 0-72). This rejects our
hypothesis H3.

Accuracy of Visual Validation vs. Visual Estimation Since both estimation errors and
acceptance rates were approximately normally distributed, we considered positive and
negative deviations cumulatively as absolute deviations. We compare the logistic re-
gression for the acceptance rates of the validation task with the cumulative distribution
of the estimation errors in Figure 4. For the volunteered population, the acceptance
threshold for validation was less accurate than the visually estimated ones (p < 0.01,
cohensD = 0.35). For the crowdsourced population, the logistic regression for validation
was almost identical (p = 0.51), but the estimation errors were higher. Although the accu-
racy of the visually accepted lines was lower than the accuracy of the visually estimated
lines, the difference was not significant (p > 0.29). In summary, H1 is partially accepted.

Critical Point of Validation Figure 5 shows the raw acceptance rates per deviation and
the corresponding logistic regression exemplary for the volunteered population. The
inflection points of the logistic regressions correspond by construction to the 50% ac-
ceptance rate. Their values dev,,p, = 0.217 and deverowa = 0.228 were very close to
the boundary of the statistical 95% CI (dev = 0.198). Moreover, the critical points of
the individuals” logistic regressions resembled a normal distribution near the 95% CI
(Uvotun = 0.223, ticrowa = 0.241). This indicates that people’s perceived visual confidence
interval matches the statistical 95% CI and accepts hypothesis H2.
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(A) Volunteered population.

0.8

0.6

0.4

0.2

Acceptance Rate/ Percentage

0 0.1 0.2 0.3 0.4 0.5 0.6 0.7
Deviation

(B) Crowdsourced population.

FIGURE 4: Validation and estimation accuracy for both populations (absolute devia-
tion). Blue line: Cumulative distribution for the estimation errors. Orange line: Logis-
tic regression for the validation acceptance. Green line: Statistical 95% CI.
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FIGURE 5: Acceptance rate of the shown lines in the validation tasks (absolute devia-

tion) of the volunteered population. Yellow line: The raw percentages per deviation.

Orange line: The logistic regression of the yellow line’s data. Green line: Statistical
95% CL

Difficulty and Response Time For both populations, no significant difference in re-
sponse time (Wilcoxon-test: volunteered: p-value = 0.94, u,. = 11.3sec, pesr = 11.8sec;
crowdsourced: p-value = 0.50, uy,qo = 10.2sec, pes; = 10.5sec) and reported difficulty
(chi-squared test: volunteered: p-value = 0.26, puyq = 2.76, pess = 3.16; crowdsourced:
p-value = 0.43, p1,4; = 3.14, pese = 3.22) was found between the two tasks.

Self-Reported Strategies For visual estimation, most participants derived the mean us-
ing a perceptual proxy and “adjusted it for outliers" (without having true statistical out-
liers, the participants probably meant points that were a bit off). These perceptual prox-
ies were based on the density of the scatterplot, the median, or the distance between the
highest and lowest points.

In the visual validation tasks, the majority of the participants validated the line based
only on the number of points above and below the line. However, some persons judged
based on the perception of the density and structure of the points. Six participants “esti-
mated [their own] mean and compared it to the shown line.”

4. Limitations and Future Work

The participants in this study were non-experts in data visualization or statistics,
making them not representative of domain experts. We chose to focus on a specific type
of data(-distribution), visualization, and model as a starting point to understand visual
model validation. Although our findings are statistically sound, the generalizability of
our results regarding these aspects remains to be established. Furthermore, we need to
investigate the perceptual mechanisms involved in performing visual model validation,
and how they compare to the mechanisms of visual model estimation. By imposing a
time limit during the trials, participants would likely stop relying on “counting strate-
gies”, but instead adopt other perceptual proxies for solving the tasks. It would also be
interesting to explore the influence of visual encoding and data patterns (e.g., outliers,
shapes), as well as dimension size and number of points. By doing so, we could derive
design guidelines for model visualizations that mitigate perceptual biases in visual vali-
dation (e.g., the work by Hong et al. [95]) and provide prescriptive instructions on when
and how visualizations should include pre-drawn models fitted to data.
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5. Conclusion

Our empirical user study with two different populations investigated the difference
between visual model estimation and visual model validation by using the average value
in scatterplots as a baseline. Our findings suggest that visual model validation accepts
models that are less accurate than those that are estimated visually. The acceptance level
is similar to the common statistical standard 95% confidence interval. Our study pro-
vides valuable insights into how humans process statistical information and identifies
limitations and potential aspects for future research.
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3.3 Visual Validation of Linear Trends in Scatterplots

This follow-up work on visual model validation increased the model complexity and
investigated the differences in humans visual validation and estimation abilities for lin-
ear trends in scatterplots. Moreover, it examined the influence of standard designs for
visualizing model results on the visual validation task.

The paper is published in IEEE TVCG and was presented at the IEEE Visualization
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D. Braun, R. Chang, M. Gleicher, and T. von Landesberger. Beware of validation by
eye: Visual validation of linear trends in scatterplots. IEEE Transactions on Visualization
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Abstract:

Visual validation of regression models in scatterplots is a common practice for assessing
model quality, yet its efficacy remains unquantified. We conducted two empirical ex-
periments to investigate individuals” ability to visually validate linear regression models
(linear trends) and to examine the impact of common visualization designs on validation
quality. The first experiment showed that the level of accuracy for visual estimation of
slope (i.e., fitting a line to data) is higher than for visual validation of slope (i.e., accepting
a shown line). Notably, we found bias toward slopes that are “too steep” in both cases.
This lead to novel insights that participants naturally assessed regression with orthogonal
distances between the points and the line (i.e., ODR regression) rather than the common
vertical distances (OLS regression). In the second experiment, we investigated whether
incorporating common designs for regression visualization (error lines, bounding boxes,
and confidence intervals) would improve visual validation. Even though error lines re-
duced validation bias, results failed to show the desired improvements in accuracy for
any design. Overall, our findings suggest caution in using visual model validation for
linear trends in scatterplots.

IEEE Transactions on Visualization and Computer Graphics, 2025

1. Introduction

Visual validation of statistical models serves as an important task in modern statis-
tics and machine learning applications. The complexity of models often demands visual
inspection for assessing their correctness and reliability [40,41]. This is crucial, as the
model outcomes have great implications in critical domains [96], e.g., the estimation of
pandemic outbreaks [55] and meteorological forecasting [102]. Without visualization,
traditional statistical metrics are often insufficient in describing the underlying data and
model. For example, data sets with significantly different characteristics can share the
same numerical metrics [21,122,181]. As a result, visualization researchers have advo-
cated for visual validation of statistical models as a core part of data analysis.

To date, most research on the perception of statistical models has focused on visual
estimation — individuals” ability to visually fit a model to data [46, 52, 80, 85, 95,106, 126,
132,136,151,152,176,177,196,198,199]. While these studies contribute to our understand-
ing of the visual estimation process, there is a lack of research on visual model validation —
individuals” ability to assess the fit of a given model to the underlying data. In a recent
study by Braun et al. [30], the authors found significant differences in individuals’ perfor-
mance in visual validation and estimation of averages in scatterplots. In this paper, we
build upon this work and investigate the accuracy and effectiveness of visual model val-
idation for a more complex model — linear trends in scatterplots. While the average value
offers a fundamental measure in one dimensions, the exploration of linear trends pro-
vides valuable insights into the relationships between two data dimensions, which can
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(A) Scatterplot to visually estimate (B) Trend line to be visually validated.
linear trend.

(C) Visual design of adding error lines (D) Example stimuli construction:
of ordinary least squares regression. True regression line (blue) and line to
be validated (red, see Figure 1b).

FIGURE 1: Example scatterplot shown to participants in our user studies to investigate

the visual validation of linear trends. In experiment 1 we tested the difference between

visual validation (b) and visual estimation (a), while in experiment 2 (c) we compared

different visual designs for regression to support visual validation. In (d), the blue line
shows the true OLS regression.

be particularly relevant in machine learning applications where linearity assumptions are
common. Scatterplots are the standard approach for showing relationships between two
quantitative variables [129].

Linear trends can be interpreted in two different ways [20]: Regression and correlation.
Regression estimates the underlying linear relationship between two variables to find a
function that predicts the value of one variable based on the other. Correlation measures
the strength of the linear relationship between two variables. The closer points lie to a
straight line, the stronger their relationship. Due to the relevance of regression models for
decision making in wide-ranging fields [57,58,127,178], visual validation of regression
models is important. In this paper, we investigate the perception of linear regression
models and answer the following research questions:

* RQ1: How does performance in visual validation of linear trends relate to the ac-
curacy of visual estimation?

* RQ2: Can common visual designs enhance the performance of visual validation of
linear trends?
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For RQ1, we examined individuals” perception of the slope of a linear trend in a
between-subject user study. Participants were randomly assigned to either validate the
slope of a shown trend line in a scatterplot (Figure 1b) or estimate the trend line on their
own (Figure 1a).

Our results confirm the previous findings of Braun et al. [30] that participants are
more accurate in model estimation than in model validation. Further, we found that
participants systematically overestimated the trends” slope and were particularly inaccu-
rate at recognizing trend lines with a high slope value (i.e., lines that are “too steep”).
This implies that the perception of the trend lines is biased — not symmetrical, i.e., lines
with slopes that are too high and too low are perceived differently. A post-hoc analysis
revealed that participants’ responses were more consistent with the non-standard orthog-
onal regression (ODR: minimizes orthogonal distances between data points and regres-
sion line) than with the usual vertical regression (ordinary least squares - OLS: minimizes
vertical distances between data points and regression line), since ODR regression has a
higher slope per calculation (see Figure 6). This implies they assumed errors in both x
and y variables rather than just one. Our results show similar effects between positive
and negative trends.

With respect to visual design, several recent studies have found significant effects of
visualization on model estimation [85,126,176,177,181,198]. We similarly investigate
whether the addition of augmentations to the visual designs improve individuals” per-
formance in the visual validation of models (RQ2). To answer this research question, we
modified the visual designs and repeated our first study on the slope validation. Using
the same data, we added three visual designs to the shown trend line - OLS error lines,
95% confidence intervals, and bounding boxes (see Figure 12). The results showed that
the addition of error lines reduced the bias in recognizing lines with slopes that are ei-
ther too high or too low. The addition of bounding boxes slightly increased visual model
validation accuracy. However, none of the designs lead to the desired improvements (i.e,
higher acceptance rate for correct models and higher rejection rate for incorrect mod-
els). In fact, participants reported an increased task difficulty with the addition of visual
designs with no benefits to task completion time.

Altogether, the results of our two studies find evidence to caution when using the
common practice of “validation by eye” [96] — visually validating statistical models by
overlaying a visualization of the model over raw data. Further research is needed on
how to support individuals in the visual validation process.

The paper is structured as follows: After an overview of current research studies on
visual validation and visual estimation in Section 2, we give details on the general data,
study, and analysis design in Section 3. The two experiments - validation versus estima-
tion and visual designs- as well as their analysis and results are presented in Section 4
and Section 5. Section 6 discusses limitations of our work and possible future work.

2. Related Work

Visual Model Validation The research topic of visual model validation has received
little attention in the past, but has become more prominent recently as it is recognized
as an essential part of exploratory data analysis [96]. Braun et al. [30] were the first to
investigate the perceptual differences between visual validation and visual estimation
using the example of average values in scatterplots. They found that participants were
more accurate in estimation than in validation, that the visual validation of averages is
unbiased, and that the critical point between accepting and rejecting a given value is
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close to the statistical 95% confidence interval. This study motivated this work on the
validation of linear trends.

Few other studies relate to our experiment. Majumder et al. [119] examine the visual
validation of statistical inference in linear models, in which participants had to visually
find the most deviating model (e.g. highest slope) in a small multiple setting. Their study
showed that visual tests have higher power than conventional tests when the effect size
is large. The findings of Correll et al. [53] on visual validation of data distributions in
scatterplots, histograms, and density plots suggest problems with overplotting, which
informed the stimuli design in our study.

Most of the time, the possibility for visual model validation is given in an interac-
tive way as part of a visual analytics or machine learning system. Chatzimparmpas et
al. [40] give an overview of the current use of visualization for machine learning model
interpretation. Bogl et al. [22] provide a visual analytics process to assist domain experts
in selecting suitable models in time-series analysis. While the Visual (dis)Confirmation
tool by Choi et al. [43] allows users to perform data analysis by automatically generating
appropriate visualizations based on hypotheses framed in natural language, Chegini et
al. [42] support users in identifying local patterns in large scatterplot spaces by automat-
ically comparing local regions using a model-based pattern descriptor. Miihlbacher and
Piringer [130] introduce a partition-based framework for validating regression models
both qualitatively via visualizations and quantitatively via a relevance measure for rank-
ing features. Our work is synergistic with the prior work in that it contributes to a better
understanding of visual model validation that can improve the development of visual
analytics and machine learning systems in the future.

An additional component of model validation is the viewer’s trust in these models
and their visualizations, which has been widely studied in the past [56,66,123,142,154].
The survey by Chatzimparmpas et al. [41] summarizes the importance of this relationship
between visual design and trust in machine learning. In our study, we tried to minimize
the influence of trust by giving the participants as less information as possible without
impairing their understanding of the tasks.

Visual Model Estimation Most studies on the perception of statistical models aimed
to understand visual estimation. In addition to research on the estimation of average
values [80,95,199], there are many papers on the estimation of linear trends.

Correll and Heer [52] examined the basic perceptual process of visual estimation and
had participants perform “regression by eye” for linear trends in scatterplots and other
visualizations. They find that an individual’s ability to estimate the slope of a linear trend
with respect to the least squares regression model depends on both visual features and
data features, without bias for positive and negative trends. Ciccione and Dehaene [46]
were also interested in the accuracy and bias of visual regression estimation in scatter-
plots. Their results indicate that people consistently overestimate trends. These works
played a key role in our study, hypotheses, and stimuli design.

A different aspect of linear trends is the correlation of the two data dimensions. Rensink
and Baldridge [152] investigated the influence of statistical properties on the percep-
tion of correlation in scatterplots. Besides statistical properties, correlation perception
research dealt with the influence of visual designs, features, and ensemble coding [181].
Yang et al. [198] showed that visual features, such as bounding boxes, are used as proxies
for estimating correlation in scatterplots. Xiong et al. [196] found that people estimate
correlations more accurately in scatterplots with generic axis labels than with semantic
labels. Comparisons of different correlation visualizations based on Weber’s law ranked
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scatterplot as the best visualization design and showed that performances of correlation
estimations differ for positive and negative correlations [85,106]. These studies confirm
our choice of scatterplots as the visual design for our studies, and their results have im-
plications for our stimuli design.

3. Experimental Design

We conducted two experiments to gain insights into the perceptual process of the
visual validation of linear trends and to answer our research questions:

RQ1: How does performance in visual validation of linear trends relate to the accuracy
of visual estimation? and

RQ2: Can common visual designs enhance the performance of visual validation of linear
trends?

The first experiment aimed to answer RQ1. Therefore, it contained two tasks to com-
pare the following perceptional processes:

¢ Visual validation: Participants were shown scatterplots with an already drawn trend
line (see Figure 1b). They were asked to indicate whether the line was “too steep’,’
“too flat”, or “about the same” (i.e., the shown line represents the actual trend) in
relation to the true slope of the linear trend of the data.

* Visual estimation: Participants were asked to fit trend lines to the data in the scatter-
plots (see Figure 1a) by adjusting the slope of the line by moving a slider.

The second experiment aimed to answer RQ2 by evaluating three regression visual-
ization designs for validation. In this study, participants only had to perform the valida-
tion task described in experiment 1.

3.1 Study procedure

The two experiments addressed different research questions, but used the same study
structure and data.

The study procedure began with demographic questions about the participants, fol-
lowed by a short training period for the participants to familiarize themselves with the
study interface. To avoid bias in the participants’ responses, we did not provide training
teedback. To minimize learning effects, the order of trials was randomized. In the study
interface, each page displayed one trial (i.e., on plot). For further analysis, response times
were recorded. At the end, we asked the participants for their strategy in performing the
task and to rate the difficulty of the tasks on a 5-point Likert scale (1 - very difficult, 2 -
difficult, 3 — neutral, 4 — easy, 5 — very easy) [186].

Using a between-subject study design (i.e. the participants were divided into two groups
and had to either estimate or validate trends), we prevented learning effects between the
trials and reduced the number of trials per participant [38]. To ensure consistency and
comparability, the same data were used in both studies for all of the between-subject
groups. The only difference between the two experiments was the visual representation
of the data in the scatterplots (see Figure 1b and Figure 1c as an example).

3.2 Data Generation and Stimuli Design

Our data generation is inspired by the approaches used by Braun et al. [30] and Cor-
rell and Heer [52]. Each trial displayed a scatterplot with a size of 700 x 700 pixels.
Therefore, we recommended a screen size of 13” or larger. The scatterplots contained 100
data points in the range of [0,1]x[0, 1] uniformly distributed along the x-axis. We used
the standard regression model for the point generation in order to be able to compare
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(A) Positive slope deviation of 0.5. (B) Negative slope deviation of (C) True regression line (blue) and
0.5. the two deviating lines from (a)
and (b) (red).

FIGURE 2: Example of the same amount of positive and negative slope deviation in
the validation task.

the validation and estimation results with the ordinary least squares (OLS) regression:
y = ax +b. We used this function to generate set of points along particular trends. The
trend lines were centered in the scatterplot (as by Correll and Heer [52]), i.e., £(0.5) = 0.5,
and both positive and negative slopes were used. The y-coordinates of the resulting data
points were then permuted using a normal distribution. Investigating the perception of
the slope of linear regressions, the slope parameter a was the only variable in our studies.
Centering the target trends in the plot ensured that participants could always estimate
the true regression line by solely manipulating the slope value.

To keep the difficulty level as similar as possible between trials, the standard devia-
tion of the normal distribution was fixed to 0.1 and the slopes of the trends were set to
a range of [0.35,0.65]. Since the permutation of the y-coordinates could lead to a devi-
ation of the resulting regression from the original target trend, we performed rejection
sampling to ensure that the slope of the trend of the resulting points was within 1072 of
the target slope.

To be able to measure the accuracy of visual validation, we showed the participants
trend lines with slopes deviating from the true regression slope. Due to the centering of
the underlying trends, a variation of the slope means a rotation of the line around the
point (0.5,0.5). We define the deviation of the displayed line as the deviation from the
true slope as a proportion of the regression’s standard error:

shown slope = true slope + deviation - standard error (1)

Figure 2 shows an example validation trial with the same amount of positive and
negative slope deviation (0.5 in this example). The standard error of the regression is data
dependent and represents the average distance between the points and the regression
line. This allows us to compare and analyze trials with different data sets regardless of
their properties, since an absolute change in slope is perceived differently in graphs with
high and low point dispersion.

The deviation definition is based on the calculation of the regression confidence in-
terval (CI). In statistical analysis, the 95% CI is a common measure for the uncertainty in
models [9]. By construction — in our setting with a fixed number of points and distribu-
tion — the slope’s 95% CI is set at a deviation of 0.198. We use the confidence interval to
compare the user study results with statistical quality measures. In a statistical sense, all



Chapter 3. Visual Validation of Regression Models 105

lines with a smaller slope deviation should be considered acceptable. However, people
may have a smaller confidence interval and reject lines with deviations less than 0.198.

Based on the result of the study for validation and estimation of the average value [30],
where deviations greater than 0.7 were consistently rejected, we used the same deviation
range of [-0.7,0.7] (i.e., we showed lines with a maximum slope deviation of 0.7 based
on Equation 1). The deviations we used for the lines shown in the studies were evenly
distributed within this range in 0.05 increments (including deviation 0), resulting in a to-
tal of 58 trials (i.e., 58 different data sets) per participant (29 trends with a positive slope,
29 with a negative slope).

In line with the literature [30,52,196], we kept the displayed scatterplots as clean as
possible to minimize visual distraction by omitting axes marks and labels (see example
stimuli in Figure 1). The used colors and marker sizes were the same as in the study by
Braun et al. [30].

3.3 Analysis Procedure

In order to assess our results in relation to literature, our analysis is similar to that
of Braun et al. [30]. For comparability of the estimation and validation results, we trans-
formed a participant’s validation responses to binary results: 1 for accepting (i.e., "about
the same") the shown line, 0 for rejecting (i.e., "too steep" or "too flat") the shown line. Sim-
ilar to previous studies, logistic regression was then applied to the acceptance rates [30,
198] to assess validation accuracy.

The estimation errors (i.e., the deviation in slope of the self-adjusted trend lines) were
calculated using the same deviation definition as for validation (Equation 1). This allows
us to compare the logistic regression of validation acceptance rates with the cumulative
distribution (CDF) of estimation errors.

For statistical testing, we used a multi-stage approach with the standard significant
level a = 0.05 in all tests. First, we performed a Shapiro-Wilk test on the given responses
and response times to test the data for normality, with the result that none of the data
tulfilled this property. Based on this, we then used the non-parametric Kolmogorov-
Smirnov (KS) test for the difference in validation and estimation results (i.e., comparing
the logistic regressions of the validation acceptance rates and the CDF of the estima-
tion errors). A Wilcoxon test was uses to test the response times and estimation errors
on difference in means. For comparing the Likert responses, we used chi-squared test.
For experiment 2 we first performed a Kruskal-Wallis test on the response times and a
chi-squared test on the categorical responses to test the visual designs for significant dif-
ferences. As post-hoc pairwise analysis of the respective tests to compare the different
design combinations.

4. Experiment 1: Visual Validation versus Visual Estimation

Experiment 1 analyzed the performance in visual validation of linear trends in rela-
tion to visual estimation. Based on previous research on model perception [30,46,52,144]
and our own assessments when generating the data, we propose the following hypothe-
ses for experiment 1:

* H1: The accuracy of visual validation is lower than the accuracy of visual estimation when
perceiving the slope of a linear trend in a scatterplot.
The study by Braun et al. [30] for the average value showed that visual estimation
provides a higher level of accuracy compared to visual validation. We expect this
result to hold for linear trends.
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* H2: People’s critical point between accepting and rejecting a given trend line when validat-
ing is close to the boundary of the 95% CI.
Also based on the results of Braun et al. [30] we expect people’s “visual confidence”
to match the statistical CI, as is true for the visual validation of average values.

* H3: For visual validation, the results don’t differ between positive and negative trends.
Correll and Heer [52] found no bias in visual estimation of linear trends. We expect
visual validation and estimation to be similar in this regard.

* H4: For visual estimation, people overestimate the slope of linear trends.
We expect this behavior found in previous research [46, 52, 144] to be the same in
our study.

» HS5: Perceived task difficulty and task completion time are lower for visual validation than
for visual estimation.
The validation task is simply a matter of acceptance, whereas the estimation task
requires participants to fit a line to the data. Therefore, we expect participants to
perceive the validation task as easier and complete it faster.

4.1 Experimental Setting and Participants

We conducted an online study on Limesurvey [115] and recruited participants from
the crowdsourcing platform Prolific [145]. A total of 122 participants took part in the
study. They had to speak English fluently. No restrictions were made for country of res-
idence. We removed the data from 12 participants because of their incorrect answers to
the attention question. Out of the 110 remaining participants, 46 completed the valida-
tion and 64 answered the estimation task. Most of them were between 20 and 40 years
old (86%) and the gender distribution was close to even (F: 48%, M: 49%, other: 3%).
Participants” educational levels ranged from high school diplomas to doctorate degrees,
with the majority having a bachelor’s degree (40%). The overall self-reported expertise
in statistical model estimation was relatively low, with 88% of the participants indicating
an expertise between 1 and 3 on a 5-point Likert scale. The average time to complete the
study was 20 minutes. Participants were compensated with £4.45.

4.2 Results

Given our data generation approach based on the ordinary least squares (OLS) re-
gression (see Subsection 3.2), we analyze the responses of the study participants based
on this model.

4.2.1 Accuracy of Visual Validation vs. Visual Estimation

We evaluate the accuracy of visual validation and estimation in relation to the “sta-
tistical accuracy” of OLS regression. In statistical terms, all trend lines within the 95%
confidence interval are considered to be valid. This means that, in a perfect world, par-
ticipants should accept all trend lines with a slope deviation of less than 0.198 (i.e., the CI
slope deviation) and reject all trend lines with a higher slope deviation in the validation
task. In the estimation task, participants should ideally only estimate lines with slope
deviations less than 0.198.

To be able to compare validation and estimation results, we summarize the acceptance
rates and estimation errors. We combine the results for positive and negative trends and
positive and negative slope deviations as absolute acceptance rates and errors. Figure 3
shows the resulting logistic regression for the validation acceptance rates and the cumu-
lative distribution for the estimation errors.
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FIGURE 3: Comparison of validation and estimation accuracy (absolute deviation)
with respect to OLS regression. Blue line: Cumulative distribution (CDF) for the es-
timation errors. Orange line: Logistic regression for the validation acceptance. Green
line: Statistical 95% CI. Notice that more statistically valid lines were estimated than
accepted by validation and more invalid lines were accepted than estimated.

As shown, when the slope deviation is low (e.g., less than the 0.198 — the green line),
participants were more accurate in estimating than validating trend lines. For example,
about 70% of the participants were able to estimate (i.e., drew) trend lines with slope
values below the deviation of 0.198. In contrast, only 60% of the participants correctly
validated (i.e., accepted) shown trend lines with the same slope values. When the slope
deviation is high, again we see that participants were more accurate in estimating than
validating trend lines. For example, only about 20% of the participants estimated (i.e.,
drew) trend lines with slope values above the deviation of 0.6. In contrast, about 35% of
the participants falsely validated (i.e., accepted) shown trend lines with the same slope
values. Only in the deviation range adjacent to the confidence interval (0.2 to 0.3) valida-
tion is more accurate than estimation. In this statistically invalid range, a slightly higher
percentage of lines were estimated than accepted. Notably, the validation acceptance of
linear trends has an almost linear relationship with the slope deviation. Ideally, it should
have high values at low slope deviations with sharp drop at the 95% CI border (i.e., 0.198).

The KS-test showed the two curves to be significantly different (p < 0.01, D = 0.296).
Therefore, H1 is supported for OLS regression.

The critical points of validation and estimation are precisely these slope deviations,
with a 50/50 chance that a line will be accepted or rejected, or estimated with a lower or
higher slope. This critical point is slightly lower for estimation (crit,q; = 0.36 > crites =
0.32). Moreover, the critical point of validation is much greater than the deviation of
the 95% CI (0.198), which does not support our hypothesis H2 for the OLS regression.
The critical points describe an experimental human threshold for the two tasks. People
estimated lines that would be correct with the statistical 99.8% CI. For visual validation,
they even accepted lines with a deviation greater than the statistical 99.9% CIL

When analyzing the individual performance of the participants in visual validation,
it is noticeable that 72% of the participants had an individual critical point greater than
the 95% CI and 13% accepted incorrect models more often than correct ones.
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FIGURE 4: Comparison of the validation acceptance rates of positive and negative de-
viations for positive and negative trends with respect to OLS regression. Green line:
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(B) Negative slope.

statistical 95% CI.

4.2.2 Bias in Positive and Negative Slope and Deviation

Figure 4 differentiates the validation acceptance rates by positive and negative trends
as well as positive and negative slope deviation. For positive trends, lines with positive
slope deviations (i.e., trend lines that were “too steep”) were accepted significantly more
often than lines with negative deviations (see Figure 4a) (KS: p < 0.01, D = 0.814). For
negative trends, the results are mirrored, i.e., lines with a negative slope deviation were
accepted significantly more often (Figure 4b) (KS: p < 0.01, D = 0.926). For both trend
directions, lines that were “too steep” were still accepted more than 50% of the time,
even with the largest slope deviation. Analysis of individual participant acceptance rates
showed that the difference between positive and negative slope deviations was signifi-
cant for each individual participant. Comparing the logistic regressions of the acceptance
rates between positive and negative trends, there is no significant difference for “too flat”
lines (KS: p > 0.99, D = 0.022), but a significant difference for “too steep” lines (KS:
p < 0.01, D = 0.336), indicating a slightly more accurate validation of positive trends.

Thus, hypothesis H

3 cannot be rejected.
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FIGURE 5: Histogram of the deviations of the estimated lines for positive and negative
trends with respect to OLS regression.

A similar pattern can be observed for the estimation errors (see Figure 5), supporting
the results of previous studies [46,52,144] and our hypothesis H4: People overestimate
the slope of trend lines. Without over-estimation, both distributions should be centered at
0 slope deviation. With an average slope deviation of 0.357 for positive trends and —0.359
for negative trends, participants consistently drew the trend lines too steeply (Wilcoxon:
Ppositive < 0.01, Vpositive = 1660685; Pnegative < 0.01, Vnegative = 78910). No sig-
nificant differences in estimation errors between positive and negative trends could be
found (Wilcoxon: p > 0.52, W = 1743165).

In summary, both perceptional processes — visual validation as well as visual estima-
tion — are biased toward “too steep” slopes for positive as well as negative trends.

4.2.3 Post-Hoc Analysis: OLS vs. ODR

The results opened a new question: What is the reason why people perform poorly at
perceiving trend lines that are “too steep”?

A clue to this question was found in a study by Ciccione and Dehaene [46]. Inspired
by their results, we hypothesize that individuals perceive orthogonal distance (ODR) in-
stead of orthogonal least squares (OLS) regression, since ODR regression has a higher
slope per calculation. Figure 6 illustrates the difference between the two regression mod-
els. OLS regression minimizes the sum of the squares of the vertical distances of the
points to the line and assumes noise only in the dependent variable (y-axis). ODR regres-
sion minimizes the sum of the squares of the orthogonal distances of the points to the
line and assumes noise in both variables. The slopes of the ODR regression lines differ
from those of the OLS regression. Thus, taking the ODR regression model into account
changes the true slope value, which influences the measured accuracy of visual valida-
tion and estimation. We analyzed and compared the results of both tasks with respect to
both regression models — OLS and ODR - as a post-hoc analysis to see if it explained the
bias in slope perception.
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FIGURE 6: Illustration of the difference between ordinary least squares (OLS, blue line)
and orthogonal distance (ODR, yellow line) regression, adapted from [46].
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FIGURE 7: Comparison of validation accuracy (absolute deviation) with respect to OLS
and ODR regression.

Visual Model Validation: The acceptance rates for the shown trend lines in the validation
task compared for ODR and OLS are visualized in Figure 7. They differ significantly for
both models (KS: p < 0.01, D = 0.342). For ODR regression, more lines with small slope
deviation were accepted and more lines with large deviation were rejected. The logistic
regressions intersect closely at the 50% acceptance rate, i.e. the critical point between
acceptance and rejection of a line remained almost identical for both regression models.

Visual Model Estimation: There is also evidence of an improvement in visual estima-
tion (see Figure 8). The estimation errors have improved for both positive and nega-
tive trends and the slope is less strongly overestimated compared to OLS (ups = 0.210,
Hneg = —0.216),
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FIGURE 8: Histogram of the deviations of the estimated lines for positive and negative
trends with respect to ODR regression.
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FIGURE 9: Comparison of validation and estimation accuracy (absolute deviation)

with respect to ODR regression. Blue line: Cumulative distribution (CDF) for the es-

timation errors. Orange line: Logistic regression for the validation acceptance. Green
line: Statistical 95% CL

Comparing the two tasks, the differences between estimation and validation were
greater for ODR than for OLS (see Figure 9). The critical point of estimation moved
closer to the border of the 95% CI for ODR (crit.s; = 0.208). As a result, the estimation
errors were significantly lower than the acceptance threshold for validation (KS: p < 0.01,
D =0.234).
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(A) Mean estimation and validation responses with (B) Mean estimation and validation responses with
respect to OLS regression. respect to ODR regression.

FIGURE 10: “Visual summary” of the results for experiment 1 in an example stimulus.

The figures show the true regression line (green) for OLS (a) and ODR (b) together

with participants” average response for estimation (blue) and the range of lines with

an acceptance rate of 50% or higher for validation (orange). Notice that in figure (b),

the blue and the green lines are closer to each other than in figure (a) and the orange

range better encapsulate the green line. These suggest that the ODR model better fits
participants’ perception of trend lines.

Figure 10 illustrates the accuracy results of experiment 1. It visualizes an example
stimuli with the true OLS and ODR regression lines together with the average responses
for validation and estimation. For estimation, this means a line (shown in blue) with the
average deviation of the estimated lines. For validation, this is represented as the range
of lines (shown in orange) that would be accepted at least 50% of the time.

In sum, we found that participants’ trend perception was more consistent with the
ODR regression model than with the OLS model for both estimation and validation tasks.

4.2.4 Response Time and Difficulty

Figure 11 shows the response times and the distribution of the Likert scale responses
for the task’s difficulty. As shown, the response times for visual validation were signif-
icantly faster than for visual estimation (Wilcoxon: p < 0.01, cohensD = 0.12, uy,u =
10.85sec, pes: = 13.73sec). In contrast, participants” self-reported task difficulty was sig-
nificantly lower for the estimation than for the validation task (Chi-squared: p < 0.05,
¥% =10.08; tyar = 3.28, ptes: = 3.84). Therefore, Hypothesis H5 cannot be rejected.

4.2.5 Self-Reported Strategies

Participants’ self-reported strategies were provided in free-text form and subsequently
summarized by us. For validation, the most often strategy was the comparison of the
shown line shown with a self-estimated line (responded by 8 participants). Alternative
strategies include a counting strategy (n = 7) where the participants counted the dots on
both sides of the line, and a strategy that references the overall visual image of the visual-
ization (n = 6) where the participants checked whether the trend line passed through the
center of the area of dots. The latter strategy is similar to the strategy of a “bounding box”
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FIGURE 11: Response times and self-reported difficulty for experiment 1.

around the scatter dots, which was investigated by Yang et al. [198] for the perception of
correlation (see Subsection 5.1).

For estimation, one strategy was used very often. 14 participants reported using the
counting strategy and balancing the number of points on each side of the line. Only two
other strategies were mentioned more than once: drawing a line through the middle of
the dots (n = 3) and mentally connecting the dots to a line chart (n = 2).

For both tasks, the comparison of the results per strategy did not show any significant
differences.

4.3 Discussion

Comparing the perceptual tasks of visual validation and estimation, individuals are
more accurate at estimating regression models themselves than validating existing ones.
One possible reason for this is that, as noted in the self-reported strategies, when vali-
dating a trend line, many people compare the line shown to a self-estimated line. Due
to their uncertainty in their own estimation, they then may give themselves a margin
of tolerance, which is reflected in the larger accepted deviations for the validated lines.
This may indicate that people go through a two-step process during visual validation,
with estimation as the first step. However, the response times and the self-reported task
difficulty provide contradictory supporting evidence. Although participants reported es-
timation to be easier than validation, they also needed more time to complete the task.
One possible reason for the longer response time for estimation is the interactivity asso-
ciated with the task. The interaction time might be reduced by providing the participants
a draggable line instead of a slider. In future work, it would also be interesting to capture
the number of readjustments of the estimated lines to compare it with the response time
and the accuracy results.

In both estimation and validation, the critical points are well above the 95% confi-
dence interval, meaning that people are not able to perceive regression models with an
acceptable level of accuracy by statistical standards. Therefore, individuals cannot rely
on their visual validation ability. Given the relatively low self-reported expertise of the
participants, the results might be different for people familiar with regression concepts,
and an additional experiment solely with domain experts would be interesting for future
work.

Our study design allows us to compare our results for the perception of linear trends
with those of Braun et al. for the perception of the average value [30]. In general, both vi-
sual validation and estimation are less accurate for linear trends than for average values.
This is probably due to the increased difficulty of the task, as the average value only ex-
amines the characteristic of one variable, while the linear trend examines the relationship
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between two variables. Nevertheless, the relation between validation and estimation re-
mains similar, but only with respect to ODR regression. The reason for this is most likely
that the vertical regression is both statistically and visually decisive when calculating and
perceiving the average value.

The results of the experiment showed that the participants in our study were biased
towards trend lines that were “too steep”. In the estimation task, they consistently drew
lines with slopes that are too high, while in the validation task they accepted significantly
more lines that were too steep than lines that were too flat with respect to the true trend
line. Possible reasons, such as confirmation bias (i.e., given a trend line, participants
may identify points that support the trend line as a valid one) [63] or the overestimation
of large values and underestimation of small values [124] could not be verified by our
study data and therefore require further investigation. However, the bias is reduced if the
results are considered in relation to the ODR instead of the OLS regression. This indicates
that, without any context or other assistance, people intuitively estimate and validate an
orthogonal regression (ODR) instead of a vertical one (OLS) in scatterplots. That means,
people naturally perceive errors in both variables even though they are not present in the
data. As OLS is the more commonly used model for regression, we conducted a second
experiment that uses additional visual augmentations to the scatterplots to improve the
validation quality for OLS regression (see next section).

5. Experiment 2: Visual Validation with Visual Designs

The results from experiment 1 showed that visual validation is less accurate than
visual estimation. Moreover, people more likely assess orthogonal distances between
data points and trend line (i.e. ODR) instead of vertical distances (i.e., OLS). However,
since OLS is the more commonly-used regression model, in this section, we investigate
whether the addition of visualization designs may help improve the participants” accu-
racy when performing visual validation with OLS regression.

Experiment 2 evaluated three common visual augmentations for regression visualiza-
tion (error lines, bounding boxes, and confidence intervals), as shown in Figure 12. As
described later in Subsection 5.1, we expect error lines to have the most influence on the
results. Thus, our hypotheses are:

e H1: Visual designs improve the validation of OLS. It means that people accept more
statistically valid and reject more invalid trend lines with respect to OLS regression.

* H2: The visual design using error lines removes bias towards higher slopes. This means,
there is no perceptual difference between positive and negative slope deviations
with respect to OLS regression anymore.

* H3: Error lines reduce the time and difficulty of the task with respect to the other designs
including the unaugmented chart.

5.1 Visual Designs

Visual designs for regression validation mean additional graphical elements that are
shown to the user in addition to the trend line in the visualization. We consider common
visual designs for showing regression results found in literature (e.g., [138,140,198]) and
the strategies used by participants in experiment 1 (see Subsubsection 4.2.5).
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(A) OLS error lines. (B) Bounding box. (C) 95% confidence interval.

FIGURE 12: Visual designs evaluated for visual validation in experiment 2.

Error Lines The first visual design employs error lines [198]. Error lines show the the
vertical distance of each data point from the displayed line, emphasizing the error mini-
mized by OLS regression (see Figure 12a). This potentially relieves the user of one step of
the regression calculation, which should reduce participants” response times. Moreover,
by visually guiding towards OLS regression, the explicit error lines should make people
perceive less the ODR regression. Therefore, it should also reduce the bias toward lines
that are too steep.

Bounding Box The concept of bounding box covering the data was mentioned by sev-
eral participants in the self-reported strategies and is inspired by Yang et al. [198]. Our
implementation constructs the box by moving two lines parallel to the shown line out-
ward until they reach the outermost points. The surface is then colored with an alpha
value of 0.1 for a lower opacity (see Figure 12b). The resulting box highlights the slope
of the line shown. This enlarged area, which includes all data points, is intended to help
participants compare the slope of the line shown with the true trend of the data as a
whole.

Confidence Interval Visualizing the confidence interval of a regression model is com-
mon in several different areas and applications, such as pandemic infection projections or
weather forecasts [139,156,201]. It shows the uncertainty in the underlying model [138,
140]. All models within the confidence interval should be considered valid in a statistical
sense. For our stimuli, we rotate the 95% confidence interval of the true OLS regres-
sion model in the same way as the shown line (see Figure 12c). The goal is to enhance
the perception of slope deviation of a line by showing all statistically valid models that
accordingly have an even greater deviation.

5.2 Experimental Setting and Participants

We conducted a second user study on Limesurvey [115] (with participants from Pro-
lific [145]) using the identical data and study procedure as in experiment 1. The between-
subject groups were now defined by the three designs instead of the two tasks in the first
study. All participants performed the visual validation task.

After filtering for attention checks, a total of 108 participants were included in the
analysis (32 for error lines, 38 for bounding box, and 38 for confidence interval). The demo-
graphic characteristics of the participants were similar to experiment 1: 87% were be-
tween 20 and 40 years old with 47% females and 52% males. The education levels were
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FIGURE 13: Comparison of validation accuracy (absolute deviation) with respect to
OLS regression for the visual designs. Green line: Statistical 95% CL

p-value | base error box | conf
base -

error < 0.01 -

box <0.01 | <0.01 -

conf <001 | <0.01 | <0.01 | -

TABLE 1: p-values of the pairwise KS-test for the analysis of the acceptance rates of
OLS regression.

also similar: 43% of the participants had a bachelor’s degree and 82% responded with an
expertise between 1 and 3 on the Likert scale.

Participants were compensated with £3.54. The average study completion time was
17 minutes.

5.3 Results

We can directly compare the results for the visual designs with the base line (i.e., lines
without additional augmentations) from experiment 1.

Accuracy With respect to OLS regression (see Figure 13), the pairwise KS-test indicated
significant differences in the acceptance rates between all designs (Table 1).

For the bounding box and the confidence interval, a similar number of valid lines (i.e.,
trend lines within the CI) were accepted compared to the base line condition, while a
slightly higher amount of invalid lines were rejected. For the error lines, fewer lines were
accepted that were within the statistical 95% confidence interval. The true trend lines
were accepted only 60% of the time.

The overall decrease in the acceptance rates with visual designs have lowered the
critical point between acceptance and rejection of a shown line for all three designs
(criterror = 0.190, critpox = 0.251, criteony = 0.298).

In sum, people rejected slightly more invalid models with visual designs, but did not
accept more valid models. Therefore, our hypothesis H1 cannot be rejected.
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FIGURE 14: Comparison of the validation acceptance rates for the different visual
designs for positive and negative deviations and for positive and negative trends with
respect to OLS regression. Green line: statistical 95% CI.
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FIGURE 15: Response times and self-reported task difficulty for the different visual
designs in experiment 2.

Bias Figure 14 shows the differentiated acceptance rates for the designs. For the error
lines, the deviation difference between the acceptance’ critical points of positive and neg-
ative slope deviation decreased (AP?,, = 0.020 for positive trends and A;S,, = 0.117 for
negative trends). While the acceptance rates for negative trends still differ (KS: p < 0.01,
D = 0.182), they are not significantly different for positive trends anymore (KS: p > 0.71,
D = 0.044). This result suggests that the perception of OLS regression was improved for
the participants with error lines. It partially supports hypothesis H2.

Similar to the base line, the confidence interval biased the perception of positive and

negative slope deviation (AL, = 0.348, A”’% . = 0.353). The bounding box showed a slight

improvement in the perception of lines that were too steep (A" = 0.186, A% = 0.159).

Response Time and Difficulty The response times (measured in seconds) and partici-
pants’ self-reported task difficulty on a 5-point Likert scale are shown in Figure 15.

The Kruskal-Wallis test indicated a significant difference in the response times (p <
0.01, y* = 11242). A pairwise Wilcoxon test of the visual designs (Table 2a) showed
that the response times with the error lines were significantly higher than for all other
designs (tterror = 12.64sec). Among the other designs, the confidence interval had the
fastest response times (tcons = 9.21sec), followed by the bounding box (upox = 9.96sec)
and the base line (upgse = 10.85sec).

A significant difference in the designs was also found in the perceived difficulty (Chi-
squared: p < 0.05, y* = 21.19). The task was perceived to be the easiest with the base
line (Upase = 3.28). The only significance could be found when comparing the base line to
the error lines (Table 2b) where the error lines was perceived as the most difficult (terror =
2.69). In between the base line and the error lines were the bounding box (upox = 3.21) and
the confidence interval (ticonf = 2.92).

Summarizing the results, hypothesis H3 is not supported.

5.4 Discussion

The results of experiment 2 show that people consistently reject trend lines more of-
ten when they are presented with visual designs regardless of whether the trend lines
are valid or invalid. There could be several different reasons for this: 1) The visual de-
signs help to identify incorrect regression models. 2) People are generally more skeptical
when shown model results with visual designs because they are not used to or do not
understand this type of presentation. 3) People perceive the type of model to not fit to
the underlying data. In our study, we intentionally did not provide an explanation for
the designs to allow for a purely perceptual study. It is therefore possible that a prior
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p-value | base error | box | conf

base -

error < 0.01 -

box 1.00 | <0.01 | -

conf 092 | <001 |058 ]| -
(A) Response times.

p-value | base | error | box | conf

base -

error < 0.01 -

box 0.38 | 0.06 -

conf 011 | 036 | 018 | -

(B) Self-reported difficulties.

TABLE 2: p-values of the pairwise Wilcoxon-test for the response time analysis and
pairwise chi-squared test for analysis of the self-reported difficulties.

explanation of the visual designs would improve participants” understanding and thus
the results. Similarly, the results may be influenced by the low statistical expertise of our
participants.

With respect to OLS regression, the acceptance thresholds improved with all designs
compared with the base line. This is due to slightly higher rejection rates of invalid trend
lines. The validation accuracy of valid lines did not improve with any design.

As with the base line, there is no bias in trend direction with the visual designs. Al-
though confidence intervals are commonly used to represent statistical uncertainty, the
bias in slope deviation is greatest with the addition of the confidence interval in the visu-
alization. The error lines, on the other hand, provided an unbiased validation in terms of
“too steep” and “too flat” trend lines.

The addition of error lines in the visualization should in theory reduce the cognitive
effort of visual validation, because the cognitive calculation of errors is not needed. How-
ever, participants took longer to complete the validation task and found it more difficult
than with the base line, according to the results of our study. This suggests that people
either did not fully understand the concept of error lines without explanation, that the
processing of additional information is cognitively demanding, or that it forces people to
intensify their thinking about the shown line and to correct their bias.

The results of experiment 2 showed that the addition of commonly used visual de-
signs for visualizing regression in a scatterplot does not significantly improve people’s
ability to validate models visually. Therefore, we are unable to provide design guide-
lines. As visual estimation remains more accurate, this suggests that guiding people to
cognitive estimation as a first step of visual validation might improve accuracy.

6. Limitations and Future Work

We investigated the visual estimation and validation of linear trend lines in scatter-
plots. The findings and limitations in our experiments may suggest new research ques-
tions and future directions.

Model complexity: We found that individuals’ ability to visually validate a linear model
is lower than their ability to validate a constant model (i.e., averages [30]). This raises
the question whether the ability to visually validate is dependent on the complexity of a
model. In order to answer this question, however, it would be necessary to define model
complexity in relation to visual perception.
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Data characteristics - Outliers: Our study analyzed data with normal distribution as
assumed by OLS regression models. However, real world data sets may have special
characteristics that impact the regression. For example, Correll and Heer [52] studied
the influence of noise and outlier in the data. The addition of outliers would shift the
validation question of a correct or incorrect model to a question of including or excluding
the outliers in the regression. This question about the correctness of the model itself could
be extended to a study on the validation of model types. In this, people would have to
be decided whether the type of model fits the data or not. In this paper, we examined the
fit of the parameters of a fixed model.

Visual designs for model validation: We tested four designs (unmodified base line and
three visual design augmentations) that are commonly used in visualizing regression
models. The addition of the three visual designs in experiment 2 failed to improve both
the accuracy and bias of visual validation. It would be interesting to see whether the
results improve in a separate study where explanation and context to the data and the
visual designs are made available to the participant. Additional think-aloud sessions
could further provide insights into people’s visual validation process and the use of vi-
sual designs. Altogether, the development of novel visual designs for model validation
that improves both accuracy and mitigates bias is a future challenge.

7. Conclusion

In summary, our research examines the effectiveness of visual validation in assessing
linear regression models shown in scatterplots. We conducted two empirical experiments
to gain insight into individuals” abilities to visually validate linear trends and the impact
of common visualization designs on validation quality.

The first experiment showed that participants were more accurate at visually estimat-
ing linear trends in scatterplots than at visually validating them. In addition, our results
revealed a bias in slope deviation (i.e., toward slopes that are "too steep"), but no bias
in trend direction. Additional analysis provides evidence that people naturally assess
orthogonal regression (ODR) rather than the most commonly used vertical regression
(OLS). This indicates that people assume errors in both variables rather than in just the
y-coordinate.

The second experiment aimed to evaluate whether incorporating common visualiza-
tion designs such as error lines, bounding boxes, and confidence intervals could improve
visual validation. Despite the reduction in validation bias observed with error lines, none
of the tested designs yielded the desired improvements in accuracy.

Our results emphasize the limitations of relying solely on visual model validation
for linear regression models in scatterplots. Further research is needed to investigate
the underlying cognitive processes involved in visual validation tasks in order to find
appropriate visual solutions for supporting visual model validation.
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3.4 Visual Validation of Linear Trends With Outliers

In the previous work, the model complexity was increased from the average value to lin-
ear trends. For this project on visual model validation, the data complexity is increased
this time. The paper investigates the extent to which individuals take outliers into ac-
count when validating linear trends in scatterplots. To this end, the influence of different
outlier factors is examined and the validation results again are compared with the results
of visual estimation.
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Abstract:

We investigate the influence of outliers on the visual validation of linear trends. When
some data points do not follow the core trend, different statistical models can be applied
depending on the treatment of these data points. When a viewer is asked to validate a lin-
ear regression, they must make an assumption about how to weight the outliers. Through
two quantitative human-subject studies, we investigate which models participants adopt
when visually validating regression models and how various factors influence their de-
cisions. The first study compares visual model validation to the related task of visual
model estimation. The results show that when validating, viewers are less consistent
about how to account for outliers than when estimating, and that validation is less ro-
bust to data factors. A second study explores validation behavior in more depth. We find
that individual viewers consistently accept models that either include or exclude outliers,
regardless of whether the presence of outliers is mentioned or not. These decisions are
influenced solely by outlier congruence with the trend direction. Our findings improve
the understanding of visual model validation of linear trends in scatterplots with out-
liers, offering practical implications for machine learning applications and the design of
visual analytics systems.

In preparation for submission to CHI conference, 2026

1. Introduction

Visual validation of statistical models is a core part of exploratory data analysis [49,96]
and visual analytic systems [12,42,165,192]. Given the inherent complexity of many mod-
els (e.g., regressions), visual inspection is often employed to assess their accuracy and
reliability [40,41]. This process is especially critical when model outputs have substan-
tial implications in sensitive areas such as pandemic forecasting [55] and meteorological
prediction [102]. Traditional statistical metrics may fail to capture the nuanced character-
istics of the underlying data and model, as data sets with divergent properties can yield
similar numerical statistics [21,122,181]. Then, visual validation comes to its strength. It
reveals subtle patterns of the data and models.

Outliers — data points that deviate markedly from a core trend — pose significant chal-
lenges in statistical analysis and modeling [13,120]. They may arise from measurement
errors, data entry mistakes, or noise, or they can be correct but just unusual [203]. A
variety of models and methods has been developed to deal with such data points. In
the context of ordinary least squares (OLS) regression, two of the most straightforward
models involve either [52]: (A) including all observations — thereby assuming that the
outliers reflect legitimate variation in the data — or (B) classifying the data that does not
fit as outliers and ignoring them (see Figure 1). As both models are statistically plausible,
it is up to humans to choose which of the two to use. This can be done visually by looking
at the data and its fit to the calculated model.
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FIGURE 1: Example scatterplot containing outliers with the two statistically valid OLS

regression models: The model including the outliers (model A) and the model only

considering the core data (model B). The red line shows an example validation line for

a value of r = 0.5 for the slope s = - a + (1 —¢) - b with a and b being the slopes of
model A and B.

For visualization designers, it is important to know which of the valid models viewers
naturally assess. This affects which models to display in a visualization or whether there
is a need to give the viewer visual cues. These insights are critical because effective data
visualization does more than present information -— it shapes perception and cognition,
guiding decision-making in scientific and applied contexts [57,58,127,178].

The research on the visual communication of statistical models has been focused on
two tasks: visual model estimation [46,52,80,85,95,106,126,132,136,151,152,176,177,196,198,
199] - individuals” ability to visually fit a model to data — and visual model validation [27,
30] — individuals’ ability to assess the fit of a given model to the underlying data. Braun
et al. [27] found significant differences in individuals” performance in visual validation
and estimation of linear regression models in scatterplots. These studies were performed
on data without outliers. It is unclear how people validate models in the presence of
outliers, which frequently occur in real scenarios and data and are not trivial to analyze.

In two human-subject studies, we investigate the behavior of viewers during visual
validation of linear model results when outliers are present in the data. As outliers can
occur in various ways (e.g., in different quantities or at the beginning or end of a trend),
we examine possible factors that influence the data (see Figure 2). In line with the liter-
ature [45,52], these data factors include the outlier quantity, trend direction, horizontal
positioning of the outliers, and outlier congruence to trend direction. Congruent outliers
lie on the side of the core trend that supports this trend (i.e., incongruent outliers lie on
the contradictory side).
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Experiment 1. Validation vs. Estimation Experiment 2: Mentioning Outliers

1

Estimation Validation Mentioning Non-Mentioning

Outlier Quantity Trend Direction Outlier Position

5% 10% 15% Positive Negative Start End
Outlier Congruence Outlier Congruence

\ Congruent  Incongruent / Congruent  Incongruent

FIGURE 2: Experimental factors tested in our human-subject studies on the visual

validation of linear trends containing outliers. The first experiment compares visual

model validation and estimation with varying outlier quantity and congruence of their

position with the trend direction. In experiment 2, we examine the difference in visual

validation between mentioning and non-mentioning the outliers to participants in-

cluding the factors: horizontal positioning of the outliers, vertical congruence to the
trend direction, and the trend direction itself.

The first experiment compares visual validation with visual estimation of linear trends
with outliers. In a between-subjects setting with volunteer participants, they saw a scat-
terplot containing outliers and had to either accept or reject given trend lines (validation)
or adjust the slope of a line to fit the trend of the data (estimation). We found significant
differences in the validation and estimation behavior of the participants. Moreover, the
results show significant variations in the tendency to weight the outliers during valida-
tion for the tested factors outlier quantity and outlier congruence.

In the second experiment, we examined whether explicitly mentioning the existence
of outliers causes a difference in the consideration of outliers in visual validation. A
difference in validation behavior between mentioning and non-mentioning of outliers
would have implications for visualization designs, e.g., the phrasing of chart titles or an-
notations. We found no difference in the results between mentioning and non-mentioning,
either overall or for the individual data factors, indicating that people are not biased by
task phrasing. Outlier congruence is also the only factor that changes the validation ten-
dency, whether or not outliers are included. Comparing the individual results of each
participant indicates that visual validation with outliers is individual and a more cogni-
tive than perceptual task.

Our work deepens the understanding of how individuals interpret anomalous data
points in visual model validation tasks. The insights gained can inform the design of vi-
sual analytic systems that aim to bridge the gap between complex statistical outputs and
intuitive human understanding. Our findings provide a foundation for the development
and future research of the visualization and annotation of model results that supports
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human perception and decision-making. Further research is needed on the cognitive fac-
tors involved in the visual validation process when outliers are present, such as context
and trust.

The paper is organized as follows: Section 2 reviews current research on visual es-
timation and visual validation. Section 3 details the overall data, study, and analysis
design. The results of the two experiments and their discussions are presented in Sec-
tion 4 and Section 5. Section 6 addresses the limitations of the current work and outlines
potential avenues for future research.

2. Related Work

Visual Model Estimation The visual estimation of statistical models has been widely
researched. Besides works on the estimation of average values [80,95,126,199] and cor-
relation [85,106,152,176,177,181,196,198], many papers exist on the estimation of linear
trends.

Correll and Heer [52] conducted a series of crowdsourced experiments to assess the
perceptual processes of linear trend estimation using “regression by eye” across multi-
ple bivariate data visualizations. They found that the accuracy of the participants” esti-
mated trends with respect to OLS regression could be significantly influenced by both
visual features and data features, such as outliers. Ciccione and Dehaene [46] and Liu et
al. [116] conducted similar experiments with the results that people consistently overes-
timate trends and that trend estimation is sensitive to the absolute slope value.

In their estimation with outliers experiment, Correll and Heer [52] found that people
estimate trend lines significantly closer to the OLS model excluding outliers than the
model including them. Their results did not indicate a significant effect with respect to
the outlier position. Increasing the outlier quantity did not influence trend estimations.
The studies of Filipowicz et al. [73] support that people give outliers less weight than
the other data when visually estimating. Notably, Ciccione et al. [45] came to a different
conclusion: In their outlier experiments, participants did not exclude outliers in their
estimations. Even when they were mentioned and specifically asked to reject in the trend
estimation, the outliers still had some impact, although the participants were able to
accurately detect outliers. In their studies, the distance of the outliers to the main data as
well as the outlier quantity influenced viewers” mental regressions. In the experiments
of Oral and Boduroglu [137], participants weighted outliers equally to the non-outliers,
and even overweighted them when those outliers fitted a certain context given to the
participants. In our work, we specifically avoid context in order not to influence the
perception.

All of these works were important references for our study, the hypotheses and the
design of the stimuli, including the influencing factors that we tested. In addition, we
can compare the results of our first experiment with the literature.

Visual Model Validation The perceptual and cognitive characteristics of visual valida-
tion have not been studied as extensively as estimation.

Braun et al. [30] were the first who investigated the perceptual differences between
visual validation and visual estimation of average values in scatterplots. They found a
significant difference between the processes with participants being more accurate in esti-
mation than in validation. In a follow-up work they increased the model complexity and
examined the visual validation of linear trends in scatterplots [27]. Although the over-
all performance in both visual validation and estimation decreased, estimation remained
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more accurate. Moreover, the authors found a “too steep” bias in visual validation, i.e.,
participants more likely accepted trend lines that were steeper than the true trend. Stan-
dard approaches for showing the model results (e.g., confidence intervals and error lines)
did not increase participants” validation performance.

These studies motivated our work on the validation of linear trends in scatterplots
containing outliers. The addition of outliers makes the validation task and its investi-
gation more complex, as there is no longer one simple, statistically correct model. In
addition, the relevance for applications is higher, as outliers are regularly included in
real-world data.

Other works consider visual model validation mostly as an interactive part of visual
analytics or machine learning systems [22,40,42,43,130]. Although our focus is on percep-
tion and cognition instead of interactive systems, our work deepens the understanding of
visual model validation, aiding the future development of visual analytics and machine
learning systems.

An important part of model validation is the viewer’s trust in the model and its visu-
alization [41]. In line with existing literature on trust in visualization [56,66,123,142,154],
we minimized the influence of trust by using minimalistic visualizations and providing
participants with only the necessary information to understand the tasks.

3. Experimental Design

In two experiments, we investigated humans’ perceptual behavior when visually val-
idating linear trends in scatterplots containing outliers.

Both studies contain the same visual validation task: Participants viewed scatterplots
(containing outliers) with a pre-drawn trend line (see Figure 2) and were asked to either
accept or reject the line as a fit for the data’s trend.

In the first experiment, we compare visual validation with visual estimation. The task
formulation for validation was: “How does the slope of the drawn line relate to the lin-
ear trend of the scatterplot?” and participants had the response options “too steep”, “too
flat”, and “about the same”. To estimate a trend line, participants were asked to adjust the
slope of a line by moving a slider to fit the trend of the data in the scatterplots (task for-
mulation: “Please indicate the slope of the linear trend of the scatterplot.”). The rotation
point of the line to be estimated was fixed at the intersection of the models including and
excluding the outliers, so that participants had the possibility to estimate either model.
This technique was already used in previous works on visual estimation [27,52].

The second experiment examines the difference in people’s validation behavior when
the presence of outliers is explicitly mentioned. Thus, the study included two different
task formulations, for which participants had to answer with “accept” or “reject”:

¢ Non-Mentioning: “Does the shown trend line fit the data?”

* Mentioning: “Does the shown trend line fit the data containing outliers?”

3.1 Study Procedure

The two experiments were conducted online and created with Limesurvey [115]. Al-
though they were designed to address different research questions, they shared a similar
study structure.

Both studies used a between-subject design with two groups each. They were defined
by the validation and estimation tasks in the first experiment and by mentioning and not
mentioning the outliers in the second experiment. The between-subject study design pre-
vented learning effects and reduced the number of trials per participant [38]. The same
data were used for the between-subject groups to ensure consistency and comparability.
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The same study procedure was used in both experiments: After asking demographic
questions about the participants, we gave them a short training period to familiarize
themselves with the study interface. We did not provide training feedback to avoid bias
in the participants’ responses. The actual study trials were randomized to minimize trial
ordering effects. Each page in the study interface contained one trial (i.e., one plot) and
the response times per trial were recorded. After the completions of the main tasks, we
asked the participants to rate the difficulty of the tasks on a 5-point Likert scale [186] and
for their strategy in considering the outliers (in free text form).

3.2 Data Generation and Stimuli Design

Our data generation combines and adapts the approaches of Correll and Heer [52],
Braun et al. [27], and Liu et al. [116]. Each scatterplot contained 100 data points in the
range of [0, 1] x [0, 1] and had a size of 700 x 700 pixels, which is why we recommended
a screen size of 13” or larger. In the following, a distinction must be made between the
core data and the outliers.

Core Data The sets of core data points were generated using standard ordinary least
squares (OLS) regression models: y = ax + b. To ensure comparability of the trends, we
bounded the slope of the regressions to a range of a € {x € R | 0.1 < |x| < 0.2}. This was
also necessary in order to create a sufficient distance between the outliers and the core
data. For the same reason, we have shifted the y-coordinate of the central point x = 0.5
to either = 0.4 or 0.6 (depending on whether the outliers were above or below the core
trend). The y-intercept b was subsequently calculated by the fixed center point and the
randomly chosen slope value a. The resulting data points were uniformly distributed
along the x-axis to avoid overplotting. Their y-coordinates were subsequently permuted
using Gaussian distribution with a fixed standard deviation (0.1 in the first experiment,
0.075 in the second experiment) for a similar noise level [151]. With 100 data points in
total, the number of core data points is r¢ore = 100 — noytliers-

After the first experiment, we adjusted the core data generation for the second exper-
iment by adding additional constraints: We reduced the standard deviation (see above)
and all core data points were allowed to have a maximum distance of twice the standard
deviation from the underlying core data trend line. This was done because it is important
that only the outliers we provide are perceived as outliers if they are explicitly mentioned
in the question, as we want to analyze how participants deal with them.

Outliers As there is no consensus definition for visual outliers, we tested several ap-
proaches from previous works [45,53,165]. Since it allows us to best control outliers for
our study conditions, we decided to adapt Liu et al.’s [116] outlier clustering method
and Correll and Heer’s [52] spatial separation (see Figure 3). For an appropriate outlier
distinguishability, we placed the outlier cluster center (x.,y.) in the x-range [0,0.3] (be-
ginning) or [0.7,1] (end) and y-range [0,0.1] (bottom) or [0.9,1] (top) dependent of the
outlier position (i.e., top or bottom 10% and left or right 30% of the plot). The respective
outliers were then computed by:

X; = (X; —xc)0 + X 1)
Yi=i—ye)d+yc )
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FIGURE 3: The outlier generation we used for our data creation adapted and combined
from Correll and Heer [52] and Liu et al. [116].

The parameter § controls the distance between the outliers in the cluster. For equal
conditions across trials, we set § = 0.5 after visual inspection. We added random noise
to the x- and y-coordinates sampled from a Gaussian distribution with half the standard
deviation of the core trend.

Slope (t-Values) The slope value a is the variable we investigate in our studies. There-
fore, we deviate the slopes of the shown lines to assess the participants’ behavior. We
fixed the intersection point between models A (including the outliers) and B (excluding
the outliers) for each line, so that the slope is the only independent variable. The slope of
the shown line can than be described as a linear combination of the two OLS regressions:

shown slope =t - slope , + (1 - 1) - slope, 3)

We can control the slope of the validation line by alternating between different values of
t. This also allows us to assess participants’” tendency towards either model, as a value
t = 1 results in model A and 7 = 0 in model B. Figure 1 shows an example of a validation
line with r = 0.5. In both studies, we test the t-values:

t € {-0.25,0,0.17,0.33,0.5,0.67,0.83,1,1.25}

Data Factors In the two experiments, we test several additional factors defined by spe-
cific data and outlier characteristics in addition to the between-subjects groups. The goal
is to investigate which of these factors influence people’s validation behavior. Figure 2
gives an overview of the considered factors in both studies:

¢ Outlier quantity: The proportion of outlier points in the total number of points:
{5%,10%, 15%} (exp 1)

® Outlier congruence: The vertical positioning of the outlier in relation to the trend
direction: {congruent, incongruent} (exp 1 & 2)
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® Outlier position: The horizontal positioning of the outlier points: {beginning, end}
of trend (exp 2)

¢ Trend direction: The orientation of the core trend: {positive, negative} (exp 2)

As an example for the congruence of the outliers, for a positive trend, outliers at the end
that are above the core data are congruent and those that are below the core data are
incongruent (see Figure 2). The opposite is true for outliers at the beginning.

3.3 Analysis Procedure

Similar to the analysis of Braun et al. [27,30], we transformed participants’ validation
responses into binary results: 1 for accepting the shown line, 0 for rejecting it. Subse-
quently, we calculated the acceptance rate (mean validation response of all participants)
for each t-value and applied polynomial regression of 4th-order on these rates. The 4th-
order regression includes the possibility of having two maximum values in case partici-
pants accept both the model including (¢ = 1) and excluding (¢ = 0) the outliers and reject
other t-values. To analyze the individual data factors, we aggregated the results for the
other factors. To compare the results of validation and estimation, the visually estimated
t-values were calculated using the same definition (Equation 3) and 4th-order polynomial
regression was applied on the number of estimations per t-value.

In our statistical analysis, we conducted all tests with a significance level of @ = 0.05.
Initially, we applied the Shapiro-Wilk test to both the responses and response times to
assess normality; however, none of the data met the normality assumption. Conse-
quently, we opted for non-parametric methods. We used the Kolmogorov-Smirnov (KS)
test to compare the validation and estimation results (i.e., comparing the polynomial re-
gressions of the validation acceptance rates and the estimation values). We applied the
Wilcoxon test to evaluate differences in the means of response times, and the chi-squared
test for the Likert-scale responses.

4. Experiment 1: Visual Validation versus Visual Estimation

The first experiment was designed to investigate whether visual model validation
and estimation behave differently for linear trends in scatterplots containing outliers.
We evaluated whether different data characteristics influence the results to answer the
following research questions:

* RQ1.1: Do people consider outliers when visually validating linear trends in scat-
terplots or not (if we don’t tell them about outlier existence and do not tell them
what to do)?

e RQ1.2: How does the validation behavior differ from the behavior in the visual
estimation of linear trends lines of data containing outliers?

* RQ1.3: Does the visual validation and behavior change for specific data character-
istics (i.e., outlier quantity and outlier congruence)?

The hypotheses developed from these research questions are based on our own assess-
ments during data generation and previous research on model perception [27,30, 45, 52]:

e H1.1: People behave differently for visual validation and visual estimation of linear trends
containing outliers.
The studies by Braun et al. [27, 30] showed significant differences in the results of
the two tasks. We expect this result to hold with outliers.
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e H1.2: With an increased outlier quantity, participants are more likely to accept trend lines
including the outliers.
We expect participants to assign more importance to outliers in their visual valida-
tion with higher outlier ratio, similar to earlier research findings on visual estima-
tion of trend lines with outliers [45,52].

e H1.3: The congruence of the outliers with the trend direction influences the participants’
validation behavior.
Based on the results of Braun et al. [27] that lines steeper than the true trend were
more likely to be accepted, we expect this effect to be amplified by the addition of
outliers.

e H1.4, H1.5: The {completion time, self-reported difficulty} is lower for visual validation
than for visual estimation of linear trends containing outliers.
Whereas validation task is a matter of acceptance, the estimation task requires par-
ticipants to mentally fit a line to the data. Therefore, we expect the results from
previous research [27] to be confirmed.

4.1 Experimental Setting and Participants

In order to limit the number of trials in the first study, only the outlier quantity and
congruence were included as data factors in addition to the validation and estimation
distinction. The direction of the trend was set to be positive and outliers were only shown
at the end of the trend.

The participants of the first experiment were recruited through advertisements in lec-
tures and via the platform SurveyCircle [179] and did the study voluntarily. The study
contained 54 trials and the average completion time was 15 minutes. From 82 partici-
pants in total, six participants were filtered out for failing attention checks. The remain-
ing 76 participants were equally divided between the validation and estimation groups.
The gender distribution was almost balanced (F: 55%, M: 45%) and the majority were
between 20 and 30 years old (88%). Their educational levels ranged from high school
diplomas to masters degrees. The self-reported expertise in statistical model estimation
was roughly normally distributed on a 5-point Likert scale (1 = 2.7) and there was no
statistical correlation between the expertise and the two groups (p = 0.22). Thus, the
validation and estimation results are comparable.

4.2 Results

We compare the distribution of acceptance rates per t-value with the estimated t-
values (see Subsection 3.3) and analyze changes in the validation distributions based on
the data factors. Moreover, we compare response times and task difficulty and summa-
rize participants’ self-reported strategies in solving the tasks.

Difference Between Visual Validation and Visual Estimation In contrast to previous
work on visual model validation [27,30], we do not measure the accuracy of validation
and estimation in terms of a correct regression model. Since there are two statistically
valid regressions in the presence of outliers (including and excluding the outliers), we
instead examine which model people tend to validate and estimate.

Figure 4 compares the overall distributions of validation acceptance rates and esti-
mated lines summarized for the data factors (outlier quantity and congruence). The t-
value indicates the (relative) slope deviation of the shown lines, with a t-value of 0 mean-
ing excluding the outliers and a t-value of 1 meaning including them in the regression
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FIGURE 4: Comparison of validation acceptance rates with estimated lines in exper-
iment 1. As shown in this figure, participants considered outliers differently when
performing visual validation and estimation.

—— Most Validated Linear Trend ° °
—— Most Estimated Linear Trend .

FIGURE 5: Summarizing example of the results for visual validation and estimation
in experiment 1. The figure shows the most accepted and estimated trend lines. The
dashed lines display the OLS regressions including and excluding the outliers. No-
tably, outliers are more likely to be considered in visual validation than in estimation.
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FIGURE 6: Comparison of validation acceptance rates for different outlier quantity
in experiment 1. As shown in this figure, participants considered outliers differently
across outlier quantities when visually validating.

model. If the participants would only accept or estimate the two actual OLS models, the
polynomial regressions of the results would have to have two maxima at these t-values.

As shown, the distribution of the visually estimated trend lines peaks at t-value = 0.25
with 124 estimations. This skewed distribution close to the t-value 0 indicates that par-
ticipants tended to exclude outliers in their estimations. In contrast, the distribution of
acceptance rates appears to be more balanced, peaking at t-value = 0.46 with an accep-
tance rate of 57%. According to this, participants most frequently accepted lines that lie
exactly between the two actual OLS models. An example of the most validated and esti-
mated trend lines is visualized in Figure 5. It is also noticeable that the acceptance rates
of the visual validation condition toward t=1 do not decrease as much as the number for
the visual estimation condition and remain above 40%.

The Kolmogorov-Smirnov test confirms the statistical difference in the validation and
estimation distributions with a p-value < 0.01. Therefore, hypothesis H1.1 is accepted.

Influence of Outlier Quantity The comparison of the validation acceptance rate distri-
butions for different outlier quantities (5%, 10%, and 15% outliers) is displayed in Fig-
ure 6. Notably, the overall acceptance rates drop with an increased number of outliers.
The polynomial regressions between the three conditions do not intersect for any quan-
tity. This fact is confirmed by the maximum values of the distributions: With 5% outliers,
the acceptance rates are the highest with a maximum of 75% for t-value = 0.27. It is fol-
lowed by a maximum of 53% for t-value = 0.49 with 10% outliers. With 15% outliers, the
participants accepted the least amount of lines (45% for t-value = 0.48).

The distributions for 10% and 15% outliers are very similar. For these outlier quan-
tities, people are more likely to consider the outliers, and are most likely to accept lines
that lie between Model A and B. For 5% outliers, the maximum is closer to t-value 0, in-
dicating that the participants were more likely to exclude the outliers. The pairwise KS
tests show that the difference in the 5% outlier acceptance rate distribution from the other
two is statistically significant (Table 1). The distributions for 10% and 15% outliers do not
differ significantly. Thus, H1.2 is partially accepted.

The estimation distributions are similar for all three outlier quantities in the way that
people tend to exclude outliers (maxgo, = 0.25, maxjgo, = 0.25, maxqgo, = 0.35). They
do not significantly differ.
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p-value | 5% | 10% | 15%
5% -
10% <0.01 -
15% <0.01 | 029 | -

TABLE 1: p-values of the pairwise Kolmogorov-Smirnov tests for the analysis of the
acceptance rates for different outlier quantities in experiment 1.
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FIGURE 7: Comparison of validation acceptance rates for different outlier congruence
with trend direction in experiment 1. As shown in this figure, participants considered
outliers differently based on outlier congruence when performing visual validation.

Influence of Outlier Congruence With the slope direction and horizontal position of
the outliers fixed to positive trends and outliers at the end, the outlier congruence is
defined by their vertical position: outliers above the core trend are congruent, outliers
below incongruent.

Comparing the validation acceptance rates for the two characteristics in Figure 7
shows a clear difference in their distributions. Trend lines with congruent outliers have
slightly higher overall acceptance rates with the maximum of 66% at t-value = 0.61. In
contrast, the highest acceptance rate for incongruent outliers is 54% at t-value = 0.17.
This means that participants tend to include congruent outliers in the validation process,
while they do the opposite for incongruent outliers. The statistical significance of this
difference is confirmed by the Kolmogorov-Smirnov test (p = 0.01), which is why H1.3 is
accepted.

Again, this factor does not have a significant effect on the participants” visual es-
timation, as they tended to ignore the outliers in both cases (maxcongruent = 0.35,

MaXincongruent = 0-29)-

Response Time and Difficulty The response times per trial and self-reported task dif-
ficulty are displayed in Figure 8. Although the mean response times are slightly different
(tvar = 12.01, pess = 10.45), the Wilcoxon test shows no significant difference between the
two tasks (p = 0.39). Thus, hypothesis H1.4 is not accepted.

Moreover, H1.5 is not accepted, since the chi-squared test showed no significant de-
pendence between task and difficulty level (p = 0.50).
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FIGURE 8: Response times and self-reported difficulty in experiment 1.

Self-Reported Strategies Regarding the overall strategies, two participants of each group
reported to have tried to balance out the number of data points above and below the pro-
posed or estimated linear trend line. With regard to the strategy for considering outliers,
more participants in both groups stated that they had included the outliers (7 for valida-
tion, 8 for estimation) than ignoring them (3 for validation, 5 for estimation).

In the case of outliers’ positioning, four participants in the validation group and five
participants in the estimation group reported giving congruent outliers, which appeared
to be closer, more weight. For the outlier quantity, the difference in participant feedback
was higher between the two groups, with eight participants for validation and only four
participants for estimation giving outliers more significance when the quantity of outliers
is higher.

4.3 Discussion

Validation vs. Estimation: The results of experiment 1 show that viewers behave signifi-
cantly different when visually validating and estimating linear trends in scatterplots con-
taining outliers, providing a clear answer to RQ1.2. Our estimation results confirm the
findings of Correll and Heer [52] of users’ estimates being closer to the outlier-excluding
model B. For visual validation, the participants showed no overall tendency towards ei-
ther including or excluding the outliers (RQ1.1). In fact, they accepted the lines with
slopes exactly between the two actual OLS models most often. People were inconsis-
tent in how to consider the outliers when shown various trend lines as they were not
given any information about the context of the data. This motivates our second experi-
ment whether it makes a difference if the participants are explicitly told that outliers are
present in the data.

The results of Braun et al. [27] showed that participants have a higher accuracy when
visually estimating linear trends, than when validating them. Thus, people may intended
to include outliers, but were inaccurate in doing so. In the feedback regarding their over-
all strategies, most participants reported to have included the outliers in their evaluation
of the proposed trend lines in some way. On the other hand, the feedback of the estima-
tion group indicates that most users tried to include outliers as well, which confirms the
findings of Ciccione et al. [45] regarding observers not spontaneously rejecting outliers
in their visual estimations when not explicitly told to. However, the actual results of the
estimation group suggest otherwise, as participants tended to exclude outliers in their
estimations. This indicates that there is a confirmation bias [63,172] toward including
outliers in a statistical regression with visual validation that is not present when visual
trend estimation is left to viewers.
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Number of Outliers: Our results show that outlier rates of 10% or higher do not signifi-
cantly influence the validation tendency of the participants toward including or exclud-
ing them. With 5% outliers, however, people tend to exclude them in their validations.
This is supported by the reports from participants that they gave more weight to outliers
with an increased quantity. Though, the t-values measure the relative slope deviation for
the shown trend lines (see Figure 1). With an increased number of outliers, the deviation
in slopes between model A and B increases as well. Therefore, participants accepted a
higher absolute slope deviation, but it did not increase relatively with the outlier quan-
tity.

It is also noticeable that the acceptance rates for visual validation decreased for all
t-values as the number of outliers increased. This could be reasoned by a higher un-
certainty about the “correct” linear trend with an increased outlier ratio due to a higher
absolute slope deviation between the two OLS models, leading to a higher rejection rate
overall. Consistent with Correll and Heer [52], the outlier quantity did not have an effect
on the visual estimations.

Congruency: In their feedback on their strategies, many participants reported to have
given congruent outliers, which were positioned above the main data trend, a higher
weight. They appeared to be less far from the main trend, or seemed to fit the overall
trend more accurately than bottom outliers, as the core data always followed a positive
trend. These reports on the relevance of the outliers’ position fit our results, as the par-
ticipants considered congruent outliers more often in their validation of linear trends.
Notably, these findings enhance the “too steep” bias found by Braun et al. [27]. For bot-
tom outliers, however, the opposite is the case, as most accepted linear trends were closer
to model B. Thus, observers are less likely to be influenced by outliers that deviate too
much from the core trend.

Summary: Results for the data factors and answering RQ1.3 show that participants” val-
idation behavior was influenced by outlier quantity and congruence. For visual estima-
tion, however, the distribution of estimated trend lines did not change regardless of the
outlier properties. This means that visual model estimation is robust against outlier char-
acteristics and people consistently exclude outliers in their estimations. Our estimation
results confirm the findings of Correll and Heer [52].

5. Experiment 2: Mentioning Outliers and Additional Validation Factors

In the second experiment, we test the effect of explicitly mentioning the presence of
outliers to participants as well as additional data and outlier characteristics on visual
validation. In experiment 1, we did not give participants any context about the data or
the outliers. In this study, we make participants aware of the existence of outliers, but
not explicitly tell them to include or exclude them. A difference in validation behavior
between mentioning and non-mentioning of outliers would have implications for visual-
ization designs, e.g., the phrasing of chart titles or annotations. The two between-subjects
groups consist of mentioning and non-mentioning the outliers in the task description to
answer the research questions:

¢ RQ2.1: Does the behavior for visual validation of linear trends with outliers differ if
we raise awareness of the outliers (without telling the participants what to do with
them)?

* RQ2.2: Does the validation behavior change for either case (mentioning and non-
mentioning) with specific data characteristics (outlier position, trend direction, out-
lier congruence)?
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After a pilot study with 20 participants (10 per group), the experimental plan including
hypotheses, sampling, and analysis was preregistered on OSF'. Our hypotheses for the
study are based on the results of experiment 1, the pilot study, and previous research
[27,45,52]:

e H2.1: Participants behave differently for visual validation of linear trends with outliers
when they are explicitly informed of the presence of outliers.
We expect the participants to make a decision whether to exclude or include the
outliers for the trend validation when they are explicitly mentioned. Accordingly,
the results would differ from those of the non-mentioning group.

e H2.2: In both cases, the tendency of the participants towards either including or excluding
outliers in visual validation is not influenced by the outlier position.
Correll and Heer [52] found no significant difference in visual estimation with vary-
ing horizontal outlier positioning. We expect this result to hold for visual valida-
tion.

e H2.3: In both cases, the tendency of participants towards either including or excluding
outliers in visual validation is not influenced by the trend direction.
Visual validation behavior of linear trends without outliers was not influenced by
the trend direction [27]. There is no expectation that the addition of outliers will
change this.

e H2.4: In both cases, participants behave differently for visual validation of linear trends
with outliers, depending on whether the outliers are positioned congruently or incongru-
ently to the trend direction.

The first experiment showed a significant influence of outlier congruence to trend
direction. We expect this effect to persist even if the direction of the trend changes.

e H2.5, H2.6: The {completion time, self-reported difficulty} is lower for visual validation
when the presence of outliers is explicitly mentioned.
If the outliers are mentioned, we assume that the participants will decide in ad-
vance how they will deal with the outliers. Without mentioning the outliers, they
might rethink them with each trial.

5.1 Experimental Setting and Participants

The second experiment contained the factors: outlier position, outlier congruence,
and trend direction. As there was no difference in the distribution of acceptance rates
with 10% outliers or more, we fixed the number of outliers at this ratio. To determine
whether participants were able to make sense of the information about the outliers, we
also added a question asking whether they knew the meaning of the outliers (after the
experiment, so as not to prime them).

The participants for the second study were recruited on Prolific [145]. The average
completion time for the 72 trials was 17 minutes. The participants were compensated
with 4.30€ for completing the task. After filtering for participants who failed the attention
checks (7 participants), the responses of 80 participants were included in the analysis (40
per group). Similarly to the first study, the gender distribution was balanced (F: 49%, M:
50%, D: 1%) and most participants had a university degree (bachelor: 46%, master: 29%).
Other educational levels were high school graduate (16%), vocational training (8%) and

https://osf.io/j64pr/7view_only=e627£6d538d1444b99ee0atad06£071b
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FIGURE 9: Comparison of validation acceptance rates for mentioning and non-

mentioning the outliers in experiment 2. As shown in this figure, participants in the

mention and the non-mention groups considered outliers similarly when performing
visual validation.

nursery school to 8th grade (1%). The participants” age ranged from 20 to 60 (20-30: 55%,
31-40: 31%, 41-50: 11%, 51-60: 2%) and 86% reported an statistical regression expertise
of 3 or lower (u = 2.3). Again, the chi-squared test indicated no correlation between the
expertise of the participants and the two between-subject groups (p = 0.39), so that the
mentioning and non-mentioning results are comparable. In total, 85% of the participants
knew the meaning of outliers (90% in the mentioning group, 80% in the non-mentioning

group).
5.2 Results

Difference Between Mentioning and Non-Mentioning Outliers Figure 9 compares
the acceptance rates for mentioning and non-mentioning the outliers summarized for all
participants and all data factors. Both distributions look very similar and their peaks are
very close to each other. For the mentioning group, the maximal acceptance rate of 70%
is reached at r = 0.16. In the case of non-mentioning, the maximum is at an acceptance
rate of 66% at t = 0.20. In both groups, the acceptance rates remain above 60% around
t-value 0 and fall to 40% around t-value 1. These right skewed distributions indicate that
the participants tended to accept lines more likely that had a slope more similar to the
OLS regression model excluding the outliers. Moreover, it makes no difference whether
people are made aware of the presence of outliers or not. The Kolmogorov-Smirnov test
confirms that the two distributions differ only insignificantly (p = 0.97). Therefore, hy-
pothesis H2.1 is not accepted.

Influence of Outlier Position The comparison of the acceptance rates differentiated
by the outlier positions in Figure 10 shows no major differences between the two groups.
Only with outliers at the end of the trend there are minimal changes: for non-mentioning,
the overall acceptance rate drops slightly, and for mentioning, the peak shifts a bit toward
t = 0. Otherwise, the acceptance rates follow the summarized distributions. This means
that participants more likely exclude outliers in their validation, regardless of whether
they are at the beginning or end of the trend (respectively left or right of the plot). This is
also not changed by mentioning the outlier. The Kolmogorov-Smirnov test (pmen = 0.99,
pnon = 0.85) confirms that H2.2 is not rejected.
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FIGURE 10: Comparison of validation acceptance rates for different outlier positions
in experiment 2. As shown in this figure, participants considered outliers similarly
across outlier positions.
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FIGURE 11: Comparison of validation acceptance rates for different trend directions
in experiment 2. As shown in this figure, participants considered outliers similarly
across trend directions when performing visual validation.

Influence of Trend Direction The acceptance rates per trend direction show a similar
picture as the outlier position (see Figure 11). The distributions remain similar, with a
higher acceptance rate at t = 0 and a drop at t = 1. This means that the tendency of par-
ticipants to exclude outliers persists. The maxima of the curves shift slightly more than
in the outlier position (mentioning: Ipositive = 0.23, 'negative = 0.10; non-mentioning:
tpositive =0.13, tnegative = 0.28). Nevertheless, the Kolmogorov-Smirnov test shows no
significant differences for the groups (pmen =1, pnon = 0.80), so that the trend direction
does not influence peoples’ validation behavior and H2.3 is not rejected.

Influence of Outlier Congruence Congruent outliers in positive trends are outliers are
below the core trend at the beginning and above the core trend at the end. For neg-
ative trends this is reversed. For this factor, the distributions of the acceptance rates
for the two characteristics vary, although they are similar for the two between-subjects
groups (see Figure 12). For incongruent outliers, the participants accepted most often the
OLS regression excluding the outliers (tmen = 0.06, tnon = 0.09). The acceptance rates
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FIGURE 12: Comparison of validation acceptance rates for different outlier congruence
with trend direction in experiment 2. As shown in this figure, participants considered
outliers differently based on outlier congruence when performing visual validation.
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FIGURE 13: Response times and self-reported difficulty in experiment 2.

drop sharply to an acceptance rate of only 20% as more outliers are considered. For con-
gruent outliers, however, all slopes were consistently accepted at least 60% of the time.
Here, the peak t-value shifts more toward 1 (fmen = 0.33, tnon = 0.36), indicating that
the participants gave more weight to the outliers in their validations. According to the
Kolmogorov-Smirnov test, the distributions for both groups are significantly different
(Pmen, non < 0.01) and H2.4 is accepted.

Response Time and Difficulty Figure 13 shows the response times and the self-reported
task difficulties by group. The median response time is lower for the mentioning group
(# = 5.54) than the non-mentioning group (¥ = 6.00). The Wilcoxon test confirms (p =
0.03) that H2.5 is accepted. The self-reported task difficulty results show the opposite
effect, with the mean for non-mentioning (14 = 3.25) being slightly higher than for men-
tioning (u = 3.13). Here, the chi-squared test shows no significant difference between the
two groups (p = 0.44), so that H2.6 is not accepted.
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FIGURE 14: Participants” individual estimations and acceptance rate distributions for

experiment 1 and 2 (each line represents one participant). Notice that for the esti-

mation in experiment 1 (b) and the validation in experiment 2 (c,d), there is a clear
individual consistency to either considering or not considering the outlier.

5.3 Additional Analyses

Participants in the mentioning and non-mentioning groups seem to behave very simi-
larly, which is a finding contrary to the results of experiment 1 and our initial hypotheses.
To get more insights into the differences between the two groups, we conducted further
exploratory investigations beyond the preregistered analyses.

A plausible explanation for the discrepancy is the different participant pools of the
two studies. The first study mainly involved volunteers and students, the second study
was conducted by paid study takers.

To get an insight into the difference between participants, we look at the individual
results of each participant. The individual distributions indicate that individuals con-
sistently either include or exclude outliers across trials. This is evident in both the non-
mentioning validation in experiment 2 (see Figure 14c) and the estimation in experiment
1 (see Figure 14b), as as there are two clearly separable clusters of curves. Notably, partic-
ipants who include the outliers estimate the OLS regression more accurately (most peak
t-values around 1) than they validate it (most peak t-values around 0.6).

Mentioning the outlier seems to create inconsistencies among those people in their
decision to exclude the outliers. This can be seen by the fact that the distributions with
peak t-values greater than 0.5 vary more than before (see Figure 14d). For the validation
group in experiment 1, this division of participants is not that clear (see Figure 14a). In
all cases, the visual validation when excluding the outliers was very accurate (most peak
t-values around 0).
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5.4 Discussion

Individual Differences: The extended analysis of experiment 2 indicates that the visual
validation of linear trends with outliers depends on the individual participants. The
participants seem to be divided into those who tend to include the outliers and those
who exclude them. For the participants who tend to include the outliers, mentioning
the presence of outliers in the study does not affect their visual validation performance.
However, for the participants who tend to exclude the outliers, becoming aware of the
outliers causes inconsistencies in their decisions (to include or exclude the outliers in
visual validation). Overall, since more participants tend to exclude outliers, the average
result skews towards a distribution that appears as if there is no difference between the
two study conditions. Upon further inspection, we observe that the differences in the
two study conditions do, in fact, have an effect, which provides a multi-layered answer
to RQ2.1.

Cognition: The observed differences between these participants in the weighting of the
outliers suggest that the task of visual validation changes from a perceptual to a cogni-
tive one as soon as outliers are noticed. This is supported by the fact that 85% of partici-
pants stated that they knew what the term outliers means. This implies that participants
decide whether or not they want to consider outliers when performing visual validation,
regardless of the data conditions.

Data Factors: The observation that the task of visually validating trends with outliers is
cognitive, is supported by the fact that most of the data factors we tested had no effect
on validation behavior. Only the outlier congruence changes the acceptance rates of the
shown trend lines (as in experiment 1): Outliers that follow the trend in terms of vertical
positioning are given more weight in the validation than incongruent ones. The valida-
tion behavior of the participants did not differ between mentioning and non-mentioning
for any factor. Therefore, the answer to RQ2.2 is that visual validation is resilient to most
data factors and is only affected by the proximity of the outliers to the core trend.

Outlier Separability: The importance of the separability of the outliers from the core trend
is also reflected in the different results of the two experiments in the case of visual vali-
dation. In experiment 1, participants showed no tendency toward either of the two OLS
regression models, while in the second experiment they formed two clusters (inclusion
and exclusion of the outliers). With our additional analysis (Subsection 5.3), we have
shown that the different data factors tested are not the decisive reason. This means that
besides the different participant pools (with the resulting varying individual behaviors).
Another possible reason is our adaption of the data and outlier generation. In the sec-
ond experiment, we further increased the distance of the outliers to the core data: we
reduced the standard deviation of the core trend and set a maximum allowable distance
of core data points from the underlying regression. In this way, we wanted to make sure
that only the outliers we intended would be perceived as outliers, so that the effect of
mentioning would be reinforced. Thus, it seems that the more separate outliers are (and
therefore better recognized as such), the more confident viewers are in their validation
decisions about how to deal with the them. However, to prove our assumption would
require an experiment specifically designed for outlier separability.

Accuracy: As described in Subsection 5.3, participants were very accurate at validation
when excluding outliers, but not so accurate when including them. However, they were
very accurate in their visual estimations in both cases. This can be explained by the results
of Braun et al. [27], who showed that people are more accurate at visual estimation of
linear trends than at visual validation. This imbalance seems to persist when outliers are
involved.
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Summary: Summarizing our results, we found evidence that there are two possible ap-
proaches when dealing with outliers: include/exclude (binary), or weighting (continu-
ous). The overall results seem to suggest that participants tend to exclude outliers across
all conditions: estimation, validation with mentioning, and validation without mention-
ing. This finding is amplified when the condition contains incongruent outliers. In the
non-mentioning condition (Figure 14c) we can observe a consistent behavior across in-
dividuals. However, when outliers are explicitly mentioned (Figure 14d), their behavior
becomes less consistent. Some participants stay the same (including outliers), but some
start to use the “weighting” strategy instead of the binary inclusion or exclusion. In this
regard, what we observe is that the “mention” condition causes an additional cognitive
layer to an otherwise perceptual study (which looks at how much outliers subtly affect
estimation or validation decisions when participants include or exclude outliers).

6. Limitations and Future Work

We examined the visual validation of linear trend lines in scatterplots that include
outliers. Our experimental results, together with identified limitations, suggest several
directions for future research.

Study Design: Our post-hoc analysis indicated an individual decision to include or ex-
clude outliers in the visual validation. However, our study was not designed to examine
individual differences, so we cannot make stronger statements about these results. An
experiment explicitly designed to confirm individual differences is needed.

Context: In our experiments, we gave the participants as little information as possible
about the data in order to focus on perception. However, previous work has shown
that the context of the data can strongly influence the assessment of outliers in visual
estimation [196]. We would like to find out whether the effect also occurs with visual
validation.

Trust: Trust in the data and its source is directly linked to the data context [41, 56,123].
Depending on the context or source of the data, the viewer may have more or less trust
in it, which also influences the decision on how to deal with the outliers. The role of trust
in visual validation has not yet been researched.

Outlier Validation: Our data and outlier generation were defined in a way so that out-
liers could be identified as clearly as possible. We also conducted our analyses so that
only the data points we considered to be outliers were taken into account as such. How-
ever, our study design did not allow us to determine which data points the participants
considered as outliers. The study by Ciccione et al. [45] shows that people are able to
visually determine outliers accurately. It would be interesting to investigate how view-
ers would validate (i.e., to what extent they would accept or reject) given outliers (e.g.,
through colored data points). This could provide an understanding of the properties
(e.g., distance, density, etc.) for which data points are considered outliers.

7. Conclusion

In summary, our work examines the behavior of individuals when visually validating
linear regression models presented in scatterplots that contain outliers. We conducted
two human-subject studies to gain insights into how viewers deal with outliers in their
visual assessment of given linear trend lines and the impact of different data and outlier
characteristics.

The first experiment showed that people behave differently with respect to outliers
depending on whether they visually validate or estimate the linear trends. While par-
ticipants tended to ignore the outliers in the visual estimation, outliers were given more
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weight in the visual validation. Furthermore, the tested data factors had a significant im-
pact on the validation results, while the estimation was robust to them: A higher quantity
of outliers led to greater inconsistency among participants, resulting in generally lower
acceptance rates for all shown trend lines. In addition, we found that outliers placed
congruently with the direction of the trend were more likely to be considered in the vali-
dation than incongruent outliers.

In the second experiment, we tested the effect of explicitly informing participants of
the existence of the outlier. The results showed that viewers were not biased by the men-
tioning of the outliers and that there was no significant difference from the results without
mentioning. The factors trend direction and horizontal positioning of the outliers also did
not influence participants” validation behavior. Only for the outlier congruence we saw
to the same effect as in experiment 1, showing that the vertical distance of the outlier to
the core trend has a significant influence on the visual validation of linear trends. Our fur-
ther analyses indicate that the visual validation of linear trends is highly individual and
cognitive once outliers are involved. Further research is required on possible cognitive
biases involved in visual validation tasks.

Our work advances our understanding of visual model validation for linear trends in
scatterplots containing outliers, and holds practical implications for designers of machine
learning applications and visual analytics systems to consider. By systematically evaluat-
ing how humans perceive linear relationships in the presence of anomalous data points,
our findings inform the design of interfaces and visualization tools that support more ac-
curate human interpretation of model fit, particularly in noisy or imperfect data sets. For
practitioners building systems that rely on human-in-the-loop decision-making, such as
interactive machine learning platforms or exploratory data analysis tools, accounting for
perceptual biases introduced by outliers is critical. Incorporating these insights can im-
prove user trust, prevent misinterpretation of model behavior, and lead to more effective
human-AI collaboration.
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Chapter 4

Conclusion, Discussion, and Future
Directions

This dissertation explored two important yet under-addressed challenges in visual data
analysis: the effective communication of large value ranges and the visual validation of
regression models. Both topics intersect key phases of the visual analytics pipeline and
emphasize the essential role of visualization in supporting human-centered data inter-
pretation.

In addressing the first challenge — visualizing data containing large value ranges
— this work introduced novel, scalable visualization techniques that explicitly separate
mantissa and exponent components. These techniques, including the order of magnitude
colors scheme, order of magnitude line chart, the order of magnitude horizon graph, and the
height-stack line chart, demonstrated significant improvements in users’ ability to interpret
complex, time-dependent data. Through extensive user studies, these designs consis-
tently outperformed traditional linear and logarithmic approaches across a range of ana-
lytical tasks, such as identification, discrimination, and estimation. The results underline
the importance of adapted visual encodings, particularly color, in enhancing perceptual
clarity when dealing with multi-order data variability.

The second research focus — visual validation of regression models — expanded the
understanding of how users assess model fit through visual means. By empirically study-
ing perceptual biases and user strategies in judging visualized statistical models, this
work uncovered critical factors that affect the accuracy and confidence of model vali-
dation. A comparative analysis also revealed that visual validation tasks are generally
more challenging for users than visual estimation tasks, especially as model complexity
increases. These findings inform the development of more interpretable and trustwor-
thy visual analytics systems, particularly in contexts in which explainability and model
transparency are paramount.

Together, these contributions advance both the theoretical foundations and practical
methodologies of visual data analysis. The proposed visual designs and empirical find-
ings are domain-agnostic, supporting a wide range of applications from meteorology to
finance, and from machine learning to public data reporting. By bridging gaps between
data representation, user perception, and cognition, this dissertation offers design prin-
ciples and knowledge about humans’ validation abilities that can inform future develop-
ments in visualization, explainable Al, and interactive analytics.

The followings sections discuss the implications of this thesis” key findings in detail
and outline possible directions for future research.



Chapter 4. Conclusion, Discussion, and Future Directions 145

4.1 Visual Communication of Large Value Ranges

Chapter 2 investigated how data with large value ranges can be visualized more effec-
tively, with a focus on time-dependent data. This part of the dissertation was guided by
research question RQ1.1: Do visualization designs specially developed for large value ranges in
time-dependent data improve the readability and comparability of such data?

The results of the conducted user studies clearly indicate that visualization designs
developed specifically for large value ranges significantly outperform existing state-of-
the-art techniques. These improvements are evident across various analytical tasks com-
mon in time-series data analysis, including reading, comparison, and estimation tasks.
The tailored designs led to measurable improvements in accuracy, response times, and
user confidence. These findings provide a clear and affirmative answer to RQ1.1, demon-
strating that specialized designs do indeed enhance the readability and comparability of
time-dependent data with large value ranges.

Furthermore, a key insight from this work concerns research question RQ1.2: How
does the visual mapping to color contribute to the readability of magnitude variations in large
value range visualizations? The results show that color plays a central role as a visual vari-
able in encoding large value differences. Specifically, the use of color supports perceptual
differentiation of magnitude variations through "banding effects" —i.e., the utilization of
a distinct hue for each exponent creates discernible borders between orders of magnitude.
The high performance of the OMC color scale and the new color-based designs confirms
that color mapping enhances the effectiveness and intuitiveness of complex visualiza-
tions dealing with wide value distributions, thus providing a clear answer to RQ1.2.

Moreover, the benefits of separating mantissa and exponent when representing large
values are confirmed. This approach is becoming the common method for encoding mag-
nitudes, but also challenges established graphical perception heuristics. Since a single
quantitative value is split across two visual components, users must mentally recon-
struct the original value to perform low-level tasks such as reading or comparison. This
decomposition increases cognitive load and imposes new design requirements. Poten-
tial solutions for these new requirements are provided in this dissertation. While the
mantissa-exponent separation has proven effective, future work could explore alterna-
tive representations that may offer better perceptual integration without decomposition.

The presented research also uncovered significant patterns in user behavior: as task
complexity increases — e.g., when interpreting multiple time-series data sets — users
tend to use approximation strategies when facing large value ranges and rely on aspects
they already know. This indicates that the more complex the task, the more crucial it be-
comes for visualizations to be intuitively designed to reduce cognitive overhead. How-
ever, not all tasks benefit equally from LVR visualization techniques. Especially for trend
detection, LVR-specific designs underperform compared to more traditional representa-
tions, most likely due to the non-linear scalings. This highlights the importance of task-
specific visualization design.

Looking forward, the work in this dissertation opens several promising directions for
future research on the visual communication of large value ranges, building upon the
existing contributions. Further work remains across all components of the visual analysis
process, including data, encoding, interaction and tasks.
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FIGURE 4.1: Example (univariate) data distribution containing large value ranges vi-

sualized with the standard designs box plot [184] and violin plot [92] and two pro-

totypes for applying the proven method of separating mantissa and exponent in dif-

ferent ways (histogram versus matrix). The two design proposals were developed as
part of a master thesis under this author’s supervision [109].

LVR in other data types One option for future research is the extension of LVR visual-
ization techniques to additional data types.

The techniques developed and evaluated in this dissertation were constrained to data
sets comprising positive values, excluding bipolar data sets that include both positive
and negative ranges. The visualization of such data sets presents distinct challenges,
particularly in terms of color encoding and scale construction, and will necessitate the
development of new visual strategies. Additionally, the data used was centered around
base-10 numerical representations. Alternative numerical bases, such as binary (base-
2) or the natural base e, introduce different exponent distributions, which may require
alternative design considerations.

Beyond numerical variations, entirely different data types could be examined. For
example, graph data structures pose unique challenges, as both nodes and edges can span
large value ranges in their weights. Similarly, dynamic data sets — where data values
evolve continuously over time — present perceptual challenges due to the combination
of temporal variability and magnitude diversity.
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Furthermore, conventional visualization techniques are often inadequate for repre-
senting univariate data distributions containing large value ranges (see Figure 4.1). In
this context, the prototypes shown in Figure 4.1c and Figure 4.1d illustrate a promising
approach: both apply the established principle of separating mantissa and exponent to
univariate distributions. The designs display the frequency of mantissa values for each
order of magnitude and were developed as part of a master thesis under this author’s
supervision [109]. However, other techniques — including coloring and binning meth-
ods [91] — also need to be evaluated and compared in the context of univariate value
distributions.

Optimization of the visual encoding of LVR The order of magnitude line chart (OML)
design introduced in this work presents a novel scale that combines logarithmic seg-
mentation of magnitudes with linear scaling within each magnitude. While the scaling
approach is central to the visual encoding, axis labeling is further important in user per-
ception. Throughout the development process, it was experimented with various label-
ing strategies — for example, standard logarithmic notation (e.g., "10%"), multiplicative
annotations placed within magnitude bands (e.g., "x1000"), or numeric labels positioned
at magnitude boundaries (e.g., "1,000"). However, these alternatives were not formally
evaluated in a user study. Consequently, a systematic investigation into the perceptual
and interpretative effects of different axis scaling and labeling strategies remains impor-
tant for future research.

Additionally, the optimization of color encoding continues to be a significant area for
turther development. The OMC scale proposed a "nested" color scheme specifically de-
signed for representing large value ranges. While this dissertation focused on establish-
ing the conceptual foundation of such schemes, the selection and arrangement of specific
colors were not thoroughly explored. Future work should aim to refine both the base
color palettes and the internal structure of OMC schemes — both globally and within in-
dividual magnitudes. Potential optimization goals include improved perceptual smooth-
ness, enhanced uniformity, and increased accessibility, particularly for users with color
vision deficiencies.

Interaction techniques for LVR This research on the visualization of large value ranges
focused on static chart design without considering interaction techniques. Thus, interac-
tion design for data with large value ranges remains underexplored and presents unique
challenges. A key difficulty arises from the two-part representation introduced by sep-
arating mantissa and exponent. This decomposition complicates traditional interactions
such as filtering or brushing, as they can be performed on both a local (i.e., mantissa) or
global (i.e., exponent) level. Thus, designing intuitive and efficient interaction techniques
that reconcile this separation is a promising area for future work.

Moreover, interactive value range selection becomes particularly challenging in the
context of large value distributions. Traditional sliders or range selectors often lack the
resolution or granularity to support precise selection across multiple orders of magni-
tude. New approaches are needed to support both coarse-grained navigation across
magnitudes and fine-grained control within them. This functionality could be further
enhanced by the implementation of adaptive color coding, which would dynamically
adjust based on the selected value range [189].

Another example is the investigation of large value ranges in long time-series, in
which local details go unnoticed. Thus, a degree-of-interest (DOI) function for large
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value ranges would need to be defined. Moreover, interaction techniques could help
users navigate and interpret extended data sets more efficiently [191].

In general, interactivity for LVR data should aim to support a seamless exploration
experience, enabling users to flexibly navigate between scales, focus on specific value
regions, and compare magnitudes without cognitive overload.

LVR with high-level tasks The conducted studies primarily evaluated the visual de-
signs on low-level perceptual tasks, such as value identification, comparison, and differ-
ence estimation. While these tasks are foundational for understanding how users per-
ceive and interpret visual encodings for large value ranges, they represent only the lower
levels of the analytical task hierarchy [31]. The impact of the proposed visualization tech-
niques on higher-level tasks — such as decision-making or data storytelling — remains
an open and important question [64]. These complex tasks involve contextual reasoning,
cognitive biases, and narrative framing, which may interact with the visual represen-
tation of large value ranges in non-obvious ways. Future research should investigate
how LVR visualizations support or hinder such higher-level analytical activities, ideally
through applied studies in realistic settings or domain-specific use cases. Understanding
the cognitive and communicative implications of these techniques is essential for evalu-
ating their effectiveness beyond isolated perceptual performance.

In conclusion, this thesis demonstrates that effectively communicating large value ranges
requires a careful balance between perceptual principles, task demands, and design inno-
vation. The proposed visualization approaches and empirical findings provide a strong
foundation for future work aimed at making large value ranges more accessible and in-
terpretable.
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4.2 Visual Validation of Regression Models

Through a series of human-subject studies, Chapter 3 examined how individuals visually
perceive and evaluate regression models. Participants” abilities to visually validate pre-
drawn regression lines and to independently estimate regression trends were compared
across varying levels of model complexity, ranging from a baseline model (i.e., the aver-
age value) to data exhibiting linear trends and outliers. The findings revealed a consistent
— and somewhat counterintuitive — pattern: Participants were generally more accurate
and less biased when estimating regression lines themselves, compared to when validat-
ing lines presented to them. This suggests that visual estimation may be a more reliable
mode of interaction than visual validation in the context of regression analysis.

The findings directly address the research questions posed in this thesis. Regarding
RQ2.1 — Are individuals able to perform visual validation consistently and without bias for (lin-
ear) regression models? — the results reveal a nuanced picture. While participants demon-
strated consistency in their individual validation judgments, their decisions were also
systematically biased. This challenges the common assumption that visual validation is
a relatively straightforward task due to its binary accept-or-reject nature. In practice, the
results suggest the opposite: Visual validation is highly susceptible to perceptual distor-
tions (e.g., the “too steep” bias) and interference from specific data characteristics, such as
the presence of outliers. Participants often relied on visual cues — such as the number of
points above or below a line or the shape and symmetry of the core distribution — which
introduced systematic errors, especially as the visual complexity of the data increased.

Regarding RQ2.2 — How does performance in visual model validation relate to the accuracy
of visual model estimation (in scatterplots)? — the findings consistently show that partici-
pants were more accurate (i.e., closer to the statistical correct solution) when estimating
a trend themselves than when validating one that was shown to them. This difference
became more pronounced as the complexity of the model or data increased. In other
words, while estimation performance remained relatively stable across varying levels of
complexity, validation performance exhibited a decline.

One plausible explanation for these results, based on participants” feedback, is that
visual validation may involve an implicit estimation process: Individuals may mentally
estimate a trend first, and then judge the validity of the shown trend in relation to their
own internal model. If they allow for a margin of error in this process, they may end up
accepting lines they would not have drawn themselves. This hypothesis could be tested
in future research by asking participants to indicate a range or area in which they believe
the true trend lies, rather than estimating an exact trend line.

By systematically increasing the model complexity — starting with the average value
and advancing to linear trends that incorporate outliers — the work in this dissertation
establishes the foundation for research of visual model validation and creates significant
opportunities for future research.

Model type and complexity The studies in this dissertation explored the visual valida-
tion of linear regression models. In the future, more complex or nonlinear model types
such as polynomial, exponential, or logistic regression could be investigated. Extend-
ing the research to a broader range of model types — especially those used in machine
learning applications, such as clustering or classifications [84] — represents an important
direction for the further work. These models often exhibit nonlinearity and increased
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structural complexity, which pose distinct challenges for intuitive and accurate visual
interpretation.

The tasks examined in this work primarily focused on validating individual model
parameters, such as slope and intercept. A promising complementary direction involves
the visual validation of the model type itself — that is, helping users determine whether
the assumed model form appropriately reflects the structure of the data. Supporting
such judgments visually could be particularly valuable in exploratory modeling and di-
agnostic contexts, where misalignment between model and data may not be immediately
evident through numerical metrics alone.

Additionally, all experimental studies in this dissertation relied on synthetic data sets.
While synthetic data allows for precise control over noise, structure, and confounding
variables, it lacks the semantic richness and contextual relevance of real-world data. In
applied settings, factors such as domain knowledge, uncertainty, and decision-making
may significantly influence how users interpret and validate model outputs. Future re-
search should therefore incorporate real-world data sets to evaluate how these additional
cognitive and contextual factors affect visual validation processes.

Furthermore, a deeper investigation into the role of visual complexity could provide
valuable insight into users’ interpretive performance. A formal definition of visual com-
plexity [157] and its impact on human judgment could improve the understanding of
visual validation processes. Such insights may inform the development of more effec-
tive visual encoding strategies and support the construction of predictive models of user
error, thereby enhancing the robustness of model validation workflows.

Design guidelines for model visualizations This thesis evaluated standard regression
visualization designs and uncovered several perceptual heuristics and biases that in-
fluence how users validate models visually. While formal design guidelines were not
formulated, the empirical insights gained provide a strong foundation for developing
such principles. Future research should build on these findings to create visualization
techniques that intentionally leverage users’ perceptual strategies — either by mitigating
known biases or by designing in alignment with intuitive judgment patterns. These ap-
proaches could be applied both to the visualization of the underlying data, as explored
by Liu et al. [116] in the context of visual estimation, and to the visual communication of
model outputs.

As an initial step in this direction, a prototype concept for a novel model visualization
design was developed. The idea of this approach is to imagine the regression line as a
balancing scale, where the goal is to visually assess whether the positive and negative
residuals (i.e., the distances of points above and below the line) are in balance (see Fig-
ure 4.2). This method aims to make residual symmetry more intuitive and perceptual.
However, the concept is still in its early stages and raises several open design questions,
such as the parametrization of the encoding.

To further support user judgment, interactive interfaces could incorporate adaptive
feedback or confidence cues, enabling users to reflect on their own uncertainty and im-
prove validation accuracy [37,173]. Such elements could guide attention to regions of in-
terest, flag areas of low confidence, or suggest alternative interpretations based on model
uncertainty.

Trust in visual model validation Another important area for future research is the role
of trust in visual model validation. In the conducted studies in this dissertation, a dis-
crepancy between users’ perceived model fit and the actual statistical accuracy of the
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FIGURE 4.2: Illustration of the concept of an "error scales" design for visualizing OLS

regression results: The residuals summarized for a rolling window are depicted as

areas above and below the line. The total area corresponds to the sum of squared

errors. Therefore, a line is the best linear fit to the data, if no adjustment could reduce

the area. In this example, a reduction in the slope would decrease the area, suggesting

that the current line does not yet minimize the sum of squared errors. Thus, the shown
line is too steep.

model was observed. This gap suggests that users’ judgments may not only be shaped
by perceptual cues, but also by their level of trust in the visualization, the data, or the
model itself. Understanding how trust influences trend assessments is particularly crit-
ical in high-stakes domains — such as healthcare, finance, or policy — where decisions
based on visual interpretations can have significant consequences. Trust may lead users
to accept visually plausible but incorrect models, or conversely, to reject valid ones that
appear unfamiliar or counterintuitive. Future research should investigate the psycholog-
ical and contextual factors that shape trust in visualizations, as well as how trust interacts
with uncertainty, visual design, and user expertise. Such work could inform the devel-
opment of trust-aware visualization techniques.

Visual validation ability of AI With the growing integration of artificial intelligence
(AI) into data analysis workflows, it is becoming increasingly relevant to investigate the
visual validation capabilities of Al systems. Specifically, it would be valuable to examine
how well Al models can assess regression quality based on visual representations com-
pared to human performance. Such research could shed light on whether Al can replicate
or even surpass human abilities in tasks involving perceptual estimation and model val-
idation, as studied in this dissertation. A direct comparison between Al-driven visual
validation and human judgment, particularly using controlled image-based inputs sim-
ilar to those used the experiments of this dissertation, would offer deeper insights into
the role Al might play in supporting or automating aspects of visual analysis.

By addressing these areas, future work can contribute to a deeper understanding of
human-model interaction and help creating more intuitive, trustworthy, and effective
tools for visual data analysis.
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